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FOREWORD 


This volume of the Transactions is the fifteenth of these annual publications 
and is devoted exclusively to papers and discussions on iron and steel that were 
presented at the several meetings of the Iron and Steel Division held during the 
year ending with the 1942 annual meeting. The 27 papers in this book are of the 
usual high quality and cover a field that is exceptionally broad; they should contain 
data that are of interest to metallurgists and operating men throughout the country. 

Including Dr. Johnston^s Howe Memorial lecture, there are eight papers of 
interest to blast-furnace and open-hearth men, two of which deal with the physical 
chemistry of steelmaking. 

The eleven papers on constitution and thermal treatment contain the results of 
important research in practically every phase of physical metallurg3'j ranging from 
a new determination of A3 in high-purity iron, through decarburization, diffusion, 
nucleation and growth of pearlite, S-curves and lattice relationships in iron-carbon 
alloys, to a new and important method of calculating hardenability from chemical 
composition. 

Included among the eight papers on properties are a new approach to our 
xmderstanding of cohesive strength, a description of tensile testing by the two-load 
method, and a contribution to the art of creep testing. The other papers in this 
group contain the results of investigations on iron-rich iron-manganese alloys, 
iron-nickel-cobalt alloys, medium-carbon and low-alloy steels, and on heat-resistant 
alloys of the 26 per cent chromium, 12 per cent nickel type. 

The Division’s Open Hearth and Blast Furnace Committees held their 25th 
conference at Cincinnati in April, with an attendance of 642. The full transcript 
of the discussions and the technical papers presented at this joint conference — 
which was very successful and aroused much interest — ^is contained in the Open 
Hearth Proceedings published in July, and in the Blast Furnace Proceedings now 
on the press. 

Earle C. Smith, Chairman^ 
Iron and Steel Division. 

Cleveland, Ohio 
September 8, 1942 
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The Howe Memorial Lecture 


The Howe Memorial Lecture was authorized in April 1923, in memory of Henry Marion 
Howe, as an annual address to be delivered by invitation under the auspices of the Institute 
by an individual of recognized and outstanding attainment in the science and practice of 
iron and steel metallurgy or metallography, chosen by the Board of Directors upon recom- 
mendation of the Iron and Steel Division. 

So far, only American metallurgists have been invited to deliver the Howe lecture. 
It is believed that this lecture would gain in importance and significance were it possible to 
include metallurgists from other countries, but the Institute has not yet been able to do 
this on account of lack of special funds to support this lectureship. 

The titles of the lectures and the lecturers are as follows: 

1924 What is Steel? By Albert Sauveur. 

1925 Austenite and Austenitic Steels. By John A. Mathews. 

1926 Twenty-five Years of Metallography. By William Campbell. 

1927 Alloy Steels. By Bradley Stoughton. 

1928 Significance of the Simple Steel Analysis. By Henry D. Hibbard. 

1929 Studies of Hadfield’s Manganese Steel with the High-power Microscope. By John 

Howe HaU. 

1930 The Future of the American Iron and Steel Industry. By Zay Jeffries. 

1931 On the Art of Metallography. By Francis F. Lucas. 

1932 On the Rates of Reactions in Solid Steel. By Edgar C. Bain. 

1933 Steelmaking Processes. By George B. Waterhouse. 

1934 The Corrosion Problem with Respect to Iron and Steel. By Frank N. SpeUer. 

1935 Problenas of Steel Melting. By Earl C. Smith. 

1936 Correlation between Metallography and Mechanical Testing. By H. F. Moore. 

1937 Progress in Improvement of Cast Iron and Use of AUoys in Iron. By Paul D. Merica. 

1938 On the Allotropy of Stainless Steels. By Frederick Mark Becket. 

1939 Some Things We Don’t Know about the Creep of Metals. By H. W. Gillett, 

1940 Slag Control. By C. H. Herty, Jr. 

1941 Some Complexities of Impact Strength- By Alfred V. de Forest. 

1942 Time as a Factor in the Making and Treating of Steel. By John Johnston. 


IQ 




John Johnston 

Henry Marion Home Memorial Lecturer, 194a 



Time as a Factor in the Making and Treating of Steel 

By John Johnston,* Member A.I.M.E. 

(Henry Marion Ho-we Memorial Lecturet) 


When I was honored by being invited 
to give the Howe Memorial Lecture, I de- 
cided to read Howe’s book, ^‘The Metal- 
lography of Steel and Cast Iron,” published 
in 1916 — that is, about 25 years ago — ^in 
search of a text. I found the book written 
in fbae, clear, attractive, yet precise style, 
as I expected, knowing that his father — 
Dr. Samuel Gridley Howe, his mother — 
Julia Ward Howe, and aU of his four 
brothers and sisters had lived in a New 
England literary atmosphere and had 
written books. This leads me to suggest 
that many authors of metallurgical papers 
and books could weU study Howe’s writings 
with a view to the improvement of their 
own. I failed to find a specific text, but did 
find a subject, for in reading his book I was 
struck by the few instances in which time 
is considered explicitly as a factor in the 
phenomena examined, and by the fact 
that many of the hottest arguments would 
have been settled had time been taken 
properly into account. Indeed, Howe 
hardly mentions time except in a rather 
incidental way, as in a few references to 
lag; for instance: 

The lowering of temperature at which the 
transformation occ\irs by rapid cooling . . . 
is a phenomenon of undercooling or lag. It is 
in part explained by the fact that the trans- 
formation itself is a time-consuming reaction 
which, setting in during a rapid fall of tem- 
perature, is naturally protracted till the tem- 
perature has sunk far below that at which it is 
due. 

* Director of Research, U. S. Steel Corporation, 
Kearny, N. J. 

t Present^ at the New York Meeting, February 
1942. Nineteenth Annual Lecture. Manuscript 
received at the office of the Institute Dec. 26, 1941. 
Issued as T.P. 1478 in Metals Technology, June 
1942. 


He does discuss, quite fully, the iron- 
carbon equilibrium diagram, as known at 
that time, introducing it by stating: 

As he is a reasonable man who is not deterred 
from tising a hand truck for moving his trunk 
by the consideration that he has thus to move 
a trunk plus a truck, so am I reasonable in 
putting into your hands this useful, indeed 
indispensable, tool for mastering the ABC of 
iron metallurgy. 

Somewhat later, in introducing a discus- 
sion of the phase rule, which “it would be 
hardly proper to pass ... by without an 
attempt to outline its meaning,” for “a 
clear exposition of its applicability or 
jurisdiction is needed to restrain the half- 
initiated from misusing it and the uniniti- 
ated from being misled by these misuses,” 
he writes — and I quote his statement be- 
cause we cannot properly discuss the influ- 
ence of time on a process until w’e know 
the state of equilibrium which would 
ultimately be reached by the system under 
consideration: 

It is a most remarkable and valuable general- 
ization, its conceptions help greatly toward 
getting a broad outlook on metallography, 
but its misconception has brought out a flood 
of obscuring writings. It tells us about the 
constitution towards which alloys tend, that 
which they reach when equilibrium is com- 
plete, when all tendencies have corrected them- 
selves and have been complied with completely. 
Its application, in absence of true equilibrium, 
is like determining density with a telescope or 
even with a tuning fork; it is like the mad tea 
party at which the butter put into the works 
of the watch was the best butter. If the reader 
learns no more than to beware of attempts to 
decipher the conditions of inequilibrium by a 
law which touches only the conditions of exact 
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equilibrium, if he rejects summarily all at- 
tempts to deduce the constitution of hardened 
steel by the application, of the phase rule unless 
they show a complete mastery of the subject, 
he will have learned something of value. To 
which the busy reader may reply aptly that if 
that is all he may as well stop at this point in 
the discussion, and if he does I do not see that 
I can make any effective rejoinder, inclining to 
submit that if I were in his place I too might. 

But I must resist the temptation to quote 
further, and proceed to point out that 
Howe, while recognizing clearly the neces- 
sity for learning just what the equilibrium 
state would be, was somewhat puzzled by 
the many cases in w’hich equilibrium was 
not even approached. This, coupled with 
the circumstance that one still sees, not 
infrequently, cases of inequilibrium handled 
as if true equilibrium had been reached, 
led me to choose, as the subject of this lec- 
ture, the influence of time on some of the 
long sequence of processes and operations 
from raw materials to finished steel product. 
That is, I propose to speak of the rate of a 
number of these processes, preferring, 
however, for the sake of clarity, to discuss 
them in terms of time as a parameter, 
since it is directly measured, rather than 
in terms of a rate, which is a derived 
quantity. On this general subject much 
has been learned in the 25 years since 
Howe's book was published; we cannot yet 
‘‘explain” rates, nor predict them, even 
in the simplest case; but we can measure 
and describe them and use this knowledge 
to control our operations and our products 
far more closely than was practicable on a 
large scale in Howe's time. 

I propose therefore to bring together, 
from the metallurgy of steel, a number of 
diverse instances, none of them entirely 
new, which have been clarified during the 
last decade, as a means of emphasizing 
the importance of knowing the time-rate 
of our processes, and of using this knowl- 
edge properly; for we need it both to map 
out the conditions of real equilibrium and 
to interpret our practical observations in 


terms of the equilibrium state which would, 
in time, be reached. We shall consider time, 
not in the historians' sense, but in the 
sense commonly used by the physical 
scientist because of his necessary interest 
in the rate at w^hich something happens or 
can be made to happen; and we shall find 
instances of processes that can, in principle 
at least, be speeded up, and of others that 
are inherently slower than has been gen- 
erally supposed. Indeed, time is a factor 
that influences the degree of success, com- 
mercially as well as technically, attained 
by the steelmaker in keeping his products 
up to the standards now demanded by 
the consumer; for this implies that he 
carry on each step in his production 
as fast as it can be made to go without 
impairing the useful quality of the prod- 
uct, and proper recognition of this is 
particularly important under present 
circumstances. 

The Blast Furnace 

The blast furnace, when well run, is 
a highly efficient unit for its purpose, 
with a high rate of throughput per unit 
of volume. Which reaction is slowest, 
and thereby limits the rate of the whole 
process, is not quite clear; but everything 
points to the latest of the series of reac- 
tions, down near, or in, the hearth, and 
particularly to the reduction of residual 
iron oxide by solid carbon which occurs 
thereabouts, a reaction which can go on only 
as fast as its large requirement of heat is 
supplied to the reaction zone. In this con- 
nection it may be remarked that the coke 
consumption in the blast-furnace process 
for iron, when carried out well, is deter- 
mined primarily by the amount of energy 
needed for chemical reduction of the final 
iron oxide and not by the total heat require- 
ment of the reactions. 

If we attempt to reduce ore completely 
at a temperature so low that no melting 
of metal or of gangue occurs, we find that 
the over-all rate becomes less and less as 



JOHN JOHNSTON 


15 


reaction proceeds from the surface toward 
the center of each particle of ore. The rea- 
son for this is plain; namely, that the 
reducing gas must go in, and the gaseous 
product must come out, through a pro- 
gressively thicker skin of reduced metal, 
which sinters, and so becomes less pervious, 
at a relatively low temperature. This 
limitation of over-all rate becomes worse 
and worse as we aim to bring the residual 
unreduced oxide down to zero, so that this 
is a case of rapidly diminishing return from 
equipment of given size as we approach 
the substantially complete degree of reduc- 
tion necessary. This inescapable condition 
— ^unless someone should find a way of 
using very finely ground ore at a competi- 
tive cost — precludes, in my opinion, the 
possibility of any low-temperature reduc- 
tion process as a real competitor of the 
blast furnace for the production of iron to 
be made into steel. 

Conversion oe Iron to Steel 

In the conversion of blast-furnace iron 
into steel, there are two main processes, 
the Bessemer and the open-hearth. Both 
accomplish the same purpose — the removal 
by oxidation of silicon, carbon and other 
oxidizable elements, some of which indeed 
we would at times prefer to see retained by 
the steel; yet the Bessemer process is sub- 
stantially completed in a few minutes, 
whereas the open-hearth process requires 
as many hours. In the former, there is 
thorough mixing and intimate contact of 
the reagent (air) with the metal; in the lat- 
ter, the oxygen has to get into the slag and 
thence to and through the metal. Thus the 
Bessemer is in principle a better process 
than the open-hearth and, wrhen properly 
controlled, undoubtedly 3delds a product 
equal in usefulness for a great number of 
products — ^for some purposes, even superior. 

That Bessemer steel has been regarded 
as inferior to open-hearth steel is largely, 
or entirely, due to the circumstance that 
Bessemer steel has been less uniform from 


batch to batch; this lack of uniformity has 
been mainly due to an overemphasis on 
finishing each batch in the shortest possible 
time, with the consequent impracticabilitj* 
of stopping each blow at precisely the proper 
end point. To obtain a reproducible indica- 
tion of an end point is, however, not the 
whole stor>"; for, as is well known, the 
f dative rate of oxidation of the several ele- 
ments changes with the temperature of the 
metal and, therefore, the final composition 
of the metal lea\’ing the converter depends 
upon the temperature of the metal through- 
out the process as well as upon the end 
point chosen. Within the last few years 
these questions have received more atten- 
tion than during the preceding half cen- 
tury", with the result that instruments and 
methods are being developed to enable the 
Bessemer operator to furnish a more uni- 
form product. The number of tons of ingots 
he produces each hour may be smaller, 
but the number of tons of acceptable prod- 
uct may be expected to increase, with a 
consequent increase in the proportion of 
Bessemer to open-hearth steel. 

In the open-hearth process, on the con- 
trar>’, the time a heat of steel remains in 
the furnace has tended to be longer, per- 
haps considerably longer, than the absolute 
minimum, which under the very best oper- 
ating conditions would be required. To dis- 
cuss this question thoroughly would require 
a series of lectures and lecturers; I shall 
limit myself to directing attention to a few 
specific points. First, the over-all speed of 
the oxidation reaction is limited, not by 
the rate of reaction itself, which is clearly 
very great, but by the rate at which 
the reacting molecules get to each other 
— that is, by the rate of effective trans- 
fer of oxygen across the slag-metal inter- 
face, which in turn may at times be linaited 
by the rate at which oxygen from the fur- 
nace atmosphere passes into and through 
the slag to that interface. The over-all 
rate therefore wiE be increased by any 
means that enlarges the interface per unit 
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of steel; therefore by anything that causes 
convection or stirring, or by any procedure 
that brings slag and metal into more inti- 
mate contact. If, on the other hand, we try 
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TEMPERATURE *0 

Fig. I. — Thermal expansion of different 

ZONES IN A USED SILICA BRICK. 


to quicken the process by adding ore un- 
duly fast toward the end of a heat, we shall 


apparent end point, tend to come to a 
different real end point; hence the product 
will differ to that extent. Second, the total 
furnace time for a heat can be lessened 
insofar as it is feasible to increase the rate 
of supply of high-temperature heat until 
the steel bath is receiving all the heat it can 
take. This implies, among other things, an 
efficient, tight regenerative system; a slag 
that is not a blanket, but a transmitter of 
heat; and the maintenance of the furnace 
temperature as high as its roof and bottom 
will withstand, without undue time out for 
repairs. One of these limits is set by the 
refractories we can afford to use; even if 
price is left out of account, there are very 
few substances that will withstand the 
iron oxide fume together with the high 
temperature, which passes rapidly through 
a considerable range in the course of each 
heat. An example of what exposure in an 
open-hearth roof does to a silica brick is 
illustrated in Fig. i, which shows the 
zones formed in the brick by permeation 
with iron oxide from the inner hotter sur- 
face, and curves representing the thermal 
expansion of these several zones, each 
curve being characteristic of the dominant 
form of the substance silica present in each 
zone. In saving time in the furnace we must 



Fig. 2. — Temperature-time cur\te of liquid steel in the open-hearth furnace. 


have a system which, because it is farther do it in the early stages of the heat and not 
away from equilibrium, will, for the same during the last hour or so ; for the end condi- 
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tion, both as to composition and temper- 
ature of the steel, must obviously be 
approached slowly if the degree of uni- 
formity from one heat to another now 
required in so many steel products is to 
be attained. In other words, the temper- 
ature-time curve of the liquid steel should 
be as shown in Fig. 2, which represents 
actual measurements, by Sordahl, with the 
recording bath pyrometer. 

The Ingot 

Passing over the operations of transfer 
of the liquid steel from furnace to ladle to 
molds — ^in both of which the time factor 
must not be left out of account — w'e come 
to the ingot. The ingot when poured must 
obviously be left in the mold until the solid 
skin has growm strong enough to permit the 
mold to be removed with safety. The strip- 
ped ingot in due course is moved to, and 
placed in, the soaking pit; but during this 
“time out” its outside should not cool too 
rapidly, for rapid local cooling is likely to 
initiate cracks which later will appear as 
surface defects. In any case the time out 
should be as short as practicable, in order 
to conserve heat. In certain steels, espe- 
cially some of those containing added sul- 
phur, it has been observed that the longer 
the interval betw^een removal of the mold 
and the charging of the ingot into the soak- 
ing pit, the more numerous are the surface 
defects in the billet rolled from the ingot, 
which is an additional reason for operating 
so that this “ time out ” may be as short as 
possible. This increase in surface defects is 
due presumably to the combined effect of 
atmospheric oxygen and the sulphur in 
the steel, together producing a mixture of 
iron oxide and iron sulphide, which, being 
present in larger quantity the longer the 
exposure, and freezing at a lower tem- 
perature than iron sulphide alone, eats 
farther into the surface layers of the ingot. 
This suggested mechanism cannot, how- 
ever, be regarded as established yet; the 
real mechanism may be more complex. 


As to the desirable limits to the period of 
soaking an ingot, there seem to be few' 
direct measurements of the temperature 
at the center of an ingot available, and 



Fig. 3 . — Temperature difference be- 
tween SURFACE AND .AXIS OF 20 BY 20 -INCH 
INGOT IN RELATION TO PEREOD OF IMMERSION 
IN BATH MAINTAINED AT A TEMPERATURE 500° 
LESS THAN INITLAL TEMPERATURE OF INGOT. 

hence little information beyond that fur- 
nished by general experience. There is no 
doubt that, whether owing to some short- 
age of soaking-pit capacity relative to the 
capacity of the rolling mill, or to other 
reasons, the soaking period has at times 
been too short to ensure proper equaliza- 
tion of temperature through the ingot, or, 
at least, to yield the best product on rolling; 
further, that steel frequently has been 
damaged by overheating of the ingot sur- 
face in an attempt to get away wdth a short 
soaking period. In other words, steel has 
been supposed to be a better absorber and 
conductor of heat than it is in fact. Such 
data as are yet available do not enable us 
to state positively in how far the minimum 
time needed to soak an ingot of given size 
is determined by the rate of heat transfer 
to the steel, or by the conductivity through 
(heat diffusivity of) the steel, or by both 
jointly. If heat flow by conduction is the 
limiting factor, then Fig. 3 shows, for a 
20 by 20-in. ingot, how the temperature 
difference between its axis and surface would 
decrease with time after it is plunged into 
a bath w'hose temperature differs from that 
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of the ingot surface by 500°, on the basis 
that there is zero resistance to transfer of 
heat between bath and steel and that the 
mean heat diffusi\ity of the steel within 


Heating of Steel Products 

Indeed, the proper heating of steel in its 
various forms from ingot to finished prod- 



TIME IN MINUTES 

Fig. 4. — ^Temperature at center of six-inch slab while it is being heated for rolling. 


the temperature range considered is i.o sq. 
in. per minute. If the conductivity is in fact 
the limiting factor, the time required to 
bring about a given temperature distribu- 
tion is proportional to the square of the 
diameter (or thickness) of the ingot; in 
other words, an ingot 20 in. thick wiU, 
other things being equal, require almost 
twice as much time as a 15-in. ingot to 
lessen the temperature difference between 
surface and center to the same amount. 
This suggests that it is unsafe to estimate 
the internal temperature of a piece of steel 
merely from a measurement of its surface 
temperature, particularly if the surface 
temperature has been changing rapidly; 
further, that there is a maximum prac- 
ticable rate of heat input if substantially 
uniform temperature throughout the piece 
of steel is desired. 


uct is a very important matter, which 
deserves further investigation now that 
heating furnaces under fine control and 
suitable pyrometric methods are both 
available. Fig. 4 shows some preliminary 
results of measurement of the temperature 
at the geometrical center of a slab 6 in. 
thick as it passed through a modern slab- 
heating furnace; one curve refers to a high, 
the other to a relatively low, rate of fuel 
input. For the less rapid heating, the rate 
of temperature rise, as the furnace was 
then operated, was much less through the 
lower part of the range than later (13® as 
compared to 25° per minute); these results 
indicate that furnace time could in princi- 
ple be saved by increasing the initial rate 
of heat supply, but that the total time in 
the furnace cannot in this particular case 
safely be less than about ij^ hours. 


JOHN JOHNSTON 


19 


A somewhat different example is pre- 
sented in Fig. 5, which illustrates the rate 
of change of the temperature difference 
between the geometrical center of a pile 



0 20 40 60 


TIME IN HOURS 

Fig. 5. — Temperature ne.ar corner and xt 

CENTER OF PILE OF SHEETS DURING ANNEALING. 

40 by go by 40 in. of sheets and a location 
just inside a comer of the pile, the tempera- 
ture of the annealing oven being substan- 
tially constant over the period; the heat 
was supplied mainly to the sides of the pile. 
After 20 hr. — by which time the outside 
sheet is substantially up to the final 
temperature — the difference is still about 
3oo°F., and even after 40 hr. is as much as 
5 o°F. In this case again it is obvious that 
little time can be saved by raising imduly 
the temperature of the outside sheets of 
the pile, and any such saving might well 
be more than offset by a loss of quality, 
particularly if the desired annealing tem- 
perature should be close to the transforma- 
tion temperature of the steel. Incidentally, 
it may be remarked that the evidence 
favors the view that the heat is mainly 
transferred horizontally along each sheet 
rather than vertically from one sheet to 
the next; in other words, the resistance to 
heat transfer at the surface is far greater 
than the heat resistance (i.e., the reciprocal 
of the conductance) of the steel itself, a 


point that is not always borne in mind 
by the designers and makers of heating 
equipment, from boilers to kettles and 
pans. In any case, the measurement and 
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Fig. 6. — Co.\rsening of austenite grains 

WITH TIME IN SECONDS AT THREE TEMPERATURE 
LE\'ELS. 

control of temperature of metal during 
annealing is very much improved over 
what it was in Howe’s time, as a com- 
parison of operating data in 1916 and 1941 
shows conclusively. 

Isothermal Transformation 
We have just outlined the practical 
limitation on rate of heating steel imposed 
by its mass and by the heat transfer 
across its surface; let us now take up some 
cases where time influences the result, no 
matter how small the piece of steel may be. 
The first is the growth of austenite grains. 
If small samples of a series of steels are 
held for a fixed period — say, half an hour — 
at a progressively higher temperature level, 
some will coarsen at a lower temperature 
than others, but if held long enough at a 
single temperature all vnU coarsen (Fig. 6), 
though at rates that may differ greatly. 
With increase of temperature, the rate 
for any given steel increases rapidly, and 
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the rates for the several steels become 
more nearly alike. This difference in 
response seems to be correlated ^ith the 
presence of veiy^ fine solid particles of a 


A second, and related, case is the time 
required for transformation of austenite, 
and how it depends upon the composition 
and grain size of the austenite and upon 



TIME AT constant temperature !N SECONDS 

Fig. 7. — Time of transformation (/) of austenite at various temperature levels, plotted 

IN TERMS OF LOG A/(l — A) AGAINST LOG t. 


high-melting compound, such as alumina, 
dispersed through the steel; but how far it 
depends upon the fineness, number or 
distribution of these particles, or upon some 
additional factor, remains to be estab- 
lished, present indications being that the 
very finest particles, beyond the range of 
the optical microscope, exert the dominant 
influence upon the rate of grain growth. 


Table i. — Influence of Austenite Grain 
Size upo?i Time Required for 
Isothermal Transformation 


Temperature 
Level, 
Deg. P. 

Time for so Per Cent : 
Transformation of i 

i 

Ratio 

h/h 

1 

Coarse j 
Grain, ' 
/i, Secs. 1 

Fine 
Grain, 
ti, Secs. 

1300 

1 

1,800 

260 

6.9 

Z200 

500 

150 

3.3 

ZIOO 

2,500 

900 

2.8 

1000 

1,200 

750 

1.6 

900 i 

30 

30 

I 

800 j 

35 

35 

I 

700 

40 

40 

I 

6ao 

25 

25 

I 


the temperature. In recent years this topic 
has been so much discussed that I need do 
no more than mention it and show Table i, 
illustrating the influence of austenite grain 
size upon the time required for isothermal 
transformation of a single steel at various 
temperature levels. May I emphasize, 
however, that this type of information — 
which brings out clearly the effect of 
allo3dng elements, alone or in combination 
— combined with systematic investigations 
of the hardenability of steel, as made by a 
number of procedures, has set the whole 
subject of heat-treatment and hardenabil- 
ity on a sure, scientific basis, and has 
largely ended the kind of discussion which, 
to quote Howe again, “retained the hotness 
of the art itself, and a ferocity worthy of 
Mars, the patron of the metal.’^ 

Before leaving this topic of rate of 
isothermal transformation, there is one 
point to which I would advert; namely, 
that when we plot the proportion of aus- 
tenite transformed (A) against time (t) at 
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a constant temperature, the curv’e closel}' mal transformation cur\’e; their theo- 
resembles the logistic or autocatalytic retical implication, unless they are merely 
curve which represents the progress of an a description of the probability of some 
autocatalytic reaction or the growth of a happening, remains to be learned, though 



Fig. 8. — Contour m.\p of measured residual stresses, in pounds per square inch, in head 

OF R\IL WHICH HAD BEEN (a) NORMALIZED, ( b ) COOLED SLOWLY, (f) COOLED ON HOT BED. 

Tensile stress, +; compressive stress, — . 


population. Following this indication, if we 
plot the data in terms of log (i — .4) 
against t or log t, the graph so plotted is a 
straight line (Fig. 7 ); moreover, within a 
certain range of temperature, these lines for 
the several temperature levels are substan- 
tially parallel. These facts can be used to 
lessen greatly the number of observations 
required to set up a complete isother- 


theories based on a mechanism of forma- 
tion, and subsequent growth, of nuclei lead 
to a ver>^ similar description of the phe- 
nomenon in mathematical terms. Indeed, 
mathematics was developed largely as a 
means of enabling us to express, and reason 
about, the influence of time upon phenom- 
ena. As Willard Gibbs said, “mathematics 
is a language”; it is a succinct language 




21 


T TMV. AS A FACTOR IN THE MAKING AND TREATING OF STEEL 


— the language for the description of com- 
plex phenomena that can be measured 
— and for this purpose is as far ahead 
of ordinary language as our numerals 
are to roman numerals for anything beyond 
simple addition and subtraction. Yet a 
mathematical formula is merely a con- 
venient description, but in no wise an 
explanation, of the phenomenon measured. 

Transformation on Cooling 

It should now be clear that, in any heat- 
treatment, since the lag of structural 
change of steel falling in temperature is 
much greater than for a rising tempera- 
ture, the most significant time period is 
that allotted to cooling through a certain 
range of temperature. Nevertheless, it is 
necessary to hold the steel at the austenitiz- 
ing temperature long enough to ensure 
that all the carbides are dissolved (unless 
this is not required) and that the carbon so 
dissolved is distributed uniformly by 
diffusion through the austenite. With this 
achieved, the important rate of cooling is 
prior to the onset of the transformation; 
namely, that which, by determining the 
transformation level at which the change 
begins, determines the metallographic 
structure; for when once the transforma- 
tion is complete the structure is not 
noticeably affected by the rate of further 
cooling unless the time at relatively high 
temperature should be so long that 
spheroidization of the carbides proceeds 
to an appreciable extent. When we are 
dealing with large pieces of steel, however, 
this later cooling rate exerts a significant 
influence upon the magnitude and distribu- 
tion of the residual stresses as well as upon 
the prevalence of the so-called flakes or 
shatter cracks. For instance, Fig. 8 shows, 
for comparison, a contour map of the 
residual stresses in the head of a rail after 
it had been: (a) normalized and slowly 
cooled, {h) cooled very slowly, {c) cooled 
on the regular hot bed. The outcome of such 
observations is that rails are now being 


cooled from the rolling temperature under 
rigid control of time and temperature; and 
the indications are that such rails, which 
have been put into service within the last 
few years, are much safer than those made 
formerly. A similar control of cooling time 
of wheels and of other products, inter- 
mediate as well as finished, and of welds, is 
now common practice as a means of ensur- 
ing freedom from harmful residual stress. 

Diffusion of Hydrogen 

The available evidence indicates that 
shatter cracks are somehow related to the 
presence of hydrogen in the steel, though 
it seems as though hydrogen alone were 
not a sufficient cause. However this may 
be, they can be lessened, or eliminated, by 
a slow cooling, which gives the hydrogen 
time to diffuse out and away (and at the 
same time lessens the residual stresses). 
Indeed, it has been shown that the well- 
known increased resistance to impact of 
rails, as indicated by the drop test, during 
the first few days after they are made, 
goes hand in hand with a gradual loss of 
hydrogen, which is more rapid in summer 
than in winter. Thus we are led to a brief 
consideration of the process of diffusion, as 
of hydrogen or carbon, in solid steel, and 
how this is related to other phenomena, 
such as the effect of time upon the extent of 
carburization or decarburization of steel, 
under given conditions. 

Hydrogen, whether reaching the steel 
surface as gaseous molecules or as ions 
formed in a liquid, diffuses fairly rapidly 
through steel, the actual rate depending 
both upon the effective pressure of the 
hydrogen at the surface of the steel and 
upon the temperature. For instance, at 
iooo°F. the diffusion constant is 1.9 X 10““* 
sq. cm. per sec.; which means that at this 
temperature a steel plate i in. thick, ex- 
posed on both sides to hydrogen main- 
tained at a given constant pressure, would 
be SO per cent saturated (with respect to 
that pressure) in about K 95 per cent 
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saturated in 234 hr, and 99 per cent 
saturated in about 4 hr. The last period is 
obviously the minimum time of contact if 
we propose to measure the real solubility of 
hydrogen in steel of that thickness at that 
temperature; for any other thickness the 
corresponding time required is proportional 
to the square of the thickness. Incidentally, 
it may be remarked that at this temper- 
ature this solubility, expressed in terms of 
volumes of hydrogen, measured at normal 
temperature and pressure, per volume 
iron, is 0.064^^^, where p is the hydrogen 
pressure expressed in atmospheres. 

Carburization and Decarburization 

The diffusion constant of carbon in aus- 
tenite, though much less than that of 
hydrogen, is greater than that of any other 
alloying element yet measured; its change 
with temperature is shown in Fig. 9. 
Clearly, the time required for carburiza- 
tion or decarburization is set by the rate of 
carbon diffusion. The relation between the 
elapsed time of contact with a carburizing 
atmosphere of constant carbon activity 
and the total amount of carbon that has 
then entered a >2-in- cylinder, initially 


plied usually by scale) — the case is some- 
what more complex, because oxj^gen is 
diffusing inward, though more slowly, as 
carbon is diffusing toward the surface. 



TOO* ICXX)* HOO* 1200’ K. 
TEMPERATURE 

Fig. 9. — Diffusion const.\nt of carbon in 

STEELS IN RELATION TO TEMPERATURE. 

In this case again it is probable that the 
discontinuity observed under the micro- 
scope, and used as a conventional measure 
of the depth of decarburization, does not 
imply a total absence of carbon at that 
level. I suspect, moreover, that some of 
the troubles ascribed to a loss in carbon 
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Fig. 10. — Progressive mean s.^turation by carbon of half-inch iron cylinder 


AT i8oo°F. 


pure iron, is illustrated in Fig. 10; this 
carbon is distributed so that there is a 
continuously diminishing percentage of car- 
bon going inward from the surface, even 
though under the microscope there may 
appear to be a line of demarcation. 

In the usual case of decarburization — 
that is, when the carbon is eliminated from 
the surface by reaction with oxygen (sup- 


near the surface of the steel may at times 
be due in part to a gain in oxygen, possibly 
accompanied by the precipitation of some 
oxide particles. 

By following the gradual loss of carbon 
from a piece of steel, maintained at con- 
stant temperature in an atmosphere which, 
without otherwise affecting the steel, re- 
moves the carbon as fast as it diffuses to 
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the steel surface, we can calculate the rate 
of its diffusion, and the result agrees with 
data obtained by the usual quite different 
method. Such an atmosphere is hydrogen 


pearlite. Fig. ii illustrates the change 
of hardness of a martensite with time at a 
series of temperature levels; and this 
general picture suggests — though of course 



Fig. II. — Influence of time and temperature upon tempering of martensite, on basis 

OF measurements of hardness. 


carrying a proportion of water vapor — e.g., 
2 per cent at a temperature of 9oo°C. or 
above — which is large enough to oxidize 
carbon completely but does not oxidize 
iron. Pure hydrogen does not remove car- 
bon rapidly at temperatures at which car- 
bon diffusion is appreciable; the belief 
that hydrogen (or an ordinary reducing 
gas) is responsible for decarburization 
arose because the hydrogen used in the 
experimental work was not in fact free 
from oxygen compounds, particularly from 
water, a very small proportion of which 
quickens enormously the removal of car- 
bon from the steel surface. 

The rate of carbon diffusion is somehow 
related to a number of other phenomena of 
practical significance to the steel metallur- 
gist; for instance, to the tempering of 
martensite and the spheroidization of 


change of hardness is only an indirect 
mcELsure of the progress of the structural 
change called tempering — that the rate of 
diffusion of carbon is the limiting factor 
in the over-all rate of this process. The 
same doubtless holds for spheroidization, 
for the progress of which there is again no 
direct quantitative measure. It would seem, 
moreover, that the rate of diffusion of car- 
bon must play some role in setting the 
spacing of the lamellae in pearlite, the 
distance between lamellae being smaller 
the lower the temperature level at which 
the pearhte formed from austenite. 

Stabilization or Structure 

Allo3dng elements other than carbon 
diffuse very much less rapidly, wherefore a 
long sojourn at high temperature is re- 
quired to homogenize a steel thoroughly; 
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that is, to eliminate banded structure and brought to a stable state by appropriate 
similar inhomogeneities. Thus, a certain previous treatment. Direct experiment 
steel was not sensibly homogeneous until showed, for example, that the structure 
it had been held at 225o°F. for a period of produced in 5 hr. at i3oo°F. is indistin- 



FiG. 12. — CbL\NGE of structure of a CARBOX-MOLYBDENTM steel .\FTER 3000 HOURS AT iioo°r. 

X 1000. 


48 hr., this being done in an evacuated 
container to eliminate the disturbing 
effects of scaling; and it hardly needs 
remark that unless homogeneous samples 
are used one is hardly justified in consider- 
ing the properties observed to be truly 
characteristic of steel of that composition. 
A specific case comes up in the measure- 
ment of creep, which is itself a very slow 
rate of 3delding under stress at elevated 
temperature. To be significant, these 
measurements should extend over a period 
of 2000 hr. or more, for the structure 
changes over the first 500 hr. or so at tem- 
I>erature, as shown in Fig. 12, unless the 
steel is in a state that is substantially 
stable at the temperature in question, or if 
not (as frequently happens), has been 


guishable from that produced in 5000 hr. 
at iooo°F. Again it may be pointed out 
that data on creep — or more generally on 
rate of strain at elevated temperature — 
are of little practical significance unless 
they refer to a structure that does not 
change appreciably with time at the tem- 
peratures at which it will be in ser\dce. 

A somewhat different, though not unre- 
lated, phenomenon is that of the so-called 
aging of steel. One example is illustrated 
in Fig. 13, which depicts change of hardness 
with time at the aging temperature. Aging 
is attributed to a precipitation in the steel 
of something — a carbide, oxide, nitride or 
whatever— though the major changes in 
mechanical properties appear before any 
visible precipitation has occurred; in any 
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case, the final appearance of a precipitate 
is proof that the steel had at some time 
during cooling become supersaturated with 
respect to something, and that this super- 


carbon as a carbide suggests that the true 
solubility of carbon in ferrite at atmos- 
pheric temperatures is smaller than it is 
usually supposed to be. Howe stated it as 



LINEAR. 



TIME INTERVAL AT AGING TEMPERATURE 
LOGAR/THM/C 

Fig. 13. — ^Typical aging curves; change oe hardness of a steel with time at temperature. 


saturation was relieved by the sojourn at 
temperature or by the deformation brought 
about by cold-work in the so-called strain 
aging. This phenomenon proceeds faster, 
other things being equal, as the temper- 
ature is raised to the so-called blue-brittle 
range, when it is almost instantaneous; 
this complete precipitation is followed by a 
slow coagulation of the precipitated ma- 
terial, this process — ^the so-called over- 
aging — ^again being very much more rapid 
the higher the temperature, as illustrated 
in Fig. 13. 

The fact that one kind of aging in a plain 
carbon steel is due to the precipitation of 


0.06 per cent, whereas the present accepted 
value seems to be o.oi per cent or less, and 
I would not be surprised if it is in fact less 
than this; for any determination of this 
quantity would tend to yield a high result 
because of the likelihood of some residual 
degree of supersaturation, which would 
lead to an overestimate of the carbon 
actually dissolved in the ferrite matrix. 
On the other hand, it has been shown 
recently that carbon entering austenite by 
diffusion may, at the eutectic temperature 
(ii35°C., 2075‘^F.), build up to a concen- 
tration of 1.98 per cent, which is appre- 
ciably higher than the limiting value 
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heretofore accepted (1.7 per cent); but 
whether, under these conditions, the solid 
phase in contact with the steel and in 
equilibrium with the austenite is graphite 
or a somew^hat less stable form of carbon,” 
remains to be established. 

In view of this, and in general because 
many of the reactions in solid steel pro- 
ceed only slowly, it is probable that our 
so-called equilibrium diagrams include 
many errors; for they have been based 
upon experiments lasting minutes or hours, 
whereas the attainment of real equilibrium 
may require days or even weeks, as, for 
instance, in the iron-manganese system. 
It is always a matter of difficulty to dis- 
tinguish between real equilibrium and a 
condition that apparently has ceased to 
change merely because the rate of reaction 
is very small; when this is so the change is 
inappreciable until after a quite long 
interval, or after some special treatment, 
such as cold-working in the 18 per cent 
chromium, 8 per cent nickel stainless steel. 
It is to be expected that some of the 
anomalies in our present diagrams will 
disappear when, and only when, sufficient 
time is allowed to j)ermit the attainment of 
true equilibrium between the several 
phases, establishing this as a fact by the 
only valid criterion; namely, that the same 
state is reached when approached from 
either side. 

Surface Phenoi^ena 

Now a few words relating to the surface 
of steel, and what may happen to it. Care- 
ful experimental work has demonstrated 
that a plane steel surface, as of cold-rolled 
steel, will at a definite temperature absorb 
a perfectly definite quantity of a given 
gas, provided that all material previously 
attached to the metal surface has been 
eliminated by a series of alternate exposures 
to high vacuum and to the gas to be ab- 
sorbed. The number of such cycles may 
be as many as 20, and occupy a period of a 
week or more; this repeated observation 


illustrates the difficulty of remo\iag the 
last trace of anything that pre\dously had 
been in intimate contact with the steel 
surface. A steel surface treated in this way 
repeatedly with pure hydrogen is so clean 
that it is wetted by mercury, whereas an 
instant’s exposure to air prevents this 
wetting. It would lead too far to go into 
this large question of absorption at a 
surface; I have mentioned it merely to 
emphasize the fact that two pieces of steel, 
which to all ordinao" tests are identical, 
may differ at their surfaces because of some 
difference in prior treatment, and to that 
extent show a different initial rate of 
reaction with an external agent. To such 
difference m surface film may perhaps be 
attributed differences in rate of pickling, or 
generally in reactivity as indicated by the 
use of terms such as incubation period” 
or “threshold value”; and they may be 
the basis for the belief that the nature 
of the first film formed seems sometimes to 
determine the subsequent course of the 
corrosive reaction. 

Such a surface may (or may not) 
catalyze a reaction between gases in con- 
tact with it. If it does, the composition of 
the gas atmosphere as a whole will differ 
from that which is affecting the steel; and 
conclusions as to what would be a neutral 
atmosphere would not be completely valid. 
Perhaps this, which is in essence another 
case of failure to distinguish between a 
state of equilibrium and a condition of 
reaction, is responsible for some of the 
diverse statements and opinions with 
respect to the proper composition limits 
for a “controlled” atmosphere which shall 
be neutral to steel at temperature. I have 
already adverted to carburization and to 
decarburization, the progress of either of 
which depends upon the rate of carbon 
diffusion and upon the concentration of 
carbon maintained at the surface. Perhaps 
the most effective remover of carbon is an 
oxide scale, which reacts directly with the 
carbon as it reaches the surface; the depth 
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of decarburization of the rolled billet may 
therefore be dependent on whether the 
ingot, while it is being heated for rolling, 
loses thickness by scaling faster than is 
compensated by the diffusion outward of 
carbon to the moving scale-metal interface. 
All of these rates increase markedly with 
temperature, but the rate of increase may 
differ considerably from one to another; 
thus further knowledge may enable us to 
select a time-temperature schedule which 
will strike a better balance between the 
several competing rates encountered in 
bringing steel to temperature for rolling 
or other fabrication process. 

No general lecture dealing with steel 
and time would be regarded as complete 
without some reference to corrosion, a 
large subject, which has caused much 
degradation of energy and vexation of 
spirit. I shall refer to it only by remarking 
that the term '^corrosion” covers a multi- 
tude of different reactions, the course and 
progress of w’hich depend not only upon the 
metal but also upon its environment; and 
that many are still hoping that some 
magician will produce out of his hat a test 
which will tell us now what some environ- 
ment (seldom specifiable in precise detail) 
will do to the metal over a period of years — 
in other words, they are seeking by some 
so-called accelerated test to compress time, 
and I still doubt whether this can be done. 
Nevertheless, it can be said that this whole 
matter of corrosion is on a far better basis 
than it was, for recent years have brought 
advances in reliable knowdedge of this large 
group of phenomena which have greatly 
clarified them, even though much remains 
to be done. 

Conclusion 

Enough examples have been adduced to 
emphasize the need for taking into accoimt 
the time required for the proper operation 
of various processes in steel metallurgy. 
Since the publication of Howe's book, our 
knowledge of both equilibrium and the 


rate of approach to the state of equilibrium 
has become wider and more precise, and 
correspondingly more useful in practice. 
In recent years many papers dealing, 
directly or indirectly, with questions in- 
volving time as a factor have been pub- 
lished — a larger number perhaps than on 
any other topic; many points that were 
obscure have been cleared up, but many 
others remain to be settled by experimental 
investigation, for the answer cannot be 
foretold. There is opportunity to set up 
more satisfactory correlations between 
some of these apparently different phe- 
nomena than have yet been reached; any 
such correlation would be empirical — 
since there is no satisfactory detailed 
theory of reaction rate, even in gaseous 
systems, and far less in liquids and solids — 
but none the less useful. These remarks 
may not, to use a phrase of Howe’s, con- 
vey a very clear idea to an unwilling mind ” ; 
yet the number of minds willing and 
equipped by training to think these things 
through has been increasing rapidly since 
his time. 

In conclusion I cannot do better than 
again quote, this time from his preface. 

As befits such an attempt as this, though I 
try to explain and illustrate clearly the visible 
phenomena, my chief aim is to stimulate others 
to think profoundly, in order that some among 
them may in due time push discovery further 
beyond its present very early stage. Those of 
us who are working and thinking on this sub- 
ject today are otdy crying in the wilderness, in 
the hope of inciting our successors. 

With this general aim I have acted on Tyn- 
dall’s sage words: “Right or wrong, a thought- 
fully uttered theory has a dynamic power which 
operates against intellectual stagnation; and 
even by provoking opposition is eventually 
of service to the cause of truth.” 

The true task of the teacher is to excite 
thought. Hence I do not hesitate to offer such 
hypotheses as I can devise, not with the belief 
— hope should not enter into consideration — 
that they will endure, but with the aim of stir- 
ring others to seek the truth by destroying 
them. This, I take it, is the true function of 
most hypotheses, and this purpose should be 
in the heart of every philosophic student. Laws 
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are useful, and where opportunity offers I try 
to deduce them. But because the causes be- 
neath those laws are of a higher order of 
importance, it is to these that I have chiefly 
addressed myself. 

For my part, I have aimed to distinguish 
inferences from observations, personal 


interpretations from what would generally 
be regarded as facts, and suggest that we 
need many more complete and reproduci- 
ble observations before we can expect to 
describe these time phenomena in terms of 
any law, even perhaps of any satisfying 
hypothesis. 



Correlations of Some Coke Properties with Blast-furnace Operation 

By Hjalmar W. Johnson,* Associate Member A.I.M.E. 

(Chicago Meeting, April 1941) 


It has long been accepted that blast- 
furnace practice varies to some degree with 
the coke used. While the qualities desirable 
in iron have been known for some time, the 
qualities in coke that produce such iron 
have not been established. There are no 
objective standards for blast-furnace coke, 
which is usually described in general terms, 
as good or bad. 

Many experienced operators believe that 
coke cannot be measured objectively except 
by using it in the furnace, noting the result, 
and labeling the coke according to furnace 
operations. This is admittedly unscientific, 
and besides is useless for the two main pur- 
poses for which a measure of coke quality is 
needed: (i) to produce the best possible 
coke from the coals and equipment on 
hand; (2) to test new coals and determine 
their value for blast-furnace coke. In 
seeking such an objective measure, much 
work has been done on tumbler tests, 
shatter tests, sizes of coke, porosity, specific 
gravity, reactivity or combustibility and 
other tests, but as yet very little has been 
published in which conclusive correlations 
have been established between such objec- 
tive measures and furnace operation. 

In our study of the problem during the 
past 8 years we have developed no new 
measures of coke quality, but we have col- 
lected data that are presented here in the 
hope that they may assist in fiirther work, 
so that at some future time there may be 
developed such positive measures. The 
purpose of this paper is to show that there 
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are variations in coke and that such varia- 
tions do influence the operation of blast 
furnaces. At the same time we must re- 
member that there are variations in blast- 
furnace operation and it may be the blast 
furnace that is at fault. This correlation of 
coke properties with blast-furnace opera- 
tion will be worked out in the following 
steps: 

1. Discussion of a period when a change 
in the coke resulted in an increase in effi- 
ciency on one furnace and a decrease in 
efficiency on another. 

2. Adaptation of the inefficient furnace 
to the available coke so that normal effi- 
ciency was restored. 

3. The use of radial distribution: a dis- 
cussion of the effect of size of ore layer in 
adapting blast-furnace operation to the 
coke. 

4. An example of a change in size of coke 
and the detrimental influence on the pro- 
duction of one furnace. 

5. An example of a change in size of coke, 
together with manufacturing data, to show 
why it changed, the conclusion being that 
coke is a product with an optimum value. 

6. Illustration of the fact that coke has 
different optimum values on two furnaces, 
with discussion on adaptation of operation 
so the optimum values will be the same. 

7. Limitations of the use of screen tests 
as an objective measure of coke quality. 

8. Importance of uniformity in coke. 

Functions of Coke and Qualities 
Required to Perform These Functions 

Coke has three important fxmctions in a 
blast furnace: (i) to furnish most of the 
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heat required for the operation, (2) to 
provide voids in the furnace stack for 
proper gas flow, (3) to provide voids in the 
bottom of the furnace so that iron and slag 
can accumulate in the hearth. 

The value of any particular coke will be 
in proportion to its ability to fulfill these 
fxmctions. The amount of heat produced 
per pound of coke can be readily deter- 
mined by analysis. Among the varied prop- 
erties that result in the required voids in the 
furnace are: 

1. Initial size. 

2. Range in size. 

3. Uniformity in size in furnace. 

4. Ability to withstand breakage. ^ 

5. Ability to withstand abrasion. 

6. T3rpe of fines produced after degradation. 

7. Shape of pieces. 

8. Behavior of coke pieces on reheating in 
furnace. 

g. Resistance to abrasion and crushing at 
high temperatures. 

10. Weight per cubic foot. 

11. Percentage of voids effective for gas 
flow per pound of coke. 

12. Uniformity from load to load. 

To these might be added the property of 
reactivity or combustibility. Perhaps also 
there is some rebonding of the individual 
pieces when subjected to pressure at high 
temperatures. 

Excellent correlations have been estab- 
lished at individual plants between some of 
these properties and blast-furnace operation 
and, as shown by Campbell and Wagner,^ 
by combination of these properties. In gen- 
eral, they have been too limited to afford 
a basis for predicting furnace operation. 
Either the properties measured are minor 
ones and others, known or unknown, are 
the significant ones, or it is the combination 
of all the properties that determines its 
value as a blast-furnace fuel. To measure 
all of these properties is obviously impossi- 
ble, so other methods should be considered. 

1 Rrferences are at the end of the paper. 


Methods of Approach 

The methods of approach used in this 
paper have been: (i) screen tests of coke 
and (2) oven-operating data. 

The manufacture of coke can be divided 
into four steps: (i) selection of coals, (2) 
preparation of the coal charge, (3) heating the 
coal charge, (4) pushing, quenching and 
preparation of coke. Detailed investigation 
of each of these four divisions reveals many 
variables in each one. If there is a change in 
any one variable it wiU result in a change in 
the coke produced. The fact that the differ- 
ence cannot be seen or measured does not 
prove that the difference is not there. Our 
measure may not be accurate enough, or 
we may not have the right measure. 

However, it is obvious that if ail factors 
are kept constant the coke will be constant, 
and so will the screen tests of the coke. If 
variations are foimd in the screen tests, it is 
clear that the coke has changed; that is, one 
or more variables have been introduced in 
the manufacture. Study of the details of 
manufacture should then reveal which of 
the variables has changed. By this method 
we have found that tw’o of the most signif- 
icant variables are coking time and flue 
temperature. 

Our procedure has been to study the size 
of coke as charged into the blast-furnace 
skip and note the results obtained with 
changes in size. The manufacture of the 
coke in turn has been considered, to observe 
what factor has changed to cause the altera- 
tion in size. And finally, correlations have 
been established directly between pertinent 
data on the manufacture of coke and the 
results on the furnaces. In aU cases the 
blast furnaces have been used as the final 
testing medium. 

Method of Making Screen Tests 

No. 4 furnace was equipped with grizzlies 
to screen the coke going into the skips, 
while the other furnaces had no screening 
facilities; When No. 4 furnace was in opera- 
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tion all screen tests were made on that 
furnace and the samples were taken after 
the coke had gone over the grizzlies. The 
sample then represented the coke going 
into No. 4 furnace skip. The same coke -was 
going into the other furnaces but it was 


the 8-hr. turn, and samples were taken on 
one, two or three turns per day. 

The furnace equipped wdth grizzlies was 
believed to afiford the most accurate sam- 
ples because at the time the grizzly was 
stopped and the sample box put in place 
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Fig. r. — P ercentage of plus 2-inch coke for each 8-hour turn and average for day 

AT No. 4 furnace. 


not screened and so contained from 4 to 
8 per cent of fines. When looking at screen 
tests taken on No. 4 furnace, but consider- 
ing data on No. 2 or No. 3 furnace, from 4 
to 8 per cent of fines should be added to the 
minus iH-bich. 

The following procedure was used in 
taking samples: When a skip of coke was to 
be charged, about one half a skipload of 
coke was puUed into the buggy. The grizzly 
was stopped, a steel box large enough to 
catch the whole stream of coke was placed 
on top of the skip, the grizzly was started 
and the entire stream was pulled into the 
box for a moment. The sample box, with 
from 50 to 75 lb. of coke, was then raised 
and the coke it contained was dropped on a 
4-in. screen. This was done every half hour 
from 8 a.m, to 2 p.m. Fourteen samples of 
50 to 7S lb. constituted the sample for 


the coke that constituted the sample was 
resting directly on the grizzly. As any 
movement of structure, such as cars 
operating on the highline, would cause 
the fine coke to filter down to the doors and 
give a sample containing excessive fines, 
the sample was not pulled directly from the 
bin, but from the part of the grizzly that 
extended beyond the bin. 

The results of the screen tests taken on 
each of three turns from Nov. i to Nov. 26 
are shown graphically in Fig. i, together 
with the average for the day. The data 
plotted are the percentages of coke that 
remained on a 2~in. screen. The curve of the 
individual turns is much more irregular 
than the average of the three, which is 
fairly smooth. It is doubtful whether the 
individual peaks in the average curve are 
correct, but a smooth average line drawn 
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through the curve representing the average 
of the three turns is believed to be correct. 

Method oe Measuring Flue 
Temperatures 

Mr. E. J. Gardner, superintendent of 
the coke plant, reports that flue tempera- 


that the coke is satisfactory but the opera- 
tion of the blast furnace is inferior. It is 
essential to adjust the operation of the 
furnace as well as possible to the coke 
available before beginning to make correla- 
tions. And it is equally essential to know 
the limits of furnace adjustments. Certain 
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tures were taken as follows: “We start at 
one end of the battery 15 min. after 
reversal, on the coke side, taking the 
seventh flue on every eighth wall, returning 
on the pusher side from the opposite end, 
taking the seventh flue on the same walls 
as on the coke side. These temperatures 
are added and averaged and reported as 
the temperatures of the flues for that 
particular day.’^ 

Disadvantage of Using the Blast 
Furnace as a Testing Medium: 

When the blast-furnace practice is poor, 
we cannot leap to tl^ omciu^n that the 
coloe is Inferior, as it may just as easily be 


changes, for example, in Ailing are known 
to improve furnace operation, so that 
without any change in the coke the opera- 
tion of the furnace has been better adjusted 
to the coke available. 

This point can be illustrated. Two fur- 
naces were performing satisfactorily on 
full wind when it became necessary to 
curtail operation and the wind was reduced 
gradually, at the same rate on both. The 
decreased need for coke made it necessary 
to increase the coking time at the ovens. 
Under such conditions there is an increase 
in the size of coke, but for this particular 
period no data are avrilable. As ^lown in 
Fig. 2, while the wind was decreased there 
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was a gradual increase in top temperature neither conclusion could be drawn. It is 
on No. 2 furnace until July 28, but on such conflicting evidence that makes it 
No. 4 furnace there was a gradual decrease, difficult to relate coke quality and furnace 
In Fig. 3, it is shown that while there was a performance; and it is probable that many 
gradual decrease in burden on No. 2 confusions between producers and con- 
fumace there was a gradual increase in sumers of coke arise over situations such 
burden on No. 4 furnace. No changes had as these. 



been made in the ore or stone used, 
method of filling, or other factors. The two 
variables were the decrease in wind blown 
and increase in coking time at the ovens. 

If only No. 2 furnace had been in opera-' 
tion, the decrease in burden of 21 per cent 
would have been convincing evidence that 
the increase in coking time was causing the 
production of inferior coke. If only i^o. 4 
had been in operation, probably the con- 
clusion would have been that the increase 
in coking time was beneficial. Sinc^ the 
same coke was being used on both fumat^, 
with opposite results, it was apparent that 


On July 28 a change was made in the 
filling of No. 2 furnace, of which the details 
will be discussed later. Immediately there 
was a decided improvement, an abrupt 
decrease in top temperature, and a decided 
increase in burden. This simply amounted 
to an adaptation of the operation of the 
furnace to the coke available. Closer 
examination of the charts reveals the fact 
that the burden on No. 4 furnace between 
Aug. 7 and Aug. ii was higher than it was 
before the decrease in wind, while on No. 2 
furnace it was about the same. This indi- 
ca^ thM: the coke was being used to 
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better advantage on No. 4 furnace than on 
No. 2, and we can conclude that the change 
in filling on No. 2 furnace was not the best 
adaptation that could have been made. 
Since No. 4 was able to carry more burden 
with the decreased wdnd, No. 2 should have 
been able to do it also, had the proper 
adaptation been made. This point wiU be 
discussed later. 

Effect of Size of Ore Layers on Radial 
Distribution 

The fundamental question then arises: 
With the same change in wind blown and 
the same coke, why did one furnace 
increase in efficiency and the other de- 
crease? To understand this it will be neces- 
sary to review the infiuence of the size of 
ore layer on the radial distribution of the 
gases. Ordinarily a skipload of ore is 
charged, then a skip of stone and one of 
coke, making three layers on the large 
bell. The large bell is then lowered and the 
material slides off into the furnace. There 
are many variations, but this is a typical 
charging sequence. 

When the big bell lowers, the material 
falls into the furnace in fairly distinct 
layers, with relatively little mixing, and so 
there is first a layer of ore in the furnace, 
then a layer of stone and on top a layer of 
coke. The characteristics of these layers 
are important, because they influence the 
flow of gas. 

C. C. Fumas and T. L. Joseph* pointed 
out that when ore falls into the furnace it 
assumes its angle of repose about directly 
below the large bell. This angle varies for 
different types of ore and for different 
degrees of moisture, but approximates 
35®, and the angle of repose for coke is 
about 28®. The peak of the ore may be 
almost directly under the edge of the bell 
or s^ainst the wall, or anjrwhere between, 
dependent apon the velocity with which it 
leaves the bell and the distance it drops. 

While any system of filling results in 
layers of ore, stone and cdte, it is the size 


of these layers, particularly that of the ore 
layer, that determines whether the filling is 
good or bad. 

This is illustrated in Fig. 4, vrhich shows 
sections through the top of a 17-ft. furnace 
equipped with a 13-ft. bell. It is assumed 
in this case that the ore and coke leave the 
bell with zero velocity, so that the peaks of 
both are directly under the edge of the bell, 
and that the stock line is immediately 
below the lowered bell. The top section 
shows a layer of coke at an angle of 28° 
and on top of this a layer of ore with its 
angle of repose at 35°. Since ore has so 
steep an angle, it is obvious that an ore 
layer of considerable thickness can be 
built up without reaching into the center. 
In the case illustrated, when the ore just 
reaches the center of the fiimace there are 
12% in. of ore at the peak, and 93^ in. at 
the wall. An ore layer of 25,064 lb. is 
needed to fill these requirements. 

This difference in thickness of ore and 
coke layers automatically indicates more 
or less what the gas travel wiU be. The coke 
is large in size and produces the voids, 
while the ore is small and tends to fill these 
voids. Consequently, the greater the ratio 
of coke to ore in any given section, the more 
effective voids there will be and the greater 
the gas velocity. Another factor in the 
resistance to gas flow is the segregation 
into coarses and fines. Directly below the 
edge of the bell are the small pieces of ore 
and coke, and the farther the pieces are 
from this vertical plane on either side, 
larger they are. It is clear that the areas 
with the maximum amount of coke will also 
have the largest pieces of coke, and the 
areas with the minimum of ore will have the 
largest pieces of ore. From this it follows 
that the minimum flow is directly under 
the edge of the bell, because there is the 
maximum thickness of ore layer for thick- 
ness of coke layer and a concentration of 
fines of both these materials. From the 
zone directly under the bdl toward the 
center of the furnace, gas flows are in- 
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creasing and the maximum flow is at the 
center of the furnace. 

If it becomes desirable — for reasons to be 
discussed later — to increase the flow up the 
center, it can be done by increasing the 
voids; that is, placing less ore at the center. 
If the size of the ore layer is decreased from 


a circle of coke alone that is 7 ft. in diam- 
eter, which is i6.g per cent of the total area 
of the stock line. It is apparent that this 
is a large proportion of the total and such a 
furnace would have a flow up the center 
excessive enough to make that furnace 
extremely inefficient. To our knowledge no 


Area of Circle 
IN Center of Fubnacl 

WHERE THERE IS MO Ol 

0.00 5aFT^^5g 


Total Pounds 
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250G9 L8S 
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19.64 SAi 


38.495a: 


Fig. 4, — Extent of obe LAinsRS in furnace with peax under edge of bell. 


25,069 to 22,406 lb., the ore will not quite 
reach the center, and there wilt be a circle 
I ft. in diameter at the center consisting of 
only the maximum-sized pieces of coke. At 
first glance this circle looks large and an 
astonishing loss through this zone can be 
imagined, but a circle i ft. in diameter has 
an area of only 0.79 sq. ft., which is only 
0.35 per cent of the total area of the stock 
line. 

A further increase in flow up the center 
can be effected by decreasing the ore layer 
to 17,281 lb., so that the center circle, 
coimstmg only of large pieces of coke, will 
fee 3 ft, in diameter and have an area of 
7,07 sq, ft. This area wiH be only 3.1 per 
cent of the total stoc^-Hne area. Changing 
to an ore layer of wiy 7987 Ife. produces 


furnaces in the United States with beU 
and stock-line dimensions as shown or 
larger operate on such a small ore layer. 

Discussions of gas flow are frequently 
meaningless because the sizes of ore layers 
and charges are not clearly defined. For 
instance, one furnace with a coke unit of 
11,000 lb. may be charged: ore, stone, coke; 
dump; ore, coke, coke; dump. If the two 
skiploads of ore are of the same size, actu- 
ally the size of the ore layer is better 
represented by a coke unit of 5500 lb. In 
another case, a. coke unit of 11,000 lb. may 
mean a filling of ore, stone, coke, ore, coke, 
coke, followed by dumping of the bell. Such 
a charge af^iToximates the first filling in 
that ttofe are two ind^p^dent lays^rs of 
oie, but th^ differmt location residts in 
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less gas flow up tlie walls. Actually this 
may be termed a large unit, as all the 
material is lowered at once, but it approxi- 
mates a small unit because the individual 
layers of ore are small. 


is, a decrease in the proportion going up 
through the center means a larger propor- 
tion going up through the rest of the stock 
line, or \dce versa. This variation is the 
most important one in filling. 



AREA OF Circle _ ^ 

IN Center or Furnace Total Poucsos of 



It can be argued that since the material 
does not leave the bell at zero velocity the 
contour of the ore will not be as shown here, 
but as diagramed by Furnas and J<»q)h. 
In Fig. 5 are shown the same data with the 
peak of the ore adjacent to the wall. It is 
evident that the same general conclusions 
can be drawn from either assumption. 

This presentation has attempted to 
estabEsh one point; namely, that the 
amount of gas Sow up through the center of 
a furnace can be regulated by varying ths 
aze of the ore charge. By controlling 
the proportion of gases going up through t!^ 
center^ the proportion going up through the 
rest ci the stock Mne is aibo controlled; that 


However, the limitations must be dearly 
understood. The chief limitation is that it 
does not correct gas flow to compensate for 
lack of uniformity in size of material 
charged, a correction that mrst be made by 
si^g. The important application is that 
with this system of charging, and \mder a 
given set conditions, there is an optimum 
size of ore layer that will result in the right 
amount of gas flow through the center ami 
a certain prc^rtionate amomrt through 
every annular rmg out to tl» wall. 

Many other factcns, of course, inflntexK^e 
the radial distribution, such as inwall 
batter, hdght of stock and wiiid blown. 
It m also afloctad by oth^ variarions, such 
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as the sequence of the ore in the charge, but 
the limits of this paper do not permit dis- 
cussion of them. 


Adapting Furnace Operation to Coke 
Available by Change in Filling 

In the previous section it was shown that 
a change in coke had opposite results on 
two furnaces and that a change in filling 
caused a decided improvement in the oper- 
ation of one furnace. The importance of 
size of ore layer was next discussed. The 
following section is to discuss the filling 
that resulted in decrease in efficiency on one 
furnace and increase on the second, and 
the change in filling that corrected the 
operation of the inefficient furnace. 

No. 2 furnace had a 19-ft. hearth, with a 
17-ft. stock line and 13-ft. bell, while No. 4 
furnace was 20 ft. in the hearth with a 17-ft. 
6-in. stock line and 13-ft. bell. The routine 
of filling was the same on the two furnaces, 
but the coke units were of different sizes. 


Table i. — Fitting Order ^ Typical Charge 
No. 2 PuRNACB No. 4 Furnace 

Coke unit, 10,400 lb. andi 7,000 lb., respectively 


One skip ore 
One skip stone 
One skip coke 
Dump big bell 
One skip ore 
One skip coke 
One skip coke 

Dunq) big bell 


One skip ore 
One skip stone 
One skip coke 
Dump big bell 
One skip ore 
One skip coke 
One skip coke 
Dump big bell 


Since there were two ore layers per charge, 
and the coke unit on No. 4 furnace was 
63 per cent larger than on No. 2 furnace, 
the individual ore layers on No. 4 furnace 
were approximatdy 63 per cent larger; that 
is, each ore layer on No. 2 furnace was 
about 12,000 lb. and on No. 4 furnace it was 
20,000 lb. Since the bell and stock-line 
diameters were very near the same size, 
there was a much larger open center on No- 
2 furnace than on No. 4, and as the wind 
was reduced a lari^r proportion of the gas 
could escape up throng the center on 
No. 2 furnace. This increased p^centage of 


gas flow up through the center caused poorer 
gas-solid contact, and eventually a cold 
furnace. Decreasing the burden to correct 
the cold furnace only aggravated the evil of 
the open center. 

On July 28 operation on No. 2 furnace 
improved after the filling was changed by 
doubling the ore layer every sixth charge. 
This large ore layer every sixth charge was 
effected by changing the sequence of that 
charge to the following: 

One skip ore 
One skip ore 
One ^p stone 
Dump big bell 
One skip coke 
One skip coke 
One skip coke 
Dump big bell 

The larger layer of ore every sixth charge 
extended farther toward the center of the 
furnace, increased the resistance to flow 
of gas in that zone, and forced more gas up 
the intermediate and outside zones. The 
resxflt was better gas-solid contact, and the 
furnace so improved in efficiency that soon 
it was back on a normal burden. 

The change in filling improved the radial 
distribution of the gases by decreasing the 
amount of gas flow up through the center 
zones. But this improvement did not neces- 
sarily achieve the ideal radial distribution. 
Possibly the furnace would have made 
greater progress with still less gas flow 
through the center, as would have hap- 
pened if eveiy third charge instead of every 
sixth had been the large one. 

Rate of Gas Flow and Radial Distribution 

The rate of gas flow in every annular ring 
is determined by the voids in this ring 
and the character of material present. If 
there are no changes in materials or method 
of filling, the voids should be the same and 
the gas flow in each annular ring the same. 
In No, 2 furnace, the materials were not the 
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same, as the coke was changing because of 
the longer coking time. However, there were 
two other changes that are likely to cause 
more gas flow through the center on less 
wind. 

The first change was the decrease in 
velocity of gases and its influence on the 
^'lifting” of the fine particles. Furnas* 
has pointed out the decided decrease in 
pressure drop that occurs when particles 
are lifted from the bed and held in suspen- 
sion by the gas stream. This occurs 
primarily in the annular rings under the 
edge of the bell, not in the center, where 
there is no fine material. When the wind is 
reduced, the gas velocity decreases, espe- 
cially in the annular ring imder the edge of 
the bell, and so some material that was 
being lifted is dropped back into the bed 
and offers resistance to flow. But no such 
change has occtirred in the center. The 
greater resistance in the outer annular 
rings, where there is fine ore, results in a 
decrease in gas flow there, but in the center 
zone, where there has been no increase, 
there will be more flow, 

A second change was in the degree of 
packing of material as it dropped off the 
bell. On full wind, the high upward velocity 
resists the falling material, but when the 
wind velocity is lessened the materials hit 
the stock line with more force and greater 
packing results. The material in the center 
of the furnace rolls rather than falls into 
place, so the gas velocity has little influence 
there. With more packing in the annular 
rings under the edge of the bell, there is an 
increase in resistance and less gas flow. 
Since there is no change up through the 
center of the furnace, there is an increase 
in flow in that zone. 

Influence of Change of Size of Coke 
ON Furnace Oferation, Case i 

The preceding illustration shows that the 
size of ore layer can have a dedded influ- 
ence on the radial distribution of the gas. 
It must be recognized that a change in 


size of coke can have a similar effect on the 
radial distribution of the gas, and so on 
furnace efficiency. 

If a certain coke is being charged into a 
fiimace, there is segregation of coarse and 
fines as it drops onto the stock column, and 
this, together with all other factors that 
affect radial gas distribution, causes a 
certain gas flow in every annular ring. 
If the size of this coke is changed — for 
instance, by change in coal mix — ^probably 
there will be some change in the voids in 
an the annular rings in the stock column, 
either for better or worse. Following is an 
illustration of such a change in the size of 
coke and the effect on furnace operation. 

On two occasions it had been noted that 
when the size of coke increased above a 
certain amount a furnace operating at less 
than normal wind dropped off in efficiency. 
The larger coke was found to occur during 
a period of increasing coking time on both 
occasions. Still, it was impossible to say 
that the large coke was the cause of the 
difficulty because the wind on the furnace 
was also changing, so a test run was made 
during which the size of the coke was in- 
creased while the wind was held constant. 

Constant Factors 

The period of controlled operation ran 
from Nov. i 8 to about Dec. 20, and all 
factors that influenced furnace operation 
and were within control were held constant. 
It was necessary to make a minor ad|ust- 
ment of manganese ore on the twentieth, to 
reduce the manganese in the iron, but that 
was the only ore change made during 
the entire period. Every charge of ore that 
went into the fuma<^ for over one month 
had identical amounts of the individual 
ores. One ore was the change ore, and it 
was varied as the furnace needed more or 
less burden. The method of chaj^ing was 
the same during the entire period, even the 
order of pulling the various ores the 
scale car. So also was the filHng mark, 
amount of water cm the ore, grade of 
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size of tuyeres and wind blown. The furnace 
operated well during the entire period; 
no ofE iron, hanging or slipping occurred 
to introduce a variable. 

The daily screen test of the coke is 
shown in Fig. 6, including a figure that 


average diameter of each screen size by 
percentage of that size (Table 2). 

The correct average diameter of the coke 
through in. is not known and we 
arbitrarily assume the figure of 0.56 in. 
Another figure might be more correct, but 




represents the average size. This was 
determined by multiplying the assumed 

Table 2, — A^age Site of Coke, No, 4 
Furnaco 


8:30 a.m. to 2:30 p.m,, Dec. 4, 1934 


Screen ^bse 

Percent- 

age 

Average 

Diajaeter, 

In. 

Size 

Factor 

Ibc^ 

Os 4. 

■ ■ 

3.06 
30. P4 
41. SO 
ie,6o 
7.S0 

4-5 

3-5 

0.56 

13.77 

X08.29 
104. 7 S 

27-0^ 

3 

2 



Ttero^^ 

2 S &-07 


pieces or sbe 


this makes no difference because we are 
interested in relative values only. 

All of the ore used was from the stock 
pile and varied little in chemical and 
physical characteristics. During the test, 
more iron was required and 1000 cu. ft. of 
wind was adckd on Dec. 3. Fig. 7 shows the 
total pounds of burden charged and the 
average coke size. From Nov. 18 to Nov. 
30, the total burden was constant and all 
charges of ore that went into the furnace 
dunng the r2-day paiod were identicaL It 
was neqe^ai^ to reduce the burden on 
th^ thktietii beqa^ise the furnace was get- 
tfcg cefcL; d was restored lato 
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and further reductions were made on the 
first and second. The burden cuts were not 
excessive, the silicon averages for the two 
days were 0.91 and 0.99, respectively j that 
is, about 10 points lower than the average. 
The burden was gradually restored after 
Dec. 3. By Dec, 7 it was normal and by 


normal. The furnace was shut down for 
change of tuyere sizes on Dec. 17, after 
which the wind was increased. 

Data on Furnaces 

There was a drop in tonnage from 520 
tons to 485 tons per day, or a decrease of 




m 

a 

a 

a! 

a 

a 

a 

a 

a 

a 

a 

a 

Bl 

m 

B 

sa 

sa 

He 


[92327 I 5^ 3 0 172* 

PECEMBSR t934> 

Fig. 7. — Coke size and euenace data. 


Dec, 9 it was 500 lb. more than normal, and 
so it remained for the rest of the period. 

The average size was about 2.25 in. 
during the first of the period and on Dec. 
27 or 28 it started to increase. Apparently 
the first increase in size was benefidaJ, as 
the blast temperature for Dec. 28 was 
below normal. However, the lar^r size 
seemed detrimental, because immediately 
afterward the blast temperature was 
increased above normal and the burden 
^creased. After the coke had reached the 
maximum size and started to decrease, the 
burden was graduafiy restored, and whmi 
the sise was normal the burden was 


6.7 per cent (Table 3). At the same time 
there was an increase in coke consumption 


Table 3. — Results on No, 3 Furnace 


Period c$ Time 

Toima^ 

Coke per Ton 
Iron, Lb. 

Not. 15-39, insd 

520 

1.590 

Nov. yy-Dec, 8 

503 

1,661 

Dec. 2-Dec- 7 

48s 

1.707 

Doc. 9-t>cc. 17 

520 

1,572 


from 1590 to 1707, or 6.1 per cent. The 
maiTinrmm reductioil in burden was host 
27,800 to 26poo Ib., m 6.S per o^it. Sace 
the wind was conslaat and the deca^eaae H 
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tonnage was proportional to the increase 
in coke consumption, the weight of coke 
per skip was certainly close to the same 
amount. 

The test run can be divided into three 
small periods; from Nov. 15 to Nov. 27, 
inclusive; from Dec. i to Dec. 5, inclusive; 
from Dec. 9 to Dec. 21, inclusive. The 
middle period had the largest coke; the 
days during the transition have been 


2.48 in. during the middle period was too 
large. It is surprising that such slight 
differences in screen tests could have such a 
noticeable effect on furnace efficiency. The 
narrowness of the range indicates the need 
for accurate control in the manufacture of 
coke. 

Two points should be stressed concerning 
this test: (i) It is not claimed that any of 
the three sizes had an absolute value greater 


Table 4. — Average Data 



Aver- 

se 

Wt. 

of 

Sam- 

ple 

Blast 

Top 


Coke 



Screen Test of | 
Coke, Per Cent 


Period of Time 

pera- 

ture. 

pera- 

ture. 

Deg. 

P. 

Average 
Burden, Lb. 

Ash, 

Per 

Cent 

Iron Analy- 
sis, Per Cent 

Plus 

3-in. 

Plus 

2-in. 

Minus 

2-in. 

Size, 

In. 

Nov. is-27 

I.I 3 S> 

1201 

242 

27,800 

-S.8% 

5. 04 

1.08 

0.026 

22 

41 


n 

Dec. i-s 

i,2oS 

1227 

278 

26,200 

+8% 

6.04 

r.05 

0.029 

30 

41 


WEjk 

Dec. 9-21 

1.184 

1120 

252 

28,300 

6.54 

1.14 

0.027 

24 

42 




omitted. Table 4 shows average data for 
the three periods. 

Discussion of Data 

The average analysis of the iron during 
the three periods was approximately the 
same, so the temperature of the furnace 
during the periods must have been com- 
parable. When the coke size was 2.27 in. 
during the first period, it took an average 
of i2oi°F. blast to maintain 27,800 lb. of 
burden with a coke ash of 5.04 per cent. 
During the second period 1227° blast was 
required to maintain 26,200 lb. of burden; 
that is, 5.8 per cent less. However, the coke 
ash had increased i per cent, so it is fair to 
assume that i per cent of the 5.8 per cent 
loss was due to higher ash. During the last 
period only 1120® blast was required to 
maintain 28,300 lb. of burden, an increase 
of 8 per cent, when the coke size was 2.35 
in., although the coke ash had increased to 
6.54 per cent. 

These data indicate that the last size 
(2.35 in.) was the best, Ihe first size 
(2,27 in.) was too small and the aze of 


than the other, or that the coke in any one 
period was better than another; it is con- 
ceivable that the furnace could be adapted 
through proper change in filling so that the 
efficiency would be the same for each of 
the three sizes; (2) the increase in size of 
coke resulted from several changes, includ- 
ing the substitution of one high-volatile 
coal for another and an increase of 5 per 
cent in the low-volatile coal used. The 
increase in size was not the result of a 
change in the processing — that is, an 
increase or decrease in coking temperature 
— but of a change in the coals used. The 
processing may have been ideal in both 
cases. It is interesting that the greatest 
efficiency occurred with the highest per- 
centage of ash. 

Influence of Change in Temperature 

OF Ovens on Size of Coke and Effect 

ON Nos. 3 AND 4 Blast Furnaces on 
Full Wind 

The illustrations given have pointed out 
that a change in the me of coke can affect 
tl^ radial distributkm and so furnace effi- 
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Fig. 8,'— Effect of ovfn operation on size op coke. 


confirm these two points and to bring in 
several new ones, which are: (i) Coke is a 
product with a maximum value; (2) oven 
operation influences the type of coke 
i^oduced; (3) change in size of coke has 
difenent effect on different furnaces. 


ized and the scre^ tests of coke going into 
the skips of the blast furnaces. On Aug. 3 a 
test run was started at the ov^ and the 
temperature was graduafly increased, while 
the coking time was increased to a maxi* 
mum on Aug. rr. Then h(^ were decreased 
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again to Aug. 15, which caused a decrease 
in the percentage of plus 2-m. coke from 
62 to a minimum of 46. With the decrease in 
temperature, there was again an increase 
in size of coke on Aug. 15, then a gradual 
decrease, as oven temperatures were in- 
creased, until Sept. 9. The curve showing 
the British thermal units per poxmd of 
coal shows the decided increase in heat 
applied during the first part of August, 
a decided decrease about xAug. 12 to 14, 
and a subsequent increase. 

The correlation between temperature of 
the ovens, the heat per pound of coal 
carbonized, and the screen test of coke is 
close. It might have been expected that 
there would be a decrease in flue tempera- 
ture after Aug. 20 when the heat input had 
attained the maximum and was decreasing. 
It must be recalled that to bring a battery 
of ovens to a higher temperature than 
normal requires a large input of heat, but 
once that temperature has been attained 
only a small amount of heat input above 
normal is required to maintain the higher 
temperatiure. Actually, the heat input was 
much above normal until Sept. 4, when it 
was rapidly reduced to normal. This change 
in heat input is reflected both in the tem- 
peratures of the flues and in the size of 
coke. The lag between heat input in the 
oven and change in coke size is apparent 
from Sept. 9 to Sept. 30. There was a 
gradual increase in coke size with a con- 
stant heat input, showing the effect of the 
gradual loss of temperatiure of the block of 
ovens. None of the three measures is 
extremely accurate, so we cannot say 
definitely at what stage the coke attained 
the maximum temperature. 

On Sept. 4 and $ the test was discon- 
tinued at the ovens because of difficulty in 
pushing the coke; that is, because of 
^^sticfcers,^^ The temperatures were not the 
mxjdmnm but the coking time had been 
increased slightly, wlilch makes hotter 
coke. There was m in p^syng 

prevloixs to 4, tMs {ad;, coupled 


with the consistently smaller size of coke 
during the period from Sept. 4 to 9 indi- 
cates that at that time the coke had at- 
tained its highest temperature. It can be 
said that starting with the last of July 
there was a gradual increase up to Sept. 4 
in temperature of the coke pushed, and 
with this gradual increase in temperature 
there must have been gradual change in 
the properties that are affected by increase 
in temperature. 

Influence on Blost-jurnace Operation 
The tons of iron produced per day are 
plotted in Fig. 9, together with the screen 
test of the coke. With the first increase in 
flue temperatures there was a decided 
improvement in production on No. 4 
furnace, although the wind was constant. 
Apparently the coke made at somewhat 
higher temperatures was more desirable 
for this particular furnace. However, 
further increase in temperature was accom- 
panied by a gradual decrease in tonnage. 
With increasing temperature at the ovens 
there was a gradual improvement in ton- 
nage on No. 3 furnace and maximum 
efficiency was reached 20 days later than 
on No. 4. But with further increases in oven 
temperature came a decided loss in efficien- 
cy on both furnaces. Here is an example 
showing that there is an optimum tempera- 
ture of coking. TJuderheating the coke is 
detrimental, overheating the coke is 
detrimental, and somewhere in between 
there is an optimum for a particular fur- 
nace. The optinaum temperature of coke 
for one furnace may not coincide with that 
for another fumax:e, as this case shows. The 
operation of either of the furnaces might 
have been adjusted somewhat so that the 
point of optimum size for two furnace 
would coincide more nearly. A given oven 
or group of ovens can produce only one 
€<^e. If the coke produced is kept constant, 
theape is an eppektunky to adjust furnace 
operating oonclkloits to dbtam mCTmum 
effic^ncy. It Ihk noted that when the 
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coke was much overheated, both furnaces 
suffered badly. The coke was deficient in 
some qualities and no amount of furnace 
changes would adapt the furnaces to that 
coke. 
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may have been due entirely to poor judg- 
ment on the part of the furnace foreman, 
who let the blast temperature get too high, 
so that the furnace had a spell of hanging 
and slipping. At the time of writing, the 
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Fig. 9. — Effect of change in coke size on furnace operation 


The decided drop in tonnage on Aug. 24 
and 25 does not fit into the curve. The 
furnace worked irregularly for several days, 
then became too hot, and the average blast 
t^perature fm: those days was 150® lower 
than the average from July 26 to Aug. 19. 
It is believed that the drqp in tonnage was 
due to this irregularity, while it may have 
been influenced somewhat by the change 
m ooke. 

We have asserted repeatedly that coke 
is oiie of many variables in furnace 
Tim parricukr drop in tmmage 


detailed data of this period are not avail- 
able, so the cause cannot be ddfinitely 
established. The decided drop in tonnage 
from Sept. 12 to 14, cm both furnaces, 
probably was the result of th^ abnormal 
coke on Sept. 9, whkh followed freun the 
diSculty in pushing on Sept. 4 and 5. 

Other ChMges m Fwitace Opera^m 
No changes whatsoever were made m the 
materials used on No. 4 fumaoe hfom 
July 26 unto Aug. 26, and the changes 
made at that tinie mecribr conmiBd- of 
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exchanging similar ores. The filling was the 
same, tuyeres the same and the wind was 
maintained at the standard of 54,000 cu. 
ft. Maintenance of this wind became diffi- 
cult, so it was gradually reduced to 52,000 



N* 3 Furnace. 

Fig. 10. — Comparison 


be presented to explain every case where a 
change in coke reacted in one way on one 
furnace and in another way on another 
furnace, but this cannot be done. If one 
merely wishes to measure the quantity of 



M® 4 Furnace. 

PURNACE TOPS. 


and 53,000, but when the coke size again 
became normal the wind was returned to 
54,000. There were some slight changes in 
the burden on No. 3 furnace but similar 
changes have been made many times 
without any effect. The wind was constant 
from Aug. 8 to the end of the period, as 
were also the tuyeres, filling, and other 
factors over which the operator has control. 

Why the Same Coke Reacts Differently 
on Different Furnaces 
It is easy to accept the statement that 
coke varies in quality, some good and some 
bad, and the tendency is to assume that it 
should be good or bad on all furnaces. The 
illustration just presented, however, is 
t3rpical of what really happens; that is, 
changes in coke do not react in the same 
way on all furnaces. Many other experi- 
eskces confirm this cond^on. It would be 
more comfortable if logical reasons could 


gas flowing through a pipe with a Pitot 
tube, it is necessary to have at least 10 
diameters of straight pipe to get a reason- 
ably accurate reading, and one does not 
even attempt to do it near a bend. If it is so 
difficult to forecast the flow of gas under 
such simple conditions of constant flow, 
temperature, and pressure, and physical 
character of the pipe, it would be the height 
of optimism to expect to forecast the flow 
in the furnace that is filled with broken 
solids, imder constantly changing tem- 
peratures, pressure, character of materials 
and physical condition of the furnace. Even 
identical furnaces do not react identically 
to the same coke, because their other 
conditions are not identical. 

It is believed that in the case just 
described the furnaces reacted differently 
because of differences in design. Assume 
that two furnaces are using the same coke 
and the operation has be^ adjusted so 
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that each is operating efficiently. Now 
assume that the temperature of coking is 
increased, causing more cross fractures. 
Such coke will break up more readily when 
handled. If the coke is abused more when 
going into one furnace than when going 
into another, the coke will be broken up 
more and the operation will suffer accord- 
ingly. Fig. 10 gives the general arrangement 
of the top in the two cases, showing that 
the coke dropped a total of 23 ft. on No. 3 
furnace and 32 ft. on No. 4 furnace. As 
would be expected, it was No. 4 furnace 
that first lost in production, owing 
to excessive oven temperatures. When the 
coke became so hot that there were too 
many cross fractures, both furnaces lost in 
efficiency. 

Furnaces vary in height, and opinions 
differ as to the merits of increased height, 
but certainly the higher a furnace, the 
more abuse a coke will receive in going 
from the stock line to the tuyeres. The 
added height is an advantage provided the 
coke can stand it, but if the coke is weak 
the benefit derived from the added height 
will be lost in the detrimental effect on the 
coke. 

If two furnaces of different heights, say 
8s and 95 ft. respectively, are operating 
on the same coke, the higher furnace, other 
things being equal, will have lower coke 
consumption. But a detrimental change in 
coke will have less effect on the shorter 
furnace than on the taller one. On the other 
hand, an improvement in the quality of 
the coke will affect the shorter furnace less 
than the taller one. 

Maximum Value 

This example brings out clearly the fact 
that coke is a product that has an optimum, 
or maximum value, and this is one of the 
reasons that COTelations between physical 
tests of coke and results in a blast furnace 
are difficult to establish. That a material 
may have an optimum or maximum value 
b not unusual. A familiar case is the 


crushing strength of certain insulating 
bricks. As temperatures increase from room 
temperature, there is a gradual increase 
in strength up to a certain temperature, 
after which there is a decrease. 



Fig. II. — Screen analysis of coke from 
Beckley coal and blends wrm Pittsburgh 
BED (Warden mine). 

(From BvU. 411,^ p. 51.) 

If an oven of coal is heated just enough 
to cement the coal particles together, the 
resultant coke is very poor. However, with 
each increment of increase in temperature 
up to a certain point, there is improvement 
in quality. (3oing to the other extreme, ccke 
that is overheated is small, contains many 
cross fractures and so is undesirable, but 
with each increm^ of decrease in tern- 
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Fig. 12. — Shatter tests of coke from 
Beckley coal and blends with Pittsburgh 
BED (Warden mine). 

(From Bull. 411/ p. 52.) 

“or maximum value is well illustrated by 
tests made by the Bureau of Mines on coals 
in an experimental oven.^ Three figures 
from BvUeHn 41 1 (the paper dted) are 
reproduced (Figs, ii, 12, 13). Fig. ii, 
giving the screen anai3rsis of the coke, 
shows an increase in the size of coke pro- 
duced up to i 292®F. and then a decrease 
to a minimum at i832®F. Fig. 12 shows 
the shatter tests of the same coke on 
2-m., ij^-in. and i-in. screens. In all three 
cases there is an improvement in the 
ability the coke to resist breakage 
staxbbg at 932®F- The maximum value 
on the 2-m. shatter was at tii 2®F., for the 
shatter at lapaTP. and the i-in. 
scHsewhere between 11^92® and i472®F. 
Fig. 13 shows the resute ol ^ turnip 
tests as measured by coke 


1292 1472 

Carbonizing tempertfure 

Fig. 13. — ^Tumbler tests of coke from 
Beckley coal and blends with Pittsburgh 
BED “(Warden mine). 

(From Bull. 41 1,* p. 53.) 

decrease. The maximum value as measured 
on the I-in. appears to lie between 1292® 
and 147 2®F., but as measured by the 
the maximum value is at i832®F. 

It is apparent that the maximum value as 
measured by each of these three tests is 
different, but lies between 1112® and 
183 2®F. The maximum value of the coke 
for any particular test varies also with the 
sizes cmsidered. We have no measure 
whereby we can combine all of th^ tests 
into one individual result to j^ot against 
furnace <^>eration. An examination of the 
toee carves wouhi Indicate that the zone 
to 1450“ include most 

0 the pdfe the best 
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coke. These temperatures represent ap- 
proximately average commercial practice. 

A point that leads to confusion in field 
tests but is apparent in such laboratory 
tests is that results may lie on either side 
of a maximum value. Referring to the 
results of the tumbler test on a i-in. screen, 
it will be noted that at i22o*^F. the per- 
centage on a i-in. screen after the test was 
68 per cent while at i544°F. it was also 
68 per cent. When the coking temperature 
is known, and we see that the points 
obviously lie on either side of a maximum 
value, this is easy to understand. However, 
in the field, a similar test may give 68 per 
cent one time and 68 per cent another and 
we may conclude that the coke was the 
same, while actually it might be very 
different because the coke was made at 
different temperatures. 

It should be noted that each square 
represents 36®F. and examination of the 
chart reveals w-hat a small increment of 
change in each of the properties will cause 
that change in temperature. However, data 
will be presented to show that a difference 
of about this amount in average flue 
temperatures will make a significant 
difference on furnace operation. Conse- 
quently, it is very difficult to measure 
such small increments of change accuratdy 
enough to reflect changes in the coke. 

Opthcum Valtjx of Coke Detesjoned 

FROM FlXTE TeMPERATTIEES AND 

Furnace Data 

Efeci of Change in Omt Temperature on 
Eficiency of No. 2 and No. 4 Furnaces 
during Summer of 1932 

In the preceding section it was shown 
that coke had an optimum value and the 
point of optimum value was not the same 
lew two different furnaces. Another fflustra- 
of this same point wiS be {resented to 
siis^stantlatethls ccmdu^m and to demon- 


1. Direct correlation of coke-oven and 
furnace data. 

2. Effect of small variations in flue 
temperatures on the coke and blast-furnace 
operation. 

3. The confusion presented by optimum 
value in a study of coke-consumption data 
for several furnaces. 

The disadvantage of using the blast 
furnace as a testing medium was pointed 
out earlier in the paper and was illustrated 
by examples in which the practices on 
Nos. 2 and 4 furnaces were compared during 
a period when there was a change, both 
in the operation of the furnaces and in the 
manufacture of coke. It was shown that 
the change in coke reacted favorably on 
No. 4 furnace and unfavorably on No. 2 
furnace. It was shown that by changing 
the filling of No. 2 furnace, putting in a 
double ore layer every sixth charge, and so 
decreasing the gas flow through the center, 
we adapted the furnace operation to the 
coke. 

While there was decided improvement, 
it is probable that by stDl further decreas- 
ing gas flow through the center — that is, 
putting more ore to the center — the furnace 
might have beraa adapted still better to the 
coke available. Actually, this was done 
later when the big ore layer was used every 
third instead of every dxth charge, but 
even with this additional diange we cannot 
say that the operation of No. 2 furnace 
had beoi adjusted to the same efficksicy 
as No. 4 furnace. 

Subsequent experkaue proved that it 
was not, and the fc^wing case not only 
substantiates tins point but also brings 
out the o|^x)Site effed; of change in coke 
manufacture on two blast furnaces. No. 2 
and No. 4 fumaoes were operated oon- 
tinuaily at reduced wind from July 1931 
until March 1933. The peadod to be 
casaed exteink bxm May i, 1932 to Dec. 
15, 1932. The wind was pracrica% ooii- 
staut throu^Mmt the period. Frema JN%: 

Novendjer it vw neceseisajt ^ 
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fan No. 2 furnace for a short period every 
day, but this operation did not influence 
the factors to be discussed. AB. other factors 
that influence furnace operation, over 


The curve for No. 4 furnace shows a low 
burden for coke made at less than i95o°F. 
and increasing amounts of burden with 
increasing oven temperatures up to about 
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Fig. 14. — ^Points or optimum plue temperature for No. 2 Aim No. 4 furnaces during period 

OF May I THROUGH Dec. 15, 1932. 


which the operator has control, such as 
method of filling or size of tuyeres, were 
constant throughout the period. 

As little flue dust is produced on slow 
wind, a substitute method of measuring 
furnace performance used during this 
period was to compare the pounds of iron 
per charge. The average temperature of 
the flues at the coke ovens was divided into 
ranges of 10®, the first range being aU 
temperatures less than i95o°F., the next 
range from 1950° to 1960°, and so forth 
at 10® intervals, up to the last column, 
which included all temperatures of over 
2000®. After the seven columns of flue 
temperatures had been established, the 
burden on the furnace for a particular day 
was noted, together with the flue tem- 
perature, and this burden was inserted in 
its proper column. This was done for 
every day from May r to Dec. 1$ on each 
furnace. Results of these data are printed 
graphically in Fig. 14. 


i960® to 1970®, but further increases in 
temperature caused a decided drop of 
burden. This curve clearly illustrates that 
for this furnace, operating under these 
conditions, the coke had a maximum value 
when produced with flue temperatures 
about i960® to 1970®. On the other hand, 
the burden on No. 2 furnace increased with 
increasing oven temperature up to a 
maximum, which occurred when the flue 
temperatures ran from 1990® to 2000®. 
Further increase in temperature caused 
a decrease in burden. Here again it can 
be said that for this particular furnace, 
operating imder these conditions, the 
coke produced reached its maximum value 
at about 2000® flue temperature, and at 
ranges above or below this temperature 
the coke was of less value. 

If the foregoing analysis is correct, a 
change in oven temperatures in certain 
ranges should have oppc^te effects on both 
furnaces. In Fig. 15 are plotted the average 
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flue temperatures of the ovens from Sept, i lower flue temperature, and decreased with 
to Nov. 28, together with the burdens on the increase in flue temperatures. 

No. 2 and No. 4 furnaces. The latter repre- This substantiates the cur\*es of optimum 
sent the pounds of burden on the furnace value previously established. During Sep- 



15 ^ 

tS 4 ^ 









mm 








m. 





■ 

mi 



m 







1 




■ 


m 




8800 


□ 

□ 


■ 

li 

□ 






Fig. 1 5- — Opposite effect of change in flue temperature on No. 2 and No. 4 furnaces. 


at midnight of each day. These were con- 
venient to plot, but resulted in a very 
uneven line because burden reductions 
were sometimes made just before midnight 
and may already have been put back just 
after midnight. 

The flue temperatures were fairly con- 
stant at about 1950® during September, 
increasing somewhat in October and 
decidedly during the middle of November, 
With the lower flue temperature the burden 
on No. 2 furnace was constant and with 
increasing flue temperature there was 
decided increase in burden. On No. 4 
fomace the burden was constant with a 


tember, the coke produced was dose to the 
optimum value on No. 4 furnace. The coke 
was less suited to the furnace after the 
increase in flue temperature. The coke 
produced during September was far from 
the optimum value for No. 2 furnace, but 
the optimum value was approached as the 
temperature was increased. The average 
blast temperature for each day indicated 
that there was no change in this factor that 
could have influenced results. 

Coke Consum^m 

These data can be presented in stffl 
another way to iHustrate the a snfusifa g 
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fact that a coke has a different optimum 
value for each furnace operating under its 
given set of conditions. Coke consumption 
for the seven months on the two furnaces 


“worse,” the consumption would increase 
on both in the same ratio. This did not 
occur. As the coke consumption decreased 
on one furnace and increased on the other, 



N?2 

Furmace 


Furnace 


CoKt TooH«t 

IdealT«iirjJ >4 
CoKET^o Colo, 



SLrr. Ocft Hov. 


Core C»NtUMmeNR CcrRCCtID To SamE 
Blast TEMPeRATuae*. 

Buast Timpoutwwl » 2o Lbe Coio. 

Joo* Blast TeM«w*w » 4o Lw. Cske. 

Fig. 1 6 . — Coke consumption. 


is plotted in Fig. i6. There are two lines 
for each furnace, representing the coke con- 
sumed, and corrected to the same average 
blast temperature for the seven months 
for each furnace, one line representing a 
correction of 20 lb. of coke per 100® of blast 
tenc^ierature; the second representing 40 lb. 
of coke per 100® of blast temperature. The 
correct amount is not known but probably 
lies between the two, and in this case it is 
mwaferial which is dbosen as correct. One 
str^ing chara^eristic of this chart is that 
seems to be no rdationship between 
the consumption on the two furnaces. 
One wouM expect that if the coke had been 
a good deal “better” one month, the cc^e 
€dn$ai)Qptkm would decrease on both 
the same amount, or if it had been 


the coke must have been more desirable 
for the one furnace and less desirable for 
the other. 

From the curves of optimum flue tem- 
peratures just studied, we know that the 
optimum temperature of coking for No. 2 
is above that for No. 4 furnace. In the 
lower part of Fig. 16 are drawn four hori- 
zontal lines. The top line indicates coke 
made at too high a temperature, the next 
one coke made at the optimum tempera- 
ture for No. 2 furnace; the next, coke made 
at the optimum temperature for No. 4 
furnace, and the bottom Kne, coke made 
at too low a temperature tm both furnaces. 

Since the cd^e was hi^ on 

both 

^^her too hd m ^nce It is 
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relatively higher on No. 2 than on No. 4 
furnace, we can assume that it was too cold, 
and this is represented by A on the chart. 
In June the coke consumption dropped on 
both furnaces, although considerably more 
on No. 2 than on No. 4. Evidently, the 
temperature of coking represented by B 
came closer to the ideal on both furnaces. 
The greater decrease in coke consumed 
on No, 2 than on No. 4 may be explained 
on the basis that small deviations from the 
ideal have relatively little effect up to a 
certain point, and beyond that point 
increase rapidly in effect. In July, the coke 
consumption dropped about the same 
amount on both furnaces, and so the tem- 
perature of coking must have increased, 
and in doing so approached the optimum 
temperature for No. 2 furnace, which in 
turn brought it relatively doser to the 
optimum for No. 4. This is represented by 
point C. 

In August the coke consumption dropped 
on No. 4, so the temperature must have 
been doser to the Optimum for that furnace 
as represented by point Z>. In doing so, it 
moved farther away from the ideal tem- 
perature for No. 2 and should have causal 
an increase in coke consumption. This 
proved to be the case. In Sq>tember the 
coke consumpti<Mi increased on both 
furnaces, so the temperature of coking 
must have moved stiH farther away from 
the ideal of both, as represented by E. In 
October the coke consumption dropped 
very deddedly on No. 2 and little or none 
on No. 4. Obviously the temperature of 
coking must have increased drastically, as 
r^)resented by point F, In November the 
coke consumption deaeased still furth^ 
on No. 2 fuma<^, so the temperature of 
tidkmg must have approached stOi doser 
the for No. 2, as represented by 

€• in doing so, it moved still farther away 
hom <^>thntiin Imr No. 4, and should 
ca^^sed an increase in cc^e consump- 
chart shfows that this actually 


This reasoning was based on the hy- 
pothesis previously proved, and dearly 
demonstrates the confusion that is intro- 
duced into the study of the application of 
coke to blast furnaces by the fact that the 
coke has an optimum value, which may be 
different for different furnaces. 

Establishing Rdaihe Temperatures of Coke 
from Coke-plant Data 

Conclusions based on logical analjrsis 
may seem purely theoretical, but in this 
case the processing data necessary to check 
them are available. 


Table 5. — Coke-plant Data, 
Summer of 1932 



Average 

Plae 

Aver- 

age 

Coking 

Time, 

Hr. 

Avenge Coal Mixtures 

1932 

Tem- 
pera- 
ture, 
Deg. P. 

Slack 

Egg 

Poca- 

hontas 

May.... 

1969 

44:10 

69 

20 

xz 

Jane 

199a 

43:55 

45 

45 

ZO 

Jaly 

1969 

47:47 

44 -S 

44 -S 

zz 

Aag 

196s 

48:14 

43.5 

42.5 

15 

Sept.... 

1948 

46:1s 

8S 

0 

IS 

Oct 

I 9 S 8 

46:58 

86.7 

0 

13-3 

Nov, . . . 

1 

1992 

47:44 

85* 

42. s* 

o* 

42.5* 

IS* 


• Nov. I to I f . 

» Nov. tz to 30. 


The temperature an oven of coke b a 
function of the ffue temperature and time 
of coking. Unfortunately, there is no 
stick whereby the two variables, coking 
time and temperature, can be cominned 

into one coke ten^jerature. However, they 
can be compared eaaiy; that is, if there are 
two mcmths on the same coking time, the 
ocmdusion can be reached that the month 
with the hi^ier ffue t^pmture will have 
the hotter coke; and if the average ffue 
temperatime Is the same, the one with the 
longer coking time wifi have the holler 
coke. 

The significant data tm the preoensinK nl 
coke during the period mentioned sm Ssled 
In Table 5, ^ | 
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If the months of May and July are com- 
pared, it is evident that the temperatures 
were the same, but the coking 

times were 44:10 and 47:47 hr., respec- 
tively. Since other conditions were the 
same, it can be assumed that the coke was 
hotter during July than in May. Com- 
paring other months in the same manner, 
the conclusions of Table 6 can be drawn. 


Table 6 . — Co 7 idnsions from Table 5 


Comparison 

of 

Tem- 

pera- 

ture, 

Deg. 

P. 

Time 

Poca- 

hon- 

tas, 

Per 

Cent 

Conclusion 

May 

1969 

1969 

44:10 

47:47 

ri 

Coke in May 

JtQy 

II 

was colder 


than in July 


1969 

1992 

44:10 

43:55 

II 

Coke in May 
was colder 


10 


than in June 

September. . 
August 

1948 

1965 

46: IS 

48:14 

IS 

IS 

Coke in Sep- 
tember was 
colder than in 
August 

September. . 
October 

1948 

1958 

46:1s 

46 :s 8 

15 

13-3 

Coke in Sep- 
tember was 
colder than in 
October 

June. 

1992 

1992 

43:55 

47:44 

10 

Coke in June 
was ^ colder 
than in No- 
vember 

November. . 

, 15 

November. . 

1992 

47:44 

IS 

Coke in No- 
vember was 
hottest be- 

cause the tem- 
perature was 
the highest 

and coking 

time about 

the longest 

October. . . . 
November, , 

1958 

1992 

46 :s 8 

47:44 

13-3 

IS.O 

Coke in Octo- 
ber was colder 
than in No- 
vember 


Comparison of the relative coke temper- 
atures in Fig. 16, obtained by comparing 
coke consumptions on the furnaces, with 
tlje relative temperatures obtained from 
the coke-plant data (Table 6), shows 
that they check exactly. It is probable, 
therefme, that the hypothesis is correct, 
and that under the conditi<wJs that obtained 
the changes in temperature and cdking 
time are significant. 


Operation of No. 4 Furnace when Flue 
Temperatures Were Abnormally High 

The study described in the foregoing 
pages was based on a period when the 
coking temperatures and coking time 
varied within a narrow range and the effect 
of this variation was noted on two furnaces 
that were operating very efficiently. What 
happens when the temperatures of coking 
get out of this range; that is, abnormally 
high? Unfortunately, certain variables, 
particularly changes in coal, came into 
the picture during December, January 
and February, which made us hesitate 
to use the data for that period, and No. 2 
furnace was blown out in March for 
relining. However, conditions on No. 4 
furnace in March and succeeding months 
were comparable to conditions during the 
previous summer. 

In Fig. 17 are plotted the pounds of iron 
per charge, top temperature, and coke 
consumption during the spring of 1933, 
showing wide variation in furnace effi- 
ciency. The lag between change in flue 
temperature and the effect on the furnace 
is considered in Fig. 18 by use of a plot of 
coke data a week ahead of that of the 
furnace data. The high flue temperature 
on March i correlates with the very low 
burden, high top heat, and high coke 
consumption. As the flue temperature 
decreased during March, there was a 
decrease in coke consumption and the 
minimum occurred when the oven tem- 
perature was also at the minimum. A 
gradual increase in flue temperatures again 
caused a decrease in burden and increase 
in coke consumption, and later a drop in 
flue temperatures resulted in a decrease in 
coke consumption. It should be noted 
that the minimum flue temperature of 
2000® with about 4S-hr. coke resulted in a 
maximum burden of 23,000 lb. of iron per 
charge. Previous analysis showed that the 
o|Mimum ten^jerature of 1965 occurred 
with a bruden ol about 24,550 lb. of iron 
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per charge and about the same coking time. 
It can be assumed, therefore, that further 
decreases in flue temperatures would have 
resulted in still higher efliciency. 


Size oe Coke as Indication of Quality 
The data just presented shoving the 
effect of changes in flue temperature on 
furnace operation can be applied only to the 



Fig. 17. — No. 4 furnace practice during spring op 1933. 


The high flue temperature of 2100°, 
which obtained early in March, led to a 
burden of only 19,000 lb. of iron per 
charge, against a maximum of 23,000 lb. 
during the latter part of the month, an 
increase of 21 per cent. But it must not be 
concluded that this coke was 21 per cent 
better, as by chan^ the operation of the 
furnace may have been better adapted 
to the coke. What should be reccgnized is 
that variati<ms in the manufacture of coke 
do alt^ the product, and consequently 
affect Mast-furnace operation. There is 
only one answ^^ — that is, oontroL 


local situation. It shows merely rdative 
value but does not measure or describe 
the product so that similar coke could be 
produced elsewhere. 

The two previous examples, wherein 
screen tests were used to correlate cote 
with furnace operation, indicate that, this 
might be a useful objective measure. 
After making daily screen tests of coke at 
the blast furnaces for the past 6 years, we 
have concluded that in our case the seae 
of coke certainly indicates coke quality, 
but it does not measure it. Coke has many 
different properties that affect the lesu^ 




MARCH'* 1931 


APR II- •• 1931 


Fig. i8. — Corkelation of potii«>s of iron per charge with flue temperatures. 


balls and ^gs may Imve tbe same aze but 
would react differently on a shatter test. 

The following illustrations have been 
prepared to demonstrate both the useful- 
ness and limitations of screen size as a 
measure of coke quality. We expect to 
show that two different cokes may have 
the same screen tests but entirely different 
effects on furnace operation, indicating 
the importance of some properties other 
than size. 

I 

In llg. zp are plotted the tonnage on 
No- 4 Immace and the permitage oi coke 
m a screen. There was a dedded 
decrease in dze d coke horn an av^age 
of per ce^t on a screen^ on Av^ 
$^loan avera^€l^^.0pf|3r€ie^ona2^ 
alter toa 


change in operation of No. 4 furnace, 
no decided change in burden, performance 
was very satisfactory and tonnage about 
the same, even a little better on the smaller 
coke. From this it can be inferred that 
coke can change from 60 to 49 per cent 
on a 2-in. screen without any change in 
furnace operation. 

Case 2 

In a previous paragraph it was pointed 
out that, according to Fig. 9, tempaature 
change inffuesiced dze of c^e and the 
operation Nos. 3 and 4 fumaoes. 
Furthermore, as the average size of coke 
decreased imsa 70 cent on 2-4n. screen 
during mi ^ part of Au^:^ 

Ar^ z8 to 
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is virtually the same as that in Fig. 19, 
49 per cent, at a time when there was no 
ill effect. In one case this size of coke caused 
poor furnace operation; in the next case, 
good furnace operation. 


peratures from Jan. i to 17 varied from 
2250° to 2270®; the coking time was 
approximately 16 hr.; and 41.06 per cent 
of the coke stayed on a 2-in. screen. On 
Jan. 17 a test was made in which the flue 




Fig. 19. — Change in coke size with small vakiation in production on No. 4 furnace. 


Case 3 

The third example covers the operation 
of the same furnace, leather with No. 3 
furnace, during a period when a change in 
size of coke fdlowed a decided drop in the 
oven temperatures. In Fig. 20 are plotted the 


temperatures at the coke ovens were 
dropped to below 2200® for 5 days. The 
sharp increase on Jan. 25 to a maximum 
of 2285® was a result of ddays in pushing. 
Exact data on the temperatures betweoa 
Jan. 17 and 20 are mksing, and a strai^t 


Table 7. — Operation on No. 4 Furnace 


Case 

On 2-in. Screen, 
Per Cent 

Period 

Coke Siae Produced b j 

Funuboe 

Norma] Sbe 

I 

48 . 5>6 

Aug. 1935 

Normal operatam 

Good 

49 % t 

2 

49-65 

Aug. 1933 

BzcesszYe teDopentare 

Poor 

65 % + ^ 

3 

49.10 

Jan. 1936 

Low temperature 

Poor 

i 

41% + 2^ 


t<mna^ produced on Nos. 3 and 4 furnaces 
for January. These are 3-day averages; 
that is, ti^ tonnage plotted for any given 
day is the average of the tonnage for that 
day, the previous day, and the fdbw- 
ing diay. Bdow this are pk>tted the average 
mm the pmimtage ci plus 

and ooiing time. The iue tem- 


line (XMinecting these two points is assumed 
as approxiinatdy true. Banning on 
Jan, 17, an upward trend in the plus a-in. 
coke reached a maximum on Jan. 19 and 
remaiBed there fw four days. In oth€t 
wofds, from Jan. 19 to 22, there was more 
coke over 2 in. No screen tesfa mail 
on Jan. 23 and m f | 
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showed again a decrease in size, together much better when the coke was smaller; 
with the increased oven temperature, which that is, with 41 .96 per cent on a 2-in. screen, 
was the result of a delay in pushing, fol- The relations indicating cause and effect 
lowed by an increase in size and another are more striking if the three cases are 
decrease in temperature. tabulated (Table 7). 



Nos. 3 AND 4 FURNACES. 


The drop in tonnage on both Nos. 3 and 
4 furnaces was very marked, and correlates 
with the increase in size of coke, which was 
a result of the extreme decrease in the tem- 
perature of the ovens. The furnace opera- 
tion was poor when there was an average of 
49.10 per cent on a 2-in. screen, and was 


In case 2, normal processing would have 
produced coke with 65 per cent on a 2-in. 
screen but the coke was overheated, so that 
when it was measured at the furnace it was 
49.65 per cent on a 2-in. screen. In case i, « 
the processing was normal and the size of 
48.96 per cent on a 2-m. screen is the size 
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that usually results from these ovens on 
short coking time at correct coking tem- 
peratures. Case 3 showed poor results with 
coke of 49,10 per cent on a 2-in. screen, but 


coke. The second is that for a given coal 
mix and a given coking time, correct oven 
operation ^ill produce a coke of a certain 
or normal size. The size may be altered by 



FURNACE OUTPUT. 


this size was caused by unusually low oven 
temperature. If this coke had been pushed 
at the normal temperature it would have 
been 40 per cent on a 2-in. screen. 

From the data in Table 7 two conclusions 
can be drawn. The first is that size is much 
less important than other properties of 


changes in the temperature of coking, but 
this will cause changes in other properties 
of the coke, which may have a detrimental 
effect on furnace operation. 

The question now arises, *^What is 
normal size?*^ This is very difficult to 
answer. In Fig. 21 are four cases in which 
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the coking time was increased from about 
1 6 hr. to something more than 23 hr. 
When the coking time was short, 45 to 
50 per cent of the coke was on a 2 -in. screen 
at the blast furnace, but every time the 
coking time was long — that is, more than 
23 hr. — 65 to 70 per cent of the coke was 
retained on a 2-in. screen. So for a given 
set of coals imder a given processing, there 
will result a coke of a certain size, contain- 
ing definite properties. A drastic change 
in manufacture may cause the coke to be 
of a different size, but also of different 
prox)erties. It would have been possible, in 
any of the cases of longer coking time 
illustrated in Fig. 21, to increase the tem- 
perature of the ovens and decrease the 
coke size to 50 per cent on 2-in., but 
definite overheating of the coke would 
have been necessary. It also woiild have 
been possible to increase somewhat the 
size of the coke produced at 16 hr. by 
decreasing the oven temperatures, but this 
likewise would have resulted in an ab- 
normal coke of inferior quality. 

Importance of Uniformity in Furnace 
Operation 

The blast furnace is a continuous process 
in which gases are passing upward at high 
velocity through 50 or 100 individual 
layers of coke and ore. Obviously the coke 
as well as the ore in each layer must be of 
suitable quality. One or two abnormal 
layers can interfere with the continuous 
stream of gas. 

The coke is made by a batch process, and 
individual ovens differ. One abnormal oven 
makes a batch of 10 tons, which constitutes 
as many as four or five individual layers in 
a blast furnace. This amount can seriously 
interfere with the flow of gases, and so with 
furnace operation. Unfortunately, the data 
to illustrate this point fully are not avail- 
able, but there is recorded an example of 
one abnormal layer of coke that was suffi- 
cient to upset a furnace very badly. 

The coke was abnormal in that it was 


unusually dirty and small. It had been 
recovered from the flue dust after a screen- 
ing operation at the sintering plant. The 
Hum-mer screens were equipped with a 
% by iK-in. cloth. The oversize that 
accumulated Tvas rescreened and appeared 
clean enough to use, so it was put into an 
ore bin for use in the furnaces. The furnace 
was being charged as follows; 

One Charge 
Coke unit 10,800 lb. 

One skip ore 
One skip stone 
One skip coke 
Bump big bell 
One skip ore 
One skip coke 
One skip coke 
Bump big bell 

The furnace was taking about 40 charges' 
per 8-hr. turn. On the first charge of each 
8-hr. turn the one skip of coke for the first 
half of the charge was the rescreened coke, 
and the rest of the coke charged was the 
usual furnace coke. After this had been 
done for several weeks, there began to be an 
increasing amount of irregularity in the 
operation. One morning at 10:30 a.m., the 
blast pressure, which normally is 16 to 
17 lb., went up to 28 or 29 lb. for several 
hours, then came back to normal. The 
small coke was then taken off the fximace, 
as it was suspected of having caused the 
high pressure. After performance of the 
furnace had been checked for the previous 
several weeks and additional evidence 
noted to substantiate that conclusion, it 
was decided to discontinue permanently 
the use of the reclaimed coke after what 
remained in the biu had been used up. 
One skipload was charged every 8 hr. 
Since there were three skips of coke per 
charge and 40 charges per 8-hr. turn, there 
were actually 119 skips of regular coke for 
the one skip of small coke in the furnace at 
one time. On the wind blown at the time, 
it took about 8 hr. for a charge to come 
through. 
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The first charge of reclaimed coke was 
at 8:oo a.m. on Dec. i. The top gas pres- 
sure, the blast pressure and the \\ind blown 
are shown in Fig. 22. The use of the small 
coke had no effect until the skipload 
charged at 8:00 a.m. on Dec. 2. One hour 
later the blast pressure increased, the 
furnace slipped several times in spite of an 
extreme decrease in the wind blown, and 
the condition continued for 2K hr. Another 
skipload was charged about 4:00 p.m. 
About iK hr. later there was an increase 
in blast pressure, a series of slips for several 
hours, then normal operation. The skipload 
put in at midnight had the same effect, 
and the one at 8:00 a.m. the next morning. 
This coke was then discontinued definitely 
and the irregularity stopped. There is not 
an exact record of the time the skiploads 
went in, as the order to the stockhouse was 
for the man coming to work to put in one 
skipload on his first charge and the time of 
relief varied with the individuals. 

The regularity of the hanging and 
slipping shortly after the charge of small 
coke makes the cause and effect connection 
positive. The explanation is that the one 
layer was deficient in voids, and acted as a 
plug in the stock column after it had 
descended some 10 or 15 ft. into the 
furnace. It did not permit the gas to pass 
through at the same pressure as did the 
normal layers, and caused a building up of 
pressure, which would finally blow through. 
This would be repeated several times imtil 
the material worked down into the furnace 
to a point where the deficiency in voids was 
less critical, or until the slipping had blown 
out enough fine material to create the 
necessary voids. 

Why did the first few loads go through 
the furnace without trouble? Evidently 
they contained more voids than later skips. 
As the bin was being emptied, the dust 
adhering to the coke was shaken down, 
and the segregation left the last skips with 
larger amounts of fine material. 

One ‘‘spell'* of hanging and slipping as 


produced by one skipload of the fine coke 
can upset the furnace for several days and 
cause the loss of several hundred tons of 
production. The incident just related is of 
little importance in itself because such 
conditions do not occur frequently, but 
the principle of uniformity is extremely 
important and nonimiformity resulting 
from another cause or material wiU have a 
similar effect. Each oven of coke pushed 
is a distinct product, loaded in a car with 
three or four others, dumped into some 
furnace coke bin, and later makes several 
layers in the furnace. Though aU other 
ovens pushed may have been satisfactory, 
one abnormal oven may upset the furnace. 

Summary 

An attempt has been made to add to the 
knowledge on the complicated problem 
of establishing some objective measure of 
blast-furnace coke. If this were not a 
difiicult problem, such measures would 
have been established long ago. 

Nor have we been able to establish any 
new objective measure. There are 10 or 15 
properties of coke that are important, and 
there is no one yardstick available to meas- 
ure all of them, except the blast furnace. 
Because this is true, it seems logical to 
consider a different method of approach, 
using the furnace as a testing medium. 

The manufacture of coke is divided into 
four steps; (i) selection of coals, (2) 
preparation of the coal charge, (3) heating, 
{4) pushing and preparation. If all varia- 
bles making up these four steps are kept 
constant, the product will be constant. 
Then screen tests of the coke will show the 
same results. In this study, detailed investi- 
gations were made of the manufacture 
when there were changes in the size, to see 
what variables had been affected. Of 
the many variables investigated, coking 
time and temperature were found most 
significant. 

In this paper we have attempted to 
establish three facts: 
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1. Before considering the quality of 
coke used, it is first necessar>’ to adapt 
the furnace to the coke available. No 
conclusion regarding the quality of coke 
is worth while until the best possible gas 
flow has been worked out for the particular 
furnace. 

2. Coke is a product that has an opti- 
mum value. Certain objective measures 
also have a maximum value. Consequently, 
it is impossible to establish any straight- 
line relationship between such properties 
and the results in a blast furnace. It was 
shown that the point of optimum value on 
two blast furnaces as measured by flue tem- 
peratures and coke size did not coincide. 

3. The use of screen tests of coke as an 
objective measure of coke quality was 
discussed. It was concluded that the size 
of coke may be an indication of coke 
quality but is not a measure of it. 

Some excellent correlations have been 
worked out in individual plants between 
some one objective measure and furnace 
operation, and, as Campbell and Wagner^ 
have indicated, combinations of some 
objective measures. The superior coke is a 
combination of many properties. The 
significant variable in one process may be 
measured by the shatter test and in others 
by some other variable, such as weight per 
cubic foot. Consequently, the one may 
serve as a useful guide at one plant, the 
other as a useful guide at a different plant. 

For most plants, the source of coal and 
equipment available are fixed. The problem 
is to make the product most useful for 
most efficient blast-furnace operation. 
More is to be gained if less attention is 
paid to objective measures and more to the 
control of the many variables that in 
combination produce blast-furnace coke. 
Any improvement in control will result in 
more constant product, and this in turn 
will facilitate study of the results in the 
blast furnaces. Then by controlled experi- 
ments the optimum coke for a particular 
plant can be readily determined. 
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Elffects of Scrap in the Blast-furnace Burden 

By C. L. T. Edwards* 

(Chicago Meeting, April 1941) 


In the preparation of this paper, the 
author has drawn upon experience with the 
operation of a blast furnace on loo per cent 
scrap burden, which he believes was the 
first operation of its kind in the country. It 
is the writer’s further belief that much of 
the controversy attending discussions of 
this subject may be obviated by the pre- 
sentation of a group of facts that should be 
known by blast-furnace men and open- 
hearth men alike. 

The following question has been raised: 
“Is iron made with scrap in the blast- 
furnace charge as good iron as that made 
without scrap — made with straight ore?” 
This question may be answered in part by 
the fact that the open-hearth men of the 
Bethlehem Steel Co. who used pig iron 
from a blast furnace that operated on loo 
per cent steel scrap found no difl&culty in 
the processing of such iron other than that 
to be expected from the known analysis. 

Operation with ioo Per Cent 
Steel Scrap 

During World War I, there was accumu- 
lated at the Bethlehem plant of the 
Bethlehem Steel Co. some 22,000 tons of 
alloy-steel turnings and borings. This scrap 
material was highly corroded and, like 
alloy-steel turnings of that period, were as a 
drug on the market. There was also a small 
tonnage of scale, rich in valuable metal. If 
this scrap could be worked up into pig iron, 
it would become readily available for use in 
the open hearth. 

Manttscript r»:d[ved at tbe oSice ci tbe Institute 
Oct. IS, 1940. Issued as T.P, 1270 in Metai.s 
Tbchnoi-OCY, January 1941 and printed in Proceed- 
ings of Blast Furnace and Winw Materials Committee, 
XO41. 

* Bethlehem Stee^ Ox, BethMtem. Fa 


In order that the pig iron should contain 
the maximum percentage of nickel, permis- 
sion was obtained from the Management to 
try a 100 per cent scrap operation. Accord- 
ingly, a blast furnace was swung over on 
July 25, 1919; the percentage of steel scrap 
increased more or less irregularly until 
July 29, when 100 per cent steel turnings 
were charged. Except for occasional charges 
of nickel scale as an “extra,” the operation 
continued uninterruptedly until Aug. 27, 
when the furnace was swung back to the 
regular ore — ore and scrap — operation. 
During this period, the furnace production 
ranged from a low of 568.60 tons to a 
maximum of 766.07 tons. 

At the swing-over from 100 per cent 
scrap to the regular burden, the charge 
hung up rather severely. While the latter 
condition has nothing to do with the object 
of the paper, a brief discussion of the experi- 
ence will appear later because of the inter- 
est it may have for blast-furnace operators. 

In Table i, results of the first and last 
days of the ore charge are shown, July 25 
and July 29. The last colunm shows a 
summary for the period of maximum scrap 
charge. 

The furnace employed had a hearth 16 ft. 
o in., bosh 22 ft. o in., stock line 15 ft. 6 in., 
bell II ft. 6 in., batter ?£ in., bosh angle 
73® 27' and a Baker-Neuman top, with gas- 
engine blowers. 

Analyses Range of Material Charged 

Grasel: SiOi, 6440 to 70.54 per cent; 
AltOa, 3.52 to 4,58; CaO, 7.27 to MgO, 

5.09 to 6.14; FeO, 1.67 to 3.34, ignition loss, 
9.50 to 13*33. 



Table i. — Operation on Nickeliferaus Pig Iron 
D Furnace in 1919 
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ash, 12.78 per cent; sulphur, 0.91; 
volatile matter, 0.74; fixed carbon, S6.58; 
phosphorus, 0.030; moisture, 5.76. 

Limestone (calcite): SiOs, 2.50 to 4.08 per 
cent; MgO, 2.05 to 4.83; CaO, 51.4. 

Limestone (dolomitic) : Si02, 4.18 to 7.55 
per cent; MgO, 20.28; CaO, 29.54. 

Scale: Fe, 59.00 per cent; Si02, 13.2; Ni, 
1.61. 

Steel Turnings: Fe, 92.8 per cent; Mn, 

0.50; Si, o.ii; S, 0.034; P, 0.022; Ni, 2.12; 
Cr, 1. 00. 

Product 

Pig-iro 7 i Average for Run: Si, 1.08 per 
cent; S, 0.032; P, 0.0619; Mn, 0.535; 
2.106; C, 4.58; Cr, 0.90, 

Slag Average: Si02, 36.24 per cent; AI2O8, 
8.83; S, 1.22. 

Unquestionably, if a run of this sort were 
to be repeated today, a substantial im- 
provement aU along the line would be 
anticipated. Better furnace distribution 
would be obtained because of the modem 
filling system. A siliceous material of 
more uniform analyses would be used and 
a far superior grade of basic flux is avail- 
able. In retrospect, the venture proved a 
success from the start, although there had 
been considerable misgiving concerning the 
feasibility of such an operation. All of the 
pig iron produced was used in the produc- 
tion of forging steels of the highest quality, 
and no difficulty was reported from the 
metallurgical or open-hearth departments. 

In the production of pig iron from 100 per 
cent steel scrap, the physical quality of the 
iron, whether as hot metal or cold, was so 
little different from that normally expected 
from a furnace operating on 100 per cent 
ore that no one paid any particular atten- 
tion to it. When the furnace came “hoU^ 
and the sulphur below 0.04 per cent, the 
usual graphite made its appearance in the 
cast house. 

Scrap Classification 

There are two separate and distinct 
classes of scrap for blast-furnace use: 


1. Iron Scrap, on the order of iron cast- 
ings, cast-iron borings, pig iron, iron-ladle, 
mixer and runner scrap, ingot molds and 
the high-carbon irons. 

2. Steel Scrap, on the order of machine- 
shop turnings and borings, crops, punch- 
ings, flashings, detinned billets, plate, pipe, 
structurals and any of the miscellaneous 
steel junk collected by the old-fashioned 
rag picker. 

Because of their effects on blast-furnace 
practice and the general use for which the 
pig iron is intended, the principal elements 
for immediate consideration are shown in 
the two composite mixtures (Table 2). It is 


Table 2. — Elements in Two Classes of 
Scrap 


Element 

Cast-iron Scrap, 
Per Cent 

Steel Scrap, 
Per Cent 

Silicon 

0.30 to 3.2s 
0.03 too.2SO 
0.060 to 0.800 
2.15 to 4.7s 
0.40 to 0.85 

0.002 to 0.50 
o.ois to 0.06s 
0.010 to 0.10s 
0.020 to 1.20 
0.250 to 2.00 

Sulpliur 

Phosphorus 

Carbon 

Manganese. ..... 



to be noted that while the two classes of 
scrap vary widely within themselves, there 
is just as great a difference between the two 
general classifications. As the percentage of 
either of the two classes of scrap is increased 
in the furnace burden, the effect on the 
metallurgy of the furnace becomes more 
marked. A tremendous change accompanies 
a switch from steel to cast-iron scrap in the 
burden; in fact, the effect may be more 
marked than the switch from a basic ore 
mixture to a foundry ore mixture. From 
analyses shown, it will be seen that the use 
of scrap in the blast furnace cannot be 
promiscuous. 

Smelting versus Melting 

The opinion has been rather general that 
the charging of scrap into the blast furnace 
constitutes a cupola operation. This is by 
no means true, as in the blast-furnace 
operation with a 100 per cent scrap charge, 
no ore in the burden, it is essential for 
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proper operation to carry a normal blast- 
furnace slag. Therefore this constitutes a 
smelting rather than a melting process. 

Normally, about 85 per cent of the sul- 
phur entering the blast furnace enters ^^ith 
the coke. Cast-iron scrap may cany' as 
much as 0.16 per cent of its weight in 
sulphur, or more. The normal smelting 
operation will reduce this sulphur content 
to 0.025 per cent or less in the pig iron. As 
for the sulphur in the fuel (coke), from 90 
to gS per cent will be eliminated with the 
slag. 

It is general practice to reduce up to 1.25 
per cent by weight of silicon in basic pig 
iron. The reduction of this silicon, as well as 
the removal of sulphur in the slag, requires 
a certain miuTTnum of temperature. This 
means that 98.75 units of pig iron must be 
raised to the minimum degree of superheat 
in order that 1.25 units of silicon may be 
reduced and the necessary minimum of 
sulphur removed. 

A further indication of the intensity of 
the smelting operation is found in the 
carbon content of the pig iron from 100 per 
cent steel scrap. Although the scrap con- 
sisted of forging-quality steel, the carbons 
in the pig iron -ranged up to 4.74 per cent 
and possibly higher. From our experience 
with chromium, we know that the excessive 
carbons shown are due largely, if not 
entirely, to the presence of that element. 

The question as to the effect of 10 or 100 
per cent scrap in the blast-furnace charge 
cannot be answered in a few words. WTien 
discussing the effect of scrap on quality of 
pig iron, unless w'e can qualify our state- 
ment with the proviso that other things 
shall be equal, our commitment has little 
meaning. So many variables enter into the 
operation and production of a blast furnace 
that it becomes necessary to make correc- 
tions for inequalities; otherwise, irregulari- 
ties are inevitable. 

If it became imperative that the author 
answer the question, What effect does 10 
per cent or 100 per cent, scrap in the blast 


furnace have on pig-iron qualit3’? the 
answer would be, in two words, no effect. 
One can no more attribute a particular 
quality in pig iron to the use of scrap in the 
furnace burden than he can to the use of 
magnetite or hematite. Different qualities 
will be found in the pig irons produced from 
Adirondack and Swedish ores, if for no 
other reason than that the Adirondack 
ores are titaniferous. Both, however, are 
magnetic. 

As the percentage of steel scrap in the 
blast-furnace charge increases, the slag 
volume per ton of pig iron decreases, 
thereby djydng up the mix. The effect is 
analogous to that of gradually switching 
from a foundrj' mix to a basic mix. In such 
cases, where a furnace is set up on a 
^ceous mixture, the addition of steel scrap 
to the charge will be accompanied b3^ a 
decrease in silicon content of the pig iron. 
In such cases, the basic open-hearth man 
win say that the addition of scrap ” to the 
blast-furnace charge leads to better steel- 
making iron. WTien a furnace is set up for a 
fairty lean mixture, the addition of cast-iron 
scrap will cause a tendency toward a higher 
silicon pig (given the same sulphur). In 
such cases, the open-hearth man will claim 
that his results are not so good, even though 
his cost of pig iron may be a little less. 

When the open hearth is served with 
cast-iron scrap as a substitute for pig iron, 
and with highly corroded steel scrap, all of 
which is to be used in the production of 
high-quality steels, the problem becomes 
dfficiilt in the open hearth. By processing 
these scraps in the blast furnace, the sul- 
phur is removed from the cast iron; the 
oxides, as such, are removed from the steel 
scrap, and the product delivered to the 
open hearth as a “quality” raw' material. 

The effect that any pig iron has on a 
steelmaking mix is not especially due to the 
use of a particular raw material in the blast 
fiimace but is, rather, a matter of balance. 
The percentage of silicon in the pig iron 
must vary with the percentage of pig iron 
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in the open-hearth charge. When lowering 
the silicon content as a result of additions 
of steel scrap to the blast-furnace charge, 
this naturally speeds up the open hearth, 
providing a proper temperature has been 
maintained in the hot metal. 

Economics and Quality 

The economy of every blast-furnace 
operation is different from that of every 
other blast-furnace operation. Of primary’- 
importance in the use of scrap is the ques- 
tion of economy, and the strategic position 
of a furnace in relation to its sources of raw 
materials will probably be reflected in the 
quality of its product. The scope of this 
subject is so broad that it can only be 
touched upon briefly with examples: 

1. In order to work a heat of steel in the 
open hearth, it is necessary that the bath 
contain a certain minimum percentage of 
carbon. Where a plant has the facilities to 
do so, it can purchase rusty steel turnings, 
impregnate them with carbon and silicon 
in the blast furnace and deliver the product 
to the open hearth as hot metal. The advan- 
tage to be gained by such practice will be 
determined by the relative costs of melting 
in the open hearth and smelting in the blast 
furnace. 

2. Cast-iron scrap frequently is used as a 
substitute for pig iron in the open hearth. 
Such scrap can be desulphurized in the 
blast furnace and delivered to the open 
hearth as hot metal. 

3. Steel scrap of known source may be 
impregnated with carbon and silicon in the 
blast furnace, bessemerized into high- 
quality steel, or duplexed through the open 
hearth into special steels. 

4. When fuel prices become the domi- 
nant factor in the matter of costs, the use of 
iron or steel scrap in the blast furnace 
becomes a matter of immediate importance, 
as the fuel ratio may be reduced from 40 to 
possibly 50 per cent. 

5. Desirability in the use of scrap 
changes daily, the principal determining 


factors being relative costs of iron in the 
form of iron ore, steel, cast-iron scrap; 
the effect of coke prices on pig-iron costs, 
the need for production, spread between 
costs and selling prices and the uses for 
which the pig iron is intended. 

The author believes the following state- 
ments to be as axiomatic with scrap in the 
blast-furnace burden as when operating 
with ore only, and that furnacemen may 
feel safe in accepting them literally; also, 
that open-hearth operators should consider 
the merits of such points in so far as such 
knowledge may assist in diagnosing certain 
difliculties peculiar to their operations: 

6. Other things being equal: (o) as the 
temperature of the blast-furnace hearth 
increases, the carbon content of the pig iron 
and the ratio of graphitic to combined 
carbon will increase; ( 5 ) increase in silicon 
content will be accompanied by a decrease 
in total carbon and an increase in the ratio 
of graphitic to combined carbon. 

7. Silicon and sulphur are diametrically 
opposite in their effects upon carbon in pig 
iron, silicon favoring graphitization, while 
sulphur causes carbon to enter the com- 
bined form. 

8. Slow cooling favors graphitization. 

9. The silicon content of the pig iron does 
not vary uniformly with the hearth tem- 
perature when the ratio of silica to bases in 
the slag-forming material varies, and the 
silicon will not vary uniformly with tem- 
perature when the volume of slag-forming 
material varies. 

Conclusion 

There appears to be no reason funda- 
mental in nature for any difference in the 
qualities of pig irons produced from ore and 
from scrap. When differences do occur, they 
are complementary with the nature of the 
materials involved, and such variables are 
inherent in ore mixtures, just as in mixtures 
that include scrap. 

When residual elements such as copper, 
nickel or chromium appear in jng iron, 
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cognizance should be taken of such occur- 
rence and provision made for their digestion 
in the open hearth. 

Before scrap additions are made to the 
blast-furnace burden, the economics of the 
proposed practice and the use for which 
the pig iron is intended should be given 
fullest consideration. 

Notes PROii Experiexce 

First consideration had to be given to the 
necessity of producing an iron that could be 
used in the production of special steels — 
hence the liberal slag volume. 

Fuel requirements were judged through a 
combination of calculation and deduction. 
The trend in fuel consumption accompany- 
ing increasing percentages of steel turnings 
was known. 

We learned quickly that as the percent- 
ages of scrap increased beyond normal there 
was an accompanying decrease in top tem- 
perature. With loo per cent steel scrap we 
dropped the stock line about 12 ft. below 
normal, otherwise the top temperature 
would have been below the dew point. 
Lowering of the stock line would, almost 
certainly, have been forced in any event, 
because of the blast pressure. 

Furnace symptoms indicated an exten- 
sive cooling of the furnace, well down in the 
inwall. 

Daily consumption of fuel was not a 
dear indication of daily production. Vol- 
ume of casts varied widely. Regardless of 
fuel consumption, the temperature of 
succeeding casts showed little variation and 
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the reduction of silicon did not materialize 
as anticipated. 

The daily log shows no undue blast 
pressure until the swing-over from scrap 
to ore. Because of the cooled condition of 
the furnace, a fe-w blanks of coke were 
charged, followed by a conservative allow- 
ance of fuel for the normal ore charge and 
the furnace filled to regular stock line. 
Shortly thereafter, the pressure suddenly 
rose to the point where no gas appeared to 
be passing through the furnace. The tuyeres 
continued bright but showed no life. 

The diagnosis for the high pressure condi- 
tion was that the weight of the ore burden 
caused several of the large blankets of 
turnings to collapse when hot, thereby seal- 
ing the furnace. At this point, a steam 
blower was put on the furnace with instruc- 
tions to turn as slowly as possible, giving 
about 5 to 8 lb. pressure. In about 3 hr. the 
pressure relaxed without a slip and the 
blast increased rapidly to normal. We may 
assume that the steel scrap absorbed car- 
bon before melting, thereby lowering its 
melting point, after which the melt ran 
ahead of the coke, followed by drop in 
pressure. 

In further operations with 100 i>er cent 
scrap, it is the author’s suggestion that 
w'hen switching from scrap to ore, the 
lowest stock line permitted by top tempera- 
ture be maintained until it is reasonably 
certain that the last charge of steel turnings 
has been digested, after which a reasonable 
charge of fuel should be made for the 
purpose of preheating, and the furnace 
should be filled to the normal stock line. 



Temperature Gradients through Composite Carbon Columns 
and Their Application to Blast-furnace Linings 

By F, J. Vosburgh,* Member and M. R. Hatfield* 

(Chicago Meeting, April 1941) 


In a recent article, f it was shown that 
in the blast furnaces in Germany that 
are lined with carbon blocks no cooling 
plates are used, and that shower cooling 
is employed on the hearth and bosh 
sections. While one of the authors was 
in Germany he was told that one furnace 
was being operated without even the 
shower cooling on the bosh section, 
though the hearth section was shower- 
cooled. In discussion of this interesting 
situation with a number of blast-fur- 
nace operators in this coxmtry, it was 
made clearly and promptly evident that 
shower cooling was very unpopular, 
probably because of its messiness and 
its ineffectiveness. 

Both of the causes for the dislike of 
shower coolings are reasonable ones. 
Shower cooling can be and frequently is 
messy, but the present cooling of blast 
furnaces leaves much to be desired on that 
score. Shower cooling is ineffective as 
compared with plate cooling, so far as 
its usefulness in keeping the bricks cool 
enough not to melt or fall to pieces is 
concerned. 

However, the introduction of carbon 
linings changes the situation. No one is 
concerned with keeping a carbon lining 
cool, for no temperature in the blast 
furnace has any effect on carbon, which 
is just as stable at 3ooo®F. as it is at 7o°F. 
The only concern is for the shell — to keep 

Manuscript received at the office of the Institute 
Feb. 7. 1941* Issued as T.P. 1363 in Metals 
Technology, September 1941 and printed in Pro- 
codings of Blast Furnace and Raw Materials Com- 
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* National Carbon C^., Inc.. New York, N. Y. 
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it cool enough for safety and comfort — 
and for that shower cooling is sufl5.cient. 

Of course, with only the shell to cool, 
instead of the shell plus all the refractory^ 
material, much less water would be re- 
quired, and the necessity for constant 
attention to the flow would be lessened, 
as the hundreds of inlets and outlets 
would be eliminated. Probably half of the 
water used in cooling a blast furnace is 
used for cooling the shaft and tuyeres 
and the remainder for the bosh and hearth 
sections. 

However, in view of the dislike of shower 
cooling in the United States, and particu- 
larly because at least one German blast 
furnace is operated with no cooling of the 
bosh section, thought was given to the 
possibility that a carbon-lined blast furnace 
might be operated without any cooling 
of the entire carbon-lined portion. For 
that reason a series of experiments was 
performed to determine what might be the 
temperature of the shell of a blast furnace 
protected by a carbon lining and operated 
under varying conditions up to a maximum 
inside temperature of 3ooo®F. 

Experimental Procedure 

A schematic diagram of the experi- 
mental setup is shown in Fig. i and a 
photograph of the entire assembly in 
Fig. 2. 

The heating element was a carbon tube 
nominally 2% in. o.d. by 2 in. i.d. by 
30 in., used as a resistor. Power was fur- 
nished by a is-kva. transformer operating 
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at 60 cycles on 220 volts. Temperatures 
up to 5 ooo®F. were attainable. The current 
was controlled betw’een 200 and 650 amp. 
The terminals w’ere water-cooled graphite 
blocks. To prevent oxidation, the tube 
was packed in charcoal particles and 
nitrogen w^as circulated through it. The 
blocks tested w^ere of different grades of 
carbon and graphite, all 3^ in. square 
and 12 in. long. One end of the first block 
above the tube was cut out to fit the 
curvature of the tube. The second block 
was cemented to the first and then followed 
4 in. of coke particles held in an asbestos 
sleeve, this setup representing a tjpical 
carbon lining for a blast furnace as gen- 
erally used abroad. Above the coke 
particles was a steel plate i in. thick, to 
represent the blast-furnace shell. 

The test column was surrounded by 
9 in. of charcoal particles plus 2}^ in. of 
Sil-O-Cei brick, all contained in a Transite 
box. The upper face of the steel plate was 
uncovered and exposed to the air. Pre- 


which could be separated even during a 
run to give the desired heat control. 

Temperatures above iSoo'^F. w’ere taken 
with a Leeds and Xorthrup optical 



T'- Thermocouple 
P' Optical pyrometer 


Fig. I. — Diagram or test-column assembly. 

pyrometer; lower temperatures by iron- 
constantan thermocouples or copper-con- 
stantan couples, each one calibrated for 
the range in which it was used. The 



Fig. 2.— Experimental setup. 


liminary tests indicated the necessity for 
additional insulation to prevent radial 
heat losses, and this was accomplished 
by surrounding the column with a series 
of graphite cylinders, one above another, 


location of the points at which tempera- 
tures were taken are indicated in Fig. i. 

The most serious problem in experi- 
menting with carbon materials at hi^ 
temperatures is to prevent air oxidation, 
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since carbon begins to oxidize at 662®F. 
(35o°C.). The charcoal particles served 
very well, since the charcoal consumed 
the entering oxygen before it could attack 
the carbon blocks. The protection of the 
carbon sight tubes for the optical pyrometer 
was difficult, but was accomplished after 
some preliminary trials. 

The setting up and testing out of the 
apparatus was the more difficult part 
of the experiment. The taking of actual 
readings after a condition of equilibrium 
was reached took relatively little time. 


Table i. — Coolhig of Steel Shell 


Test Column j 

Type of Cooling 

Interior Tem- 
perature of 
Steel Plate, 
Deg. F.« 

la-in. grade S car- 

None 

324 

bon backed by 

Air blast: 

1 2 in. Carbocell 

10 ft. per sec. 

244 

(porous carbon) 
(Fig. 4).* 

25 ft. per sec. 

230 

50 ft, per sec. 
Water- vaporized, 
1. 1 lb. per hr. per 

180 


sq. ft. 

162 

24-in. grade CB-4 

None 

353 

carbon in two 

Air blast; 

12-in- sections 

10 ft. per sec. 

253 

(Fig. 3). 

2S ft. per sec. 

225 


SO ft. per sec. 
W ater- vaporized, 
1.5 lb. per hr. per 

160 


sq. ft. 

176 

1 2-in. grade AGX 
graphite backed 
by 1 2-in- Car- 

None 

378 

Air blast: 

10 ft. per sec. 

226 

bocell (rorous 

25 ft. per sec. 

176 

carbon) (Fig. s). 

50 ft. per sec. i 
Water-rfraporized, 

2 lb. per hr. per 

147 


sq. ft. 

i6s 


« Bottom sections of test columns kept at approxi- 
mately 30OO®P. tliroughout runs. 

* Carbocell is a trade-mark of the National Carbon 
Company, Inc. 

The resistor-tube current would be 
set at a predetermined amperage to 
produce a temperature at the bottom of 
the column of 1300® to i4oo®F. Continual 
adjustment was necessary during the 
’first few hours because the resistance of 
the tube varied with the temi>erature 
changes. As equilibrium was approached 
the current remained steady. IJsually 
3 da3rs was required for attainment of 
equilibrium, and duplicate readings over 


a period of 5 hr. w^ere considered satis- 
factory evidence that thermal equilibrium 
had been reached. Readings were taken 
for the ranges 1300® to i400®F., 2100® to 
230 o°F., and 3000® to 3ioo°F. 

Measurements on methods of cooling 
the steel shell followed, while the bottom 
of the column w^as held at approximately 
3ooo®F. First, air streams were directed 
across the steel plate at velocities of about 
10, 25 and 50 ft. per second, allowing 
24 hr. for reaching equilibrium at each 
rate. Finally water cooling was employed. 
This was accomplished by welding strips 
of metal around the plate to form a shallow 
box having the plate itself as the bottom. 
Water was run dropwise onto the plate 
and the amount needed to maintain a 
constant depth over the plate as the water 
vaporized was measured. 

Results 

The data on temperature gradients 
summarized in Figs. 3 to 5 represent 
several types of carbon stock available 
for lining blast furnaces. Fig. 3 shows the 
data for carbon stock such as is now used 
for lining various types of ferroalloy fur- 
naces, and probably the best grade for 
blaist-fumace use. The thermal conduc- 
tivity at room temperature is 2 B.t.u. 
per square foot per degree Fahrenheit per 
hour per foot. Data represented by Figs. 4 
and 5 were taken more to make com- 
parisons of materials having different 
thermal conductivities than with any 
idea that such materials would be used in 
lining blast furnaces, since both the 
porous carbon and the graphite would 
be much more expensive than the CB-4 
(carbon block) material, while the S-grade 
carbon would be 50 per cent higher in 
cost. The thermal conductivity of the 
porous carbon material is i B.t.u. per 
sq. ft. per deg. F. per hr. per ft.; for the 
graphite material it is 45 transversely 
and not less than 75 longitudinally, while 
for the S-grade it is 3 (TaWe 2). 
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The general conclusions that can be 
drawn from the experimental work con- 
firmed the knowledge that carbon is a 
suitable refractory material and indicated 


or softening at those temperatures, there 
is no necessity for cooling the furnace 
walls, insofar as protection of the carbon 
lining is concerned. The insulating quali- 



INCHES ABOVE HEAT SOURCE 

Fig. 3. — Temperature gradient through two sections of grade CB-4 carbon. 


that even at the temperatures encountered 
in a blast furnace it has an application 
as a lining material for certain parts of 
the furnace. Since there is no deterioration 


ties of carbon materials are showm by the 
temperature-gradient curves for the various 
grades of materials in Figs. 3 to 5. The 
equilibrium temperatures to be expected 


Table 2. — Thermal Conduclhities of Furnace-lining Stock 


Material 

Temperature 

Range, 

Deg. F. 

Data Source 

Heat Flow 
through Length 
of Test Column, 
B.t.u. per Hr. 
per Sq. Ft. 

Transverse, 
Thermal Con- 
ductivity K, 
B.t.u. per Sq- 
Ft. per Hr. per 
Deg, F. per Ft, 

CB-4 grade carbon 

Room 

1000-1800 

Fig. 3 

I,Z20 

2 

1.4 


1800-3000 

Fig. 3 

Z.X20 

z.o 

S-grade carbon 

1 

Room 

Fig. 4 


3 

2000-3100 

1,170 

X.3 

AGX (grapbite) 

Room 

Pig. 5 


45 

2400-2700 

I. 25 S 

2.7 

CarboceH stock (porous carbon) I 

Room 

^ 


1 

1100-2000 

1,170 

1. 1 


1100-2200 

Pig. 5 

i.ass 

l.Z 

Coke particles 

400-1 100 

Figs. 3 -S 

1 , 120 - 1,235 

o.SS 
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INCHES ABOVE HEAT SOURCE 

Fig. 4, — Temperature gradient through grade S carbon backed by Carbocell stock 

(porous carbon). 



INCHES ABOVE HEAT SOURCE 

5‘ — ^Temperature gradient through grade AGX graphite backed by Carbocell stock 

(porous carbon). 
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at any point within the lining for any 
temperature within a furnace may be 
predicted by interpolation of the cur\’es. 

It is clearly evident from the curves 
that, even when the hot end of the carbon 
blocks was kept at 3000®?., the maximum 
temperature to be expected in a blast 
furnace, the temperature of the plate 
representing the shell of the furnace is at 
a relatively low temperature. It is believed 
that the conclusion may be drawm from 
the data that a blast furnace lined with 
carbon up to the mantel may be safely 
run with no cooling of that part of the 
furnace, except for the tuyeres. It is 
presumed that regardless of the data, 
emergency cooling of some sort -would be 
provided; showier cooling, w^ater troughs 
or air blast. 

Elimination of the expensive plate 
cooling of the low^er half of a blast furnace 
by the substitution of a simpler form of 


cooling should markedly reduce the cost 
of blast-furnace construction. As carbon 
blocks basically are more expensive than 
ceramic brick, the sa\ing in construction 
of the cooling section is important in 
that the total cost for either t>"pe of lining 
is approximately equal. 

The reduction in the amount of w’ater 
used would be of little importance except 
when water is scarce or expensive on 
account of treatment. The reduction in 
heat losses would probably be of little 
consequence, not over 2 per cent at a 
maximum. The reduction in maintenance 
might be an item of some importance. 

It is possible that the fact that the 
uncooled carbon lining could be operated 
safely at higher temperatures than the 
wrater-cooled bricks would have some 
value metallurgically, in view of the 
effect of higher temperatures on silica 
and sulphur. 



An Evaluation of Factors Affecting Iron Oxide 
in Open-hearth Liquid Steel 

By J. E. Gould,* Member A.I.M.E., and H. J. HANDf 

(New York Meeting, February 1942) 


Many independent studies are being 
made on slag-metal relationships in the 
open-hearth furnace, and these studies 
cannot help but result in an ultimate im- 
provement in the quality of open-hearth 
steel of both the open and killed types. In 
maintaining quality control at the National 
Tube Company’s plant, emphasis has been 
placed on an evaluation of the iron oxide 
content of the steel in as quantitative a 
manner as possible, in order that the most 
desirable level of oxidation might be ob- 
tained for a given type of steel, and to 
secure a more precise basis for final de- 
oxidation. In the past, various methods 
were used for estimating FeO content of the 
metal at tap to ensure uniform and 
thorough deoxidation of killed steel, avoid- 
ing overdeoxidation to minimize the 
amount of inclusions present and to make 
as sound a steel as possible. For the open- 
type steels, such control involves obtaining 
the necessary level of oxidation for the 
most suitable action of the steel in the 
molds to provide good surface quality and 
cross section for the specific grade involved. 

While rapid analytical methods are avail- 
able for determination of FeO in the liquid 
metal, such methods are still not sufficiently 
rapid for routine control on the open-hearth 
floor, nor do such analyses provide informa- 
tion as to what causes high or low FeO 
values. The method of sampling can still be 
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considered a problem in view of the vari- 
ability encountered in taking simultaneous 
duplicate tests. With the accurate rapid 
methods now available for determining 
carbon in the metal, estimating slag 
basicity and obtaining temperatures of 
liquid metal, it was believed possible to 
determine the influence of the various 
furnace reactions in establishing the state 
of oxidation at a given time. Simultaneous 
slag and metal tests were used in this 
analysis, aided by statistical methods, to 
determine the factors that affect the metal 
FeO, and also to make a quantitative 
evaluation of these factors. 

Data obtained are from actual furnace 
operations, the metal test being of the 
spoon, Herty type, and taken in duplicate. 
Metal temperatures were taken with the 
open-tube bath pyrometer developed by the 
Research Laboratory of the United States 
Steel Corporation. This method of taking 
open-hearth metal temperature was in- 
vented by Collins and Oseland,^ and was 
developed into its present form by L. 0 , 
Sordahl,* of the Research Laboratory. The 
instrument and its mode of operation have 
been fully described by Sordahl and Sosman 
in three publications.®*^*® Slag components 
were obtained by chemical analysis. Data 
were taken from four 165-net-ton furnaces 
during the working period of the heat. 
Recognizing that additions of ore affect the 
metal FeO, no tests were included within 
30 min’, after ore additions. In all, 65 tests 
{48 heats) were used in this study. 


1 Reference are sbown at tbe end of paper. 
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Constituents determined, each of which 
was considered of potential effect on metal 
FeO, are shown in Table i. Also shown are 
the maximum, minimum, and average 
values. 


Table i. — Slag a 7 id Bath Components Con- 
sidered, and Range of Variation 


Component, Per Cent 

Mini- 

mum 

Aver- 

age 

Maxi- 

mum 

Steel: 

fc:;:;::;;;:;:::::; 

0.04 

0.28 

j 

i 1.03 

0.07 

0.13 

1 0.21 

, beO] : 

0.07 

0.19 

0.38 

Slag: 

(SiOs) 

8.04' 

12.8s 

23.40 

(CaO; 1 

33 -941 

43-71, 

51.08 


0-991 

1.89 

2.79 

(MnO) 

3.81: 

6.08 

13.29 

(PeO) 

I2.40j 

18.71 

30.8s 

(FejO«) 

(Total Pe) 

2 - 35 | 

12.36 

S.91 

18.62 

9-33 

30.23 

%CaO 

“ %SiOa+ 0 . 634 Si P*Oi 

1 . 70I 

1 ! 

3. 12] 

S-15 

Temperature, deg. F 

1 2&go j 

2967 

1 

30SS 


Fetters and Chipman® have developed a 
method for estimating FeO in the metal 
from carbon in the metal, total slag FeO, 
with correction for slag basicity, and they 
say that by use of this estimation FeO may 
be predicted mthin a standard deviation of 
15 per cent. By this method of expres^g 
prediction, the absolute accuracy of the 
prediction decreases as the carbon content 
decreases or as the FeO of the metal 
increases. B. M. Larsen^ considers that the 
more fundamental factors controlling FeO 
in the metal are; slag basicity, carbon con- 
tent, and temperature of the metal; whereas 
the effect of iron oxide content of the slag is 
not a primary factor usable directly for 
control. 

The statistical methods employed in the 
current analysis are those involving multi- 
ple correlation, which is an entirely differ- 
ent method of attack from that used by 
Fetters and Chipman,® in that the methods 
employed herein enabled: (i) evaluation of 
the independent quantitative effect of each 
factor, even though intercorrelated with 
other factors affecting^ FeO in the metal; 


(2) the simultaneous consideration of all 
factors in the determination of [FeO]* in a 
given case; (3) an estimate of the impor- 
tance of the various factors considered 
individually or simultaneously on the 
regulation of [FeOj; (4) a measure of the 
improvement in the variation in [FeO] 
values after eliminating the quantitative 
effect of the influencing factors (this estab- 
lishes the accuracy" writhin which [FeO] can 
be predicted). These methods are described 
by Ezekiel,® Wallace and Snedecor,® and 
Smith, discussion of which is beyond the 
scope of this paper. Suffice it to say that 
these methods require, because of the 
multiplicity of the calculations involved, 
the use of punched tabulating cards and 
fully automatic calculating machines for 
completion of calculations within a reason- 
able period of time. Solution of the equation 
involved, considering the seven factors 
used, gives the individual effect of each of 
the factors. We are also enabled to deter- 
mine any interdependence existing between 
the factors. 

The seven factors considered in their 
effect on [FeO] were: carbon, manganese, 
slag MnO, slag FeO and FejOt, tempera- 
ture, and R value. 

Presentation or Results 

Since, as aforementioned, the solution of 
the equation immediately integrates the 
results of all factors concerned, we have a 
solution in the empirical equation; 

xi — a -V b(J)xi + c(J)xt + d(J)xA 

+ • • • [i] 

where xi is the dependent variable and x*, 
xj, etc., are the independent variables 
being investigated with a, 6, c, etc., deter- 
mining the slope of the relationship. 

For carbon, the equilibrium expression at 

one atmosphere is A% = [cjp ^ Q] " ^ 

* Brackets refer to metal percentage, paren- 
theses to slag percentage. 
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the solution of the equation herein the 
function of this variable has been taken to 
be the h3rperbolic function expressed by the 

equation, absence of 

any contrary evidence, the effectiveness of 
aU other factors was taken to be linear. Sub- 
sequent checks were made for curvilinearity 
on the resultant equation, giving confirma- 
tion to these assumptions. 

It is interesting to call attention to the 
approach of the statistical methods of solu- 
tion. The equations were worked out, direct 
correlations between the factors obtained, 
and the interdependent correlations* deter- 
mined before any attempt at graphical 
representation of the data was made. Solu- 
tion of the empirical Eq. i gives the follow- 
ing equations for [FeO]; 

[FeO] = —0.322 -h + o.o798[Mn] 

-1- 0.001 1 (MnO) + o.ooi9(FeO) 

+ o.oo34(Fe203) — o.oobyi^ 

+ 0.00013 Tj? [2] 

[FeO] = -0.299 + + o.ii8S[Mn] 

- 1 - o.ooo3(MnO) + o.oo3s(Fe) 

— o.oo82jR *+- 0.0001 2 Tj- [3] 

[FeO] = -0.296 + + o.i28o[Mn] 

+ o.oo3s(Fe) — o.ooSsi? 

+ 0.00012TF [4] 

Elements are expressed in percentages, R 
in units, and temperature in degrees 

Fahrenheit. 

An factors studied are included in Eqs. 2 
and 3, with Eq. 3 expressing total iron in 
the slag instead of FeO and Fe203 sepa- 
rately as used in Eq, 2. Eq. 4 considers only 


* Direct correlation, as used in this paper, 
refers to the meastared effect of one variable on 
another with other factors varying at will. 
Interdependent correlation is interpreted as 
the effect of one variable on another with all 
other considered factors constant. See Table 4 
for direct correlations. 


those factors foimd to be of most probable 
statistical significance with total iron being 
used instead of FeO and Fe203, since Eqs. 2 
and 3 account for equal percentages of 
total variation (90 and 89.2 per cent). 

In Eq. 4, the five remaining factors are 
carbon, manganese, total iron in the slag, 
basicity, and temperature. Carbon in the 
metal and total iron in the slag are of 
unquestionable statistical significance, and 
the remaining three factors, while in the 
expected direction, are of inconclusive 
statistical significance. A more positive 
statement concerning manganese, basicity, 
and temperature cannot be made because 
of the limited amount of data and, more 
likely, the slight effect that these factors 
may actually have. 

In Table 2, the total percentage of the 
separate determinations is shown to be 89.4 
per cent. The interpretation of this value is 
that this is the percentage of all variation in 
[FeO] that has been accounted for by the 
factors considered based upon the data 
under consideration. The percentage of 
direct determination (72.9 per cent) repre- 
sents the magnitude of the direct effect of 
each of the factors (carbon, manganese, 
total iron in the slag, basicity, and tempera- 
ture) on [FeO]. The difference between the 
72.9 and 89.4 per cent represents the added 
effectiveness of the intercorrelation between 
these factors.* The figure shown for 
5(0.0247) represents the new standard 
deviation for the data after evaluating the 
effective factors. This compares with the 
original standard deviation of the distribu- 
tion of 0.075 all of the [FeO] determina- 
tions. Unconsidered variables account for 


* To illustrate the full implication of separate 
and direct determination, without mathe- 
matical involvement, all variation would be 
accounted for if the percentage of either were 
100. If percentage of direct determination is 
100, then there is no combined effect between 
the variables. The difference between separate 
and direct determination is a measure of the 
magnitude of joint effects between the variables 
that are incapable of direct evaluation. 
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the remaining variation, and it is most 
reasonable to assume that these imcon- 
sidered variables are related to sampling 
and analytical limitations rather than to 
mathematical limitations. The greatest 
evidence substantiating this assertion is 
that the duplicate tests for [FeO] showed a 
standard deviation only slightly lower than 
the S found (0.018 was the standard 
deviation for the duplicate tests). 


ganese almost a 50: 50 probability of being 
due to chance alone. 

In order to illustrate the degree to which 
each of the five significant factors affects 
[FeO]j an evaluation has been given in the 
center portion of Table 2. This is further 
brought out in Figs, i and 2* As the factor 
increases from the minimum to the maxi- 
mum value encountered (as given in Table 
i), the FeO can change within the values 


Table 2. — Data Relative to Significance atid Determination of Factors Studied 



Signiffcance 

Independent Quantitative Effect on FeO 
from Equation 4 


Factor 

From 

Equation 2 

From 

Equation 3 

mination from 
Equation 4 


pa 

pa 

Most Probable Value 

Separate 

Direct 

Cl 

Less than i in 

I billion 

Less than i in 

I billion 

Prom 0.05-0.06 % C, FeO decreases 0.031 ^ 
From o.io-o.ii % C, FeO decreases o.ooS % 
From 0.30-0.31 % C, FeO decreases 0.001 % 
Prom 0.60-0.61 % C» FeO decreases Q.0005 

+77.0 

67,4 

[Mn] 

(MnO)... 
(FeO) .... 
(FesOd... 

3 out of s 

4 out of S 

I out of 3 

I out of 3 

2 out of 5 

9 out of 10 

+0.006 % FeO for 0.05 fj Mn increase 

-4.6 

0.6 

(Fe) 

I out of SO 

+0.0035 % FeO for I % Fe increase 
—0.004 % FeO for 0.05 R increase 

+ IS.6 

4.4 

R 

Tempera- 

I out of 3 

I out of 4 

— 1.4 

0.4 

ture. . . . 

I out of 4 1 

i 

I out of 4 1 

+0.012 % PeO for ioo®P. increase 

Total per cent accounted for 

+ 2.8 

S9.4 1 

o.i 

72.9 


• Probability that effect of factor is due to chance. 

Standard deviation of error ( 5 ) considering all variables 0,0247. 


The prime importance of carbon in deter- 
mining the [FeO] is evident from Table 2, 
since it accounts for three fourths (77 per 
cent separate determination) of the total 
variation explained, and the effect of carbon 
from Eqs. 2 and 3 can be due to chance less 
than one time in one billion. The signifi- 
cance of the effect of total iron in the slag is 
brought out by the probability that this 
effect could be due to chance is one time 
out of fifty. The measured effect of iron in 
the slag as compared with carbon 
indicates the total iron in the slag to be 
about one fifth as important. The effects of 
manganese, basicity, and temperature, if 
real, are small. Statistically, basicity and 
temperature have a one out of four proba- 
bility of being a chance effect, with man- 


shown in Table 3 . It is well to bear in mind 
that in considering each of the factors — for 

Table 3. — Change in FeO 


Per Cent [FeO] 


Variable 

For Mini- 

1 For Maxi- 

For Range 


mum of 

mum of 

of 


Variable 

Variable 

Variable 

! 

0.12 

0.34 

0.22 

0.16 

0.23 

0.07 

Tr 

o.iS 

0.20 

0.02 

R \ 

0.17 

0.20 

0.03 

[Mn] 

0.18 

0.20 

0.02 


example, total iron in the slag — ^when that 
factor is considered, the other four factors 
are at their average value. 


* The numeral beside each point indicates 
number of results used in obtaining value. 
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Previous investigators, from theoretical FeO in the metal is shown, with all other 
considerations, have shown values for the factors maintained at their average value. 
FeO-carbon equilibrium product from The points shown are adjusted to the aver- 
0.008 to o.oi . It is interesting to note that age value for each of the remaining vari- 



%[c] 

Fig. I. Relationship between casbon and FeO in metal (other observed factors 

constant). 


the statistical considerations here have 
shown this constant to be 0.0092, with a 
constant supersaturation for all carbon 
contents. In Fig. i, this supersaturation is 
shown to be 0.115 per cent, this being the 
difference between the two equations as 
follows: 


Equilibrium curve [FeO] = 


Developed curve [FeO] — + 0.115 


In Figs. I and 2, the direct relationship 
between the factor considered and per cent 


ables; for example, a point plotted on the 
carbon curve (Fig. i) is for the average 
(Fe), [Mn], J?, and temperature for all of 
the data. The dose agreement of these data 
with the curves is apparent, except with 
that for residual manganese, and indicates 
that the linear curves for all but carbon are 
probably the best fit. For carbon, the 
hyperbolic curve is virtually a perfect fit. 
A word of caution is necessary at this point ; 
that is, that extrapdation beyond the range 
actually encountered for the variable con- 
sidered may be precarious. To illustrate 


J. E. GOULD AND H. J. HAND 


Si 


this, additional data were obtained with becomes more basic in character, the avail- 
total iron less than 1 2 per cent (not used in able iron in the slag for reduction becomes 
this analysis), which indicated that below less, because of formation of stable lime 
this value the effect on [FeO] became ferrites. 



zaoc 2300 3000 3100 AO .20 .3(0 

Fig. 2. — Independent relationships of basicity, Fe in slag, temperature and residual 

MANGANESE WETH FeO IN METAL. 

negligible- It will further be noted that In Fig. 3, a comparison between direct 
[FeO] increases with increasing tempera- correlation of carbon and metal FeO 
ture, but decreases with increasing basicity, obtained from our data and that obtained 
The reason for the latter is not readily by Fetters and Chipman® is shown. Also 

apparent, but Fetters and Chipman® found included is the curve from Fig. i, showing 

this to be true, and an additional check the independent relationship of carbon 

made by the present authors on data from imaffected by (Fe), [Mn], temperature, and 

another plant also confirmed it. The R. The intercorrelation of these factors 

explanation may be related to the fact that affects the curve to the extent that [FeO] 
the direct correlation between slag basicity is shown as too low at high carbons and too 
and [FeO] is positive, but as the slag high at low carbons, simply because the 
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direct correlation curve does not strictly from the carbon effect can be visualized, 
follow the hyperbolic curve as does the While carbon is the most important single 
independent curve. factor on the whole in its effect on [FpO], it 

Since the carbon relationship as already is clearly seen from this figure that above 



VoCc]— ^ 

Fig. 3. — Direct correlation of carbon with metal FeO, compared with independent 

RELATION AND FeTTERS-ChIPMAN DIRECT CORRELATION. 

shown is for the average value of the effec- 0.20 per cent carbon total Fe in slag is a 

tive factors, it would be interesting to very important consideration. The lower 

perceive the effect of carbon on [FeO] for curve in a similar manner illustrates the 

extreme values of total Fe in slag and of minor effect of temperature, 

temperature. This is shown in Fig, 4. In the In working through the statistical 
upper part of the curve the carbon-FeO methods employed it is possible to obtain 

relationship is shown for 10 per cent and the direct correlation between ah of the 

30 per cent Fe in slag. The in-between curve variables studied with but little additional 

is the relationship between carbon and effort. In Table 4, these correlation values 

[FeO] with the average (Fe) value at each are given (perfect correlation is i). Atten- 

of the points rather than the average tion is directed to the fact that carbon 
for all points. In this figure the magnitude correlates very well with all of the factors 

of the effect of (Fe) on [FeO] as distinct studied except basicity. Accordingly, the 
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value of the other factors affects carbon, 
and in that manner considerable variation 
in relationship between carbon and [FeOl is 
possible, depending upon the types of slags 
carried on the bath. The authors believe 
that the only satisfactory manner in which 


Summary 

The object of this study has been to 
determine and evaluate mathematically the 
factors affecting FeO in open-hearth liquid 
metal. It has been found that carbon is of 
paramoimt effect, total Fe in slag is second 



Fig. 4. — Effects of carbon on FeO in metal as rNFiUENCEn by extreme values of total Fe 

IN slag and temperature. 


this true relationship can be established is 
by a method that makes due allowance for 
aU these other factors (statistical approach 
to steel-plant data) or by keeping them 
constant (virtually impossible even with 
laboratory methods). Note also that [FeO] 
has a high correlation constant with several 
of the factors, each of which is of probable 
significance, as shown from the multiple 
correlation study. 


in importance, and temperature, basicity 
of slag, and residual manganese may be 
statistically significant in effect; but such 
effect, if real, is minor in magnitude. The 
influencing factors have been found to 
account for 90 per cent of variation in FeO 
in metal and enables it to be determined 
mathematically almost as accurately as 
duplicate tests will analyze. The carbon 
relationship as determined statistically 
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Table 4. — Summary of Direct Correlations: Slag^ Bath Composition and Temperature 


1 

Factor 1 [Mn] 

' (FeO) 

' (FeaOa) 

(Fe) 

(MnO) i 

R 

Temper- 

ature 

[PeOI 

I i . 

rq ! 

Mn] 

(FeO) 

(FesO*) 

(Fe) 

(MnO) 

Temperature i 

1 

+ 0.764 

-0.741 

i 

+ O.S 79 

- 0-574 
+ 0.828 

1 : 

! 

1 

+ 0.747 i 

— 0.719 
+ 0.988 
-{-0 . 886 

-0.390 

+0 . 807 
-0.540 
— 0.511 
-0.550 

+ 0.216 

— 0.286 
+0.464 
+ 0.542 

+0,515 

-0.494 

+0.508 

-0.139 

+0.175 
+ 0.013 
+0.161 

— 0,066 

— 0 . 009 

+ 0.944 

-0.575 
+ 0.750 
+ 0.584 
+ 0.742 

-0.341 

+ 0. 192 

+0.497 


n == 65. 

r (correlation coefficient) must exceed 0.363 in order to be significant. 


from actual data has been found to fit the 
thermodjnamic equilibrium curve with a 
constant supersaturation. 
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DISCUSSION 

(r. 5. Washburn presiding) 

R. C. Good,* Pittsburgh, Pa. — Have the 
mihors found it possible to use the developed 
i^mula to calculate the loss of manganese from 
— i — 

* Metallurgical Engineer, Electro Metal- 
lurgical Co. 


additions made to the steel in the furnace prior 
to tapping? 

K. L. Fetters,* Pittsburgh, Pa. — The 
authors’ utilization of the methods of multiple 
correlation directs attention to the wide and 
fruitful field that awaits investigation by such 
methods. 

Fetters and Chipman® used partial correla- 
tion methods to express the FeO in the metal in 
terms of the carbon in the bath and the FeO in 
the slag. They determined values of the con- 
stants/, g, and h for a great many heats for the 
equation 

[FeO].v “ Q H” ^(FeO)Totai + h 

Their data included heats from eight different 
producers of steel and the only subclassification 
that was made was the division of the data into 
several ranges of slag basicity. On looking back 
at that paper, it is now evident that the tests 
from one of the plants (or perhaps more) were 
not consistent with the indications of the bal- 
ance of the data. Much improved accuracy of 
estimate, approaching that of the present 
authors, might have been obtained by elimina- 
tion of these now questionable data. Similarly, 
had the data of Gould and Hand been available 
at the time of this previous study, they would 
have been inconsistent with the general indica- 
tions of the balance of the data. This does not 
detract in any way, however, from the validitj’ 
of the conclusions reached by Gould and Hand, 
and certainly the results show good consistency 
for their plant. There is also added accuracy to 
be gained in the allowance that has been made 
for temperature in the present case, which 
could not be done in the previous instance 

* Assistant Professor of Metallurgy, the 
Carnegie Institute of Technology. 
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because of the unavailability of temperature 
determinations. Fig. 5 shows the generally 
accepted average value of the carbon-ox>*gen 
relation for open-hearth data, and in the same 



Fig. 5. — C.AJIBOX-OXYGEN REL.ATIOXS IX THE 
OPEN HE.ARTH AXD .AT EQUILIBRIUM. 

figure the equilibrium curve based on the recent 
Nlarshall-Chipman' work. The present results 
are w’ell above the usual open-hearth values, 
and the present authors’ plot of the equilibrium 
curve in their Fig. i is from earlier data and 
represent lower values than are accepted at 
present. 

The high values that Gould and Hand show 
for the carbon-ox>’gen product based on their 
tests are undoubtedly to J^e explained by their 
sampling method, which involves the repouring 
of tests and which previously has been found to 
give higher and more erratic oxygen results 
than does the bomb test. 

The authors’ Fig. 2 calls for some comment. 
This figure shows the independent relationship 
between the FeO in the metal and other 
variables of interest. In each case, the trends 
have been determined by the methods of 
multiple correlation, and purport to show the 
relation between just two variables with all 
other variables at their average value. This 
statistical concept should not be confused with 
any physicochemical implication where such 
constancy of all but two of the components of a 
reaction is impossible. An instance will make 

^ S. Marshall and J. Chipman: Trans. Amer. 
Soc. Metals (1942) 30, 695--74I. 


this clear. The authors show that as the 
manganese in the bath increases .with all other 
variables at their average value , the FeO in the 
bath increases. Xow consider the reaction 



Fig. 6. — Petrogr.aphic thix section op 

OPEX-HE.ASTH FIXISHIXG SL.AG SHOWING UXDIS- 
SOLA”ED DIC.ALCIUM SILIC.ATE. X lOO. 

between FeO in the metal and manganese in the 
metal according to the equation: 

[FeO] 4 - [Mn] = i MnOi -f [Fe] 

The equilibrium constant for this reaction 
may be written as: 

r. UPeO X ilMn 

A = or 

U.MaO X UFe 

_ [FeO] X [Mn] 
fMnOjXlFel' 

The likelihood is small that the FeO and the 
manganese in the metal both increase at con- 
stant values of the other variables. Independent 
relations as determined statistically by the 
methods of multiple correlation are therefore 
not to be confused with the physicochemical 
relations that may exist between the same 
variables. 

One should always temper conclusions that 
have been drawn on the basis of the chemical 
analyses of slag samples, since these analyses 
may include undissolved phases as well as those 
which were liquid and therefore effective in the 
slag-metal reactions. Fig. 6 shows the appear- 
ance of the petrographic thin section of a slag 
U-pical of many open-hearth finishing slags. 
The blocks” are dicalcium silicate, Ca2Si04, 
that was not in solution in the liquid slag but 
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that would have been determined by analysis. 
It would be of interest to study the slag-metal 
relations between a series of slag and metal 
samples where all the slag samples represented 
slags in which all phases were in solution and 
therefore effective. 

The stated purpose of this paper is to set up 
better methods for estimation of the FeO in the 
metal than heretofore were available. It seems 
pertinent, therefore, to ask the authors how the 
method works in practice, and how many of the 
factors they find it necessary to determine to 
estimate the FeO in the metal with usable 
accurac}" for deoxidation calculations. 

G. SoLER,* Canton, Ohio. — The paper pre- 
sented by Gould and Hand appears to have 
immediate practical value. Carbon is shown to 
be the major factor' in the control of FeO in 
open-hearth liquid metal, with total Fe in the 
slag as a secondary* factor. Temperature exerts 
only a minor effect. 

In steelmaking practice a definite oxygen end 
point governed by oreing down to a constant 
carbon could be attained when the heat is 
tapped and carbon to meet the final analysis is 
added to the ladle. The final deoxidizing addi- 
tions of aluminum and silicon could be made to 
the steel based on the total iron content of the 
slag. This type of control would be especiaUj^ 
valuable in the making of semikiUed steels. In 
the making of fully killed steels, usually a 
surplus of deoxidizing agents is added, conse- 
quently such close control methods would not 
be fully utilized. 

J- E. Gould and H. J. Hand (authors’ reply). 
In reply to Mr. Good’s question: No attempt 
has been made to calculate the loss of manga- 
nese from final additions, although possibly this 
could be done by estimating the FeO in the 
metal from the carbon and total iron in the slag 
and correlate this estimate with the actual 
manganese loss. 

* J^Ianager Research and Mill Metallurgy, 
The Timken Roller Bearing Co., Steel and Tube 
Division. 


We agree with Dr. Fetters that statistical 
concepts must not be confused with established 
physicochemical concrete implications, and 
Dr. Fetters correctly questions the validity of 
increase in FeO in the metal with increased 
residual manganese. However, attention is 
called to Table 2, which indicates that the 
effect of residual manganese on FeO in the 
metal is due to chance, which is 3 in 5 from Eq. 
2 and 2 in 5 from Eq. 3. It is very likely, then, 
that the indicated effect of [Mn] on [FeO], as 
showm in Fig. 2, is due entirely to chance, and 
certainly’ is due to its conflict with estab- 
lished physicochemical theory. It Tvould prob- 
ably" be better to consider residual manganese 
along -with MnO in slag as ineffective factors. 
As to how the method works in practice, we 
would state that carbon and total iron in the 
slag would be the only factors required in any 
practical program for utilizing the information 
in connection with deoxidation. Actually, for 
low-carbon steels imder o.io per cent carbon, 
carbon in the bath would probably be sufficient, 
except for a wide variation of total iron in the 
slag. For intermediate carbon steels, up to, say, 
0.25 per cent carbon, both carbon content and 
total iron in the slag would be necessary, and 
for high-carbon steels the total iron in the slag 
would be sufficient. 

In reply to Mr. Soler’s remarks, we would 
state that the greatest utilization of our data is 
made on fully killed steels, to avoid adding too 
great a surplus of deoxidizing agents, particu- 
larly additions of aluminum and silicon. 

It might be added, also, that extensive 
developments are occurring in the field of 
applying methods of multiple correlation which 
serve to speed up the calculation technique and 
develop methods designed to answer other 
pertinent questions in connection with the 
problem involved. While in this investigation 
iron oxide in the metal w-as made the independ- 
ent variable, in other studies it could serve as a 
dependent variable and determination could be 
made of its effect. 



Distribution of Manganese and of Sulphur between Slag and 
Metal in the Open-hearth Furnace 

By L. S. Daskex''" and B. Af. Larsen,* Member A.I.M.E. 

(Xew York Meeting, February 1942) 


Some years ago we collated all labora- 
tory data then available to us on the dis- 
tribution at equilibrium of manganese and 
of sulphur between metal and simple slags, 
and used the results in setting up an equa- 
tion, which proved to be in accord with 
determinations of the distribution ratio 
of manganese and of sulphur between 
liquid steel and open-hearth slag, over a 
wide range of operating conditions. We 
now present an outline of our calculations 
and inferences on these two closely related 
questions, which are of especial importance 
because of the advisability of consersdng 
manganese w’herever possible. In general, 
our results show that in the open-hearth 
furnace equilibrium between metal and 
slag, with respect to both manganese and 
sulphur, is substantially attained during 
the finishing period of the heat, or in about 
a half hour to an hour after any additions 
were made. This implies that the end result 
will be identical whether manganese is 
added as alloy or metal to the liquid steel 
or as oxide to the slag. The proportion of 
total manganese retained by the steel is 
favored: (i) by use of the minimum amount 
of lime, consistent with other operating 
limitations, required to give a lime-silica 
ratio of about 2.4, which usually corre- 
sponds to a minimum practical slag volume; 
(2) by a high concentration in the slag 
of MnO relative to FeO; (3) by high 
operating temperature. Absorption of sul- 
phur by the slag from the liquid metal is 

Manuscript received at the office of the Institute 
Dec. 16. 1941. Issued as T.P. 1481 in Metals Tech- 
nology, Augus± 1942. 

* Research Laboratory, United States Steel Cor- 
poration, Kearny, N. J, 


favored: (i) by large slag volume; (2) 
by a high concentration of active (or 
^‘free'O Ihne and of manganese oxide dis- 
solved in the slag; (3) by low concentration 
of silica, iron oxide, and phosphate dis- 
solved in the slag. 

Distribution of ALang.anese between 
Slag and Metal at Equilibrium 

On the basis that the distribution of 
manganese between liquid steel and slag is 
controlled by the reaction 

FeO-j- Mn 5^MnO-f- Fe r,. 

slag metal slag metal 

the distribution at equilibrium, at a given 
temperature, is expressed by the equilib- 
rium constant for this reaction, which is 
defined as 

^ gMnO* flFe 

where a is the acti\aty of the molecular 
species denoted by the subscript. The 
acti\’ity of each of the several components, 
although it is not known precisely, is 
approximately equal to the concentration 
of each component expressed as its mol 
fraction; that is, as the ratio of the number 
of mols of the given component to the 
total number of mols of aU the molecular 
species present in the metal or slag, as the 
case may be. Aloreover, since the activity, 
or concentration, of iron in the liquid 
metal is in fact substantially constant, the 
term Op* may be combined with K'* to give 
a new constant K\ Making these changes, 
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and rearranging, Eq. i may be written: 


nr 1 w I 

- (feO) ^ A" 


[ 2 ] 


where [ 3 /?^] represents* the mol fraction of 
manganese in the metal and {MnO) and 
{FeO) represent that of ]MnO and FeO 
respectively in the slag. 

Inasmuch as the total number of mols 
in the metal (per unit weight) is sensibly 
constant, p/«] is directly proportional to 
the weight per cent of manganese, and it is 
convenient to express it in this manner. 
Moreover, since the total number of mols 
In the slag appears in both numerator and 
denominator of the ratio (MnO) /(FeO) it 
cancels out; so that in this case w’e may 
simply use the number of mols of MnO 
and FeO present in any given amount of 
slag, which for convenience, we have taken 
as loo grams. For practical use, therefore, 
it is convenient and sufficient to use Eq. 2 
in the form 



(MnO) 

(FeO) 


[3] 


A laboratory^ determination of this con- 
stant for a wide range of temperatures 
has been made by Korber^ with results that 
can be represented, in terms of our units, 
by the equation 


log K = 


10710 

T 


2.877 


w'here T is expressed in degrees absolute on 
the Fahrenheit scale; thus the necessary 
data for the simple system are at hand. 
In the open-hearth furnace, the slag is, 
however, a much more complex system 
than that involved in the simple reaction 
A; hence, in endeavoring to apply Eq. 3 
to open-hearth data, we are forced to make 
some simplifying assumptions with respect 
to the constitution of the slag. These are: 

1. That all the manganese in the slag is 
present as free MnO. 

2. That all the iron in the slag is present 
either as free FeO or FegOa. 

3. That all the Fe203 is in effect reduced 
to FeO at the slag-metal interface accord- 
ing to the reaction 


where iT is a new constant. 

This relation shows that the concentra- 
tion of manganese in the metal is controlled 
by the ratio of the concentration (activity) 
of ]MnO in the slag to that of FeO, and 
that for the simple system represented by 
reaction A, the weight per cent of manga- 
nese in the metal at a given temperature 
can be predicted from obser\'ed values of 
this ratio, provided the value of the con- 
stant K for that temperature is known. 

• In accordance with usage, brackets denote 
the concentration of a constituent in the metal 
phase; parentheses, that of a constituent of 
the slag. If the symbol for a given constituent 
appears in italics, the concentration is expressed 
as a mol fraction; that is, as the number of 
gram-molecular weights of the given constit- 
uent di\dded^ by the total number of gram- 
molecular w'eights of all the molecular species 
present. If the s^nnbol for the constituent is in 
Roman type, the concentration is expressed as 
mols per 100 grams of slag or metal, as the 
case_ may be. The subscript w after the paren- 
thesis or brackets indicates that the concentra- 
tion is expressed in weight per cent as deter- 
mined directly by chemical analysis. . 


Fe203+ Fe ->3FeO (B) 
slag metal slag 

so that each mol of Fe203, as determined by 
analysis, is equivalent to 3 mols of FeO. 
On this basis the total equivalent FeO* is 
the sum of the FeO existing as such and 
the FeO equivalent to the FcbOs present; 
throughout this paper this total equivalent 
FeO is used whenever the concentration of 
FeO is involved. 

4. That the influence of the other oxides 
present in significant quantity in the slag — 
specifically, CaO, P2O5, Si02 — can be char- 


^ References are at the end of the paper. 

* The calculation of the equivalent FeO is 
illustrated by the following example: Suppose 
a slag contains 14 per cent FeO and 2.5 per 
cent PeaO* per 100 grams of slag. There are, 
therefore, =0.195 gram mol of FeO and 
2.5/160 = 0.0156 gram mol of Pe20». But 
each mol of PesO* is, according to reaction B, 
equivalent to 3 mols of FeO ; hence, the equiva- 
lent PeO is 0.195 4 - 3 X 0.0156 = 0.242 mol 
FeO per 100 grams slag. 
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acterized by an appropriate coefficient, 
commonly called the basicity ratio, which 
expresses the effective concentration of 
CaO in relation to that of SiOo. The very 
small residual concentration of phosphorus 
in the metal indicates a very small degree 
of dissociation of the lime phosphate com- 
pounds in the slag, and we assume, as has 
been done by others, that it combines with 
lime to form 4Ca0*P205, an assumption 
that 3delds satisfactory* results not only in 
correlating obser\’ations on the actual dis- 
tribution of manganese between slag and 
metal, but, as is shown later, yields satis- 
factory" results for the analogous distribu- 
tion of sulphur. As a matter of fact, as long 
as the concentration of PaOs in the slag is 
3 per cent or less, it makes little difference 
whether one assumes the compound present 
in the slag to be 4Ca0*P205 or aCaO-PeOg. 

On this basis, the ratio L of the concen- 
tration of ^‘effective” CaO to that of 
Si02 is 

(CaO) - 4(P205^ 

^ ” (sm 

which is a measure of the number of mols 
of CaO that are available for combination 
vdth. each mol of silica, or of other oxide 
aside from P2O5. Thus, a ratio of 2 signifies 
that 2 mols of CaO are available for com- 
bination with each mol of SiOa. 

With the aid of the above set of assump- 
tions, vre can compare the concentration of 
manganese in the metal as calculated by* 
means of Eq. 3 with that obser\*ed in open- 
hearth practice, and can estimate how the 
presence of an appreciable amount of other 
oxides influences the distribution of manga- 
nese between slag and metal. In order to 
make such a comparison, we collected a 
group* of more than 100 fairly* complete 
analyses, both of slag and of metal, of 
samples taken from basic open-hearth 
heats, covering a wide range of composition 

* This group comprised data based on our 
own investigations, and hitherto tmpublished, 
together with all pertinent data available in 


of both steel and slag, in which the follow- 
ing favorable conditions obtain: (i^ the 
bath temperature appeared to be satis- 
factorily* measured; (2"^ the composition of 
both slag and metal was obtainable by* 
anah’sis of substantially* simultaneous 
samples; the final reactions were pro- 
ceeding slowdy* enough to justify* belief in 
a reasonably close approach to equilibrium 
between slag and metal. The manganese 
content in the metal, calculated from these 
data, by means of Eq. 3 and of Korberis 
values for the equilibrium constant K, was 
compared with the result of direct deter- 
minations of manganese in the metal, as is 
illustrated in the following ty'pical example. 
The available data were: 

Temperature 29io“F., for which K — 2.0 
The metal contained 0.32 per cent Mn 
The slag contained 10.95 per cent MnO, 
14.0 p>er cent FeO, 
2.5 per cent FesOa 

In 100 grams of slag there w'ere 10.95 
grams or 0.154 gram mol of MnO; the 
equivalent FeO, as used in Eq. 3, is 0.242 
mol: hence. 


[Mn],. = i-i 


0.242 


0.2S 


which compares very* well with the obser\*ed 
value of 0.32 per cent. In this case, the ratio 
M of the observ'ed to calculated value of 
[Mn] is 0.32. 0.2S or 1.14. 

The results of the w'hole series of com- 
parisons made as just outlined are given 
in Fig. I, in which, for the sake of clarity*, 
the ratio M has been plotted as a function 
of the basicity* ratio L as defined earlier. 


the literature, particularly in the papers listed 
below: 

A. X. Diehl: Yearbook, Amer. Iron and Steel 
Inst. U926) 404-440. 

H. Schenck: Archiv Eisenhutienu'esen (1929-30^ 
3 » 505 “ 53 Q’ 

E. Maurer and W. Bischof: Ergebnisse der 
angeu\ Physik Chem (1931) i, 109-197.^ 

P. Bardenheuer and Thanheiser: Miti. K. W. 

I. Eisenforsch. U 935 ) I 7 , Abt. 2S0. 

Our own data, av*ailable when these calcula- 
tions were made, are presented in Table i. 



Table i. — Slag and Meial Analyses 
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VtiB first test In each heat was taken shortly after conpleto melt -down (except those marked *), the final test shortly before 
tap. Bath temperature woe measured by optical pyrometer, sighted on dark bubbles In the slog, with a correction determined 
by comparison with two other nethodai It was also compared to the tapping temperature on the stream leaving the furnace. 
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If there were perfect agreement between 
calculated and observed values for [Mn]«-, 
the points would lie on a horizontal straight 
line corresponding to the ratio M = i.o. 


FeO are substantially free rather than 
combined with Si02 or other oxides; or 
more generally, that both MnO and FeO 
are combined to the same extent; moreover, 



1.0 1.5 2.0 2.5 3.0 3.5 4.0 


MOL RATIO - IN SLAG 

Fig. I, — Comparison of ratio M of observed to calcul.\ted residu.\l manganese in open- 

hearth HEATS AS RELATED TO LIME-SILICA RATIO L, 


In view’ of the probable inaccuracies in the 
data, arising from errors in sampling and 
analysis from errors in temperature meas- 
urement and from possible lack of attain- 
ment of equilibrium (since it is difficult to 
be sure in practice that equilibrium is in 
fact established) perfect correlation is not 
to be expected; the scatter, as shown in 
Fig. I, proves to be surprisingly small and 
the general trend is clearly e\ddent. 

WTien L is greater than about 2.4, M is 
reasonably constant and is close to unity, 
indicating that over this range of basicity 
the manganese concentration in the open- 
hearth bath can be calculated w’ith satis- 
factor>" accuracy from the equilibrium 
constant for the simple reaction represented 
by reaction A, on the basis of the specific 
assumptions made. From this it is inferred 
that, whenever L exceeds the value of 
about 2.4, the molecules of both MnO and 


that the Fe203 indicated by analysis be- 
haves as though it w’ere FeO of equivalent 
oxygen content; and, further, that near 
the slag-metal interface it is not present to 
an appreciable extent as an ‘‘inactive” 
compound, such as a lime ferrite, even 
though some such compound may be 
present near the upper surface of the slag. 

The marked decrease in M w’hen L is 
less than about 2.4 suggests that the silica 
in the liquid slag is present predominantly 
as a stable dibasic silicate. When L is 
greater than 2.4, it is probable that the 
predominant silicate is 2Ca0.Si02, but 
as the ratio of amilable CaO to Si02 de- 
creases tow’ard 2 the activity of CaO, or 
the effective concentration of “free” CaO, 
becomes small, and other molecules, such 
as MnO, FeO, MgO, begin to take the 
place of lime in dibasic silicates such as 
CaO.MnO.SiO2, CaO.FeO.SiO2 or CaO.- 
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!Mg0.Si02, with a resultant removal of 
“free,” or active, MnO or FeO from the 
slag. Were MnO and FeO equally active 
in entering such combinations, the effective 
activity ratio (and hence M \ 

would remain almost unchanged; but the 
fact that as L decreases from 2.4 the actual 
concentration of manganese in the metal is 
progressively lower than that calculated on 
the basis that FeO and MnO are equally 
available for reaction indicates that MnO 
has a greater tendency than FeO to be 
“neutralized” as a dibasic silicate. This 
interpretation suggests further that these 
dibasic compounds are fairly stable, being 
but little dissociated into their components 
at ordinary steelmaking temperatures; and 
that tricalcium silicate {3Ca0.Si02), though 
it may be formed in the more basic slags, 
is not present as such unless there is more 
than enough CaO to combine with all the 
Si02 as dicalcium silicate (that is, L > 2'K 

This general picture of the slag is helpful 
in the discussion of the distribution of 
sulphur between metal and slag. 

Distribution of Sulphur between 
Metal and Slag 

The sulphur in the liquid metal is, when 
present within the usual range of concen- 
tration, all dissolved; for convenience in 
expression, it will be regarded as present 
as FeS, and the assumption, as before, 
will be that its acti\dty is proportional to 
its mol fraction; hence, because this is 
always small, to its concentration as deter- 
mined by analysis. It could be present also 
as MnS, but certain calculations, men- 
tioned later, indicate that less than 5 per 
cent of the sulphur can justifiably be 
thought to be present in the liquid metal 
as MnS. 

In the liquid slag phase the only molec- 
ular species containing sulphur significant 
to our present purpose are FeS, MnS, CaS. 
This statement requires some discussion 
in view of the fact that analysis of solid 
open-hearth slag usually indicates that 


some 20 to 40 per cent of the total sulphur 
is present as sulphate, probably mostl3’ as 
calcium sulphate. Nevertheless, there can 
be little, if any, sulphate at the slag-metal 
interface when the equilibrium between 
slag and metal is established. 

The reaction in the slag is 

CaS04 CaS + 2O2 [C] 

and its equilibrium constant = po^ 

<2c»S04 

whence it follows that the acti\dt\’ ratio 
3.t equilibrium varies inversely 
as the square of the partial pressure (p^.) 
of oxygen existing at any point within 
the slag. From data in the literature on 
related reactions, it is possible to calculate 
the equilibrium attained in this reaction 
over the range 2750" to 305o"F. with 
ample accuracy for our present purpose; 
because of this, and of the fact that the 
mode of derivation is rather complex, it 
will not be discussed further except for 
the statement that the concentration of 
sulphate becomes insignificant when pQ, 
is io“® or less. At the slag-metal interface, 
poi is actually not larger than lo'®, 
whence Ue.s presumably 

(CaS) (CaS04l] would be at least io‘.* 
Accordingly’ we proceed on the basis, as 
stated above, that the total sulphur in 
the slag, as determined by analysis, is — as 
far as the present purpose is concerned — 
present as sulphide. This basis is supported 
by the fact that the proportion of sulphate 
to sulphide, as determined on a large 
number of slags, bears no relation to slag 
composition, and by the circumstance that 
the above assumption yielded the most 
consistent and reasonable interpretation 
of the obser\’ed distribution of sulphur as 
related to slag composition. 

* At the upper slag surface, pot undoubtedly is 
considerably higher and, though not accurately 
known, may well be high enough to cause 
absorption of oxygen and formation of CaSO*; 
this, together with the oxidation occurring 
during removal, freezing and grinding of the 
slag sample, accounts for the sulphate found by 
analysis. 
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On this basis, then, for the liquid slag, 
(S) = (FeS) + (MnS) + (CaS) where (S) 
is the total number of gram atoms sulphur 
for loo grams slag, as determined by 
analysis; accordingly, the sulphur distribu- 
tion ratio 

= jgj ((FeS) + (MnS) + CaS)) [4] 

[S] being the corresponding concentration, 
expressed in appropriate units, of sulphur 
in the metal. The problem, therefore, is to 
evaluate, with sufficient accuracy, the 
acti\dty of each of these three sulphides in 
a complex silicate solution. 

As a first step in this direction, consider 
the following pair of similar reactions 
proceeding to substantial equilibrium in 
the liquid slag: 

FeS + CaO ?:± CaS + FeO [D] 
FeS + MnO ^ MnS + FeO [E] 

We may write 

(CaS) = 5 " (FeS) [5] 

and 

(MnS) = C"-^^^X(FeS) [6] 


correspondingly, by dividing [S] by Xm, 
the total number of mols per loo grams 
metal, and each of the several slag terms 
by Nsi the total number of mols per loo 
grams of slag, Eq. 4 is transformed to 


(S) X^ (FeS) 

[S] ^ “ [S] ^ N. 

(1 -f jB" — — -I- C" 

V + (FeO) + ^ 


(MnO)\ ^ , 
(FeO)j 


On the basis of the assumption made earlier 
that all sulphur in the metal is present as 
FeS, the number of mols of sulphur in the 
metal is equal to the number of mols of 

FeS; hence, the term j-gj • X ^ is 


equivalent to X which is the 

equilibrium constant for the interchange 
reaction 


FeS ;:±FeS 

metal slag [F] 

Denoting the value of this equilibrium 
constant by A', we may write: 


[S] ^ Ns 


= A' 



B" 


(CaO)/ 

(FeO) 


(MnO) 

:(FeO) 



where (CaO)/ represents the “free” or 
“ active ” CaO, as defined later. Assuming, 
as before, that mol fraction is proportional 
to activity for each of the molecular species 
here concerned,* and changing the units 

* It may be noted that such expressions in 
terms of molal concentration are useful if the 
ratio of activity to mol fraction (or activity 
coefficient y) remains reasonably constant over 
the range considered, even though the solutions 
are far from ideal. For example, the data of 
Chipman and TaLi* on the reaction 


During the refining period of the open 
hearth, the liquid metal is always a quite 
dilute solution for which Nm is substantially 
constant; furthermore, the value of [S] and 
of (S) — expressed as mols per 100 grams 
of metal and slag, respectively — is directly 
proportional to the weight per cent of 
sulphur in the metal or slag. Incorporating 
these changes in Eq. 8 and adjusting the 
constants, gives 


Ha -}- PeS ^ HaS -f Fe 
gas liquid gas liquid 

indicate a linear relation between the ratio 
ps^/pH^ (which is proportional to the activity 
of sulphur) and the sulphur content of iron up 
to 1.2 per cent sulphur by weight. Thus y^^ is 
apparently nearly constant over this range, 
even although, as noted later, this solution 
must deviate considerably from ideal behavior. 




n, (CaO), 

(FeO) 


, ^, (MnO) 
(FeO) 



But if the slag and metal are sub- 
stantially at equilibrium, the ratio 
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(MnO)/XFeO) can be expressed in terms 
of the manganese content of the metal 
and the equilibrium constant for the dis- 
tribution of manganese according to 
reaction A, Thus, from Eq, 3, 


(MnO) 

(FeO) 


= K[Mn]y: 


whence, as an alternative to Eq. 9, 




B 


. (Cap), 
(FeO) 


+ C[Mn]„) 


[ 9 «] 


The value to be used for (FeO) in Eq. ga 
is the total equivalent FeO as calculated in 
the study of the distribution of manganese. 

The ratio (S)«,/[S]u„ that is, the ratio of 
the sulphur content of the slag to that of 
the metal, as determined experimentally , 
is now expressed explicitly in terms of the 
following factors: (i) the total number of 
mols in the slag, iV,; (2) the effective con- 
centration of “free” lime relative to that 
of FeO in the slag; (3) concentration of 
manganese in the metal; (4) three con- 
stants, A, B' and C. And from the relation- 
ships expressed by these equations certain 
useful qualitative conclusions can be 
drawn at once regarding the inffuence of 
these factors upon the distribution of 
sulphur between slag and metal at equilib- 
rium; specifically, other things being equal, 
the concentration of sulphur in the metal 
is lessened and that in the slag is increased; 

1. By an increase in the ratio (CaO)// 
(FeO), which is simply a statement of the 
fact that a high effective concentration of 
free lime relative to that of FeO in the 
slag aids in desulphurizing the metal. 

2. By an increase in the ratio (MnO)/' 
(FeO), or by what is equivalent, raising the 
concentration of manganese in the metal. 
This is, in effect, a statement of the influ- 
ence of the distribution of manganese on 
that of sulphur. 

3. By an increase in the total number 
of mols per 100 grams of slag. This con- 


clusion is significant in that it shows that a 
change in the molecular species existing 
in the slag may influence the distribution 
of sulphur, even though the reacting 
molecules do not themselves contain sul- 
phur. For example, a reaction between 
CaO and P2O5 or SiOs to form a phosphate 
or silicate decreases the total number of 
mols and in consequence lessens the value 
of the ratio (S)ar^ [S]«. For most effective 
desulphurization of the metal, therefore, 
it is desirable to have as large a value of 
Xt as is consistent with other requirements. 

If it is desired to go beyond these qualita- 
tive deductions to a quantitative use of 
Eq. 9, it is necessan’ to evaluate the several 
concentrations and constants appearing 
therein. The values of (S),,, [S]«., [Mn]«., 
(MnO) and (FeO), the last being the total 
equivalent FeO as defined earlier, are 
directly determinable in any given case by 
chemical analysis, but the values of the 
constants . 4 , B\ and C, and of -Vi and 
(CaO)/, are not so determinable. They 
can, however, be determined with satis- 
factory^ accuracy by other methods, as is 
shown in the sections that follow; the 
constants, which need be evaluated but 
once, from laboraton," data and from 
statistical studies, and the terms X, and 
(CaO)/, by making certain simplifying 
assumptions. 


Determination of Constant A 

The simplest and most direct method 
of evaluating the constant A is from data 
on slag-metal melts in which: (i) no manga- 
nese is present; (2) the concentration of 
free or active CaO is substantially zero; 
(3) the constitution of the slag is simple 
enough to permit a reasonably accurate 
calculation of JV#, the total number of 
mols. Under these conditions, the second 
and third terms within the parenthesis of 
Eqs. 9 vanish, leaving the relation 


" IS], ^ N. 


[10] 
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in which all the terms on the right-hand 
side are experimentally determinable. The 
conditions listed above appear to be met 
satisfactoril}' by the measurements of 
Bardenheuer and Geller^ for the distribu- 
tion of sulphur between liquid iron and 
an FeO slag. Their numerical data inserted 
in Eq. 10 give a value of .4 = 2.6 for a 
temperature of i6oo°C. This value, which 
we consider the best for this constant, is 
entirely in accord with the indications of 
other methods. It is, for example, in 
excellent agreement with the data pub- 
lished by Fetters and Chipman.^ 

It is also interesting to note that it is 
within the range obtained from a stud}'- 
of the melting diagram of the system 
Fe-FeS, which indicates a positive devia- 
tion from Raoult’s law^ so great that the 
system appears to be on the verge of 
exhibiting liquid immiscibility. 

If the liquid in this system w^ere an ideal 
solution, and if the solutions of FeS in 
slags with w’hich the liquid metal is in 
equilibrium w^ere also ideal, the mol frac- 
tion (activity) of FeS in each w^ould be 
equal; that is. 

Ns ^ Nr. 

where Ns is the total number of mols per 
100 grams of slag and Nm is the correspond- 
ing value for the metal. From this it 
follow’s that 

[SU "" Nm 

and substituting in Eq. 10 



Since the metal is a quite dilute solution, 
Nm is substantially equal to the number of 
mols of iron present per 100 grams of 
metal, and on this basis 



If, how'ever, solutions of FeS in Fe are not 
ideal, the value of A should be 0.56 multi- 
plied b}' the activity coefficient of FeS 
in molten iron, and if this activity coeffi- 
cient can be evaluated the correction can 
be made. 

In many binar>^ nonideal solutions, for 
a given component, the value of its activity 
coefficient, y, is approximated by the 
expression 

log y = ail — mol fraction)- [ii] 

wffiere o; is a constant. It can further be 
shown that if this relation holds, the 
condition that the system Just border on 
immiscibility is that y = 0.87; hence, at 
low sulphur content, logy^es approaches 
0.87, or ypes = 7-4j wffience 

A = 0.56 X 7.4 = 4-I- 

The inflection, which indicates an ap- 
proach to a miscibility gap in the melting 
curve of the system Fe-FeS, occurs at 
about i35o®C., so that the calculated 
value 4.1 wDuld be expected to be slightly 
greater than the true value and consider- 
ably greater than that obtaining at higher 
temperatures as the system approaches 
ideal behavior more closely. Extrapolation 
of the data of Bardenheuer and Geller 
indicates that at i35o°C. A has a value of 
about 4, in remarkably good agreement 
writh the estimate made as above. As the 
miscibility *gap does not, in fact’, appear 
in the system at i6oo°C., these considera- 
tions indicate that at i6oo°C. the value 
of A is less than 4.1 but greater than 0.56. 

The measurements of Korber^ on the 
high-sulphur portion of the system iron- 
manganese-sulphur permit a more accurate 
estimate of the activity coefficient yp^s- 
For instance, his data show that at i6oo°C. 
a slag composed of FeS and MnS, in which 
the mol fraction of FeS is 0.5, is in equilib- 
rium with liquid metal containing 6 per 
cent sulphur and r per cent manganese; 
that is, it is in equilibrium wdth metal 
in which the mol fraction of FeS is o.ii. 
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On the basis that the solution of FeS in 

MnS is ideal, = ^7^ = 4-5? ^^'hence 

.4 = 0.56 X 4*5 = 2.5, again in good agree- 
ment with the value obtained from the 
measurements of Bardenheuer and Geller. 

Finally, Chipman and Ta Li,- in com- 
paring their equilibrium data for the 
reaction 

Ho + FeS HoS + Fe [G] 

gas metal gas metal 

at i6oo°C. with an extrapolation of corre- 
sponding data of Britzke and Kapustinsky 
for lower temperatures, find a discrepancy' 
of 0.65 log units when mol fractions are 
used in place of activities. If this dis- 
crepancy is considered as occasioned by 
the departure from ideality of solutions of 
FeS in iron at the higher mol fractions, 
log 7Fes “ o-^Sj whence y^^ = 4.5 and 

= 0.56 X 4.5 = 2.5. The agreement be- 
tween this value and that obtained from 
the measurements of Bardenheuer and 
Geller, must, however, be regarded as 
fortuitous, in view of the uncertainties 
involved in the extrapolations made by 
Chipman and Ta Li. 

The selected value, A = 2.6, sets about 
the minimum value of the sulphur dis- 
tribution ratio. In certain systems in which 
the slag is relatively acid and the manga- 
nese content of the metal is also low, a 
value of the ratio (S)w/[S]w as low as 1.5 has 
been observed, which happens when the 
value of iV^« is as low as about 0.6. 

Determination of Constant C 

Having thus evaluated the constant 
the value of C can be determined from 
measurements of the sulphur distribution 
ratio in a slag-metal system containing 
manganese but with a slag such that the 
effective concentration of lime approaches 
zero; provided, of course, that the total 
number of mols in the slag iV", can be 
approximated with satisfactory accuracy. 
Data that meet these conditions have been 


reported by Bardenheuer and Geller^ for 
the system Fe-Mn-O-S (containing small 
amounts of S) and by Meyer and Shulte® 
for the system Fe-Mn-S, CaS being absent 
in each case. A replot of these several sets 
of data yields a value for C of 9.1 and ii.o, 
respectively. 

These values are in reasonable agree- 
ment with the results of a statistical 
analysis by Fetters and Chipman^ of data 
for 650 open-hearth heats, though these 
results are not strictly comparable. For 
example, on the assumption that the aver- 
age value of N, is 0.80, Fig. 16 of their 
paper indicates that C is 14 for a basicity 
ratio above 2.5 and 10 below 2.5. Moreover, 
Korberis measurements on the system 
Fe-Mn-S at 1600° are in good agreement 
with the results reported by Meyer and 
Schulte and correspond to a value of ii 
for C. 

An approximate value for C may also be 
obtained from the solubility product of 
MnS in iron saturated with graphite as 
determined by Joseph and Holbrook.® 
Taking into account the increase in the 
distribution ratio of FeS between slag and 
metal occasioned by the presence of carbon, 
as is discussed later in this section, it is 
found that for steel, C = 8. 

Reviewing these several estimates of 
C, we have selected the rounded value of 
II.O as best. . 

Determination of Constant B' 

If the value of the constant A is known, 
that of constant B' can be determined 
from data on the distribution of sulphur 
between metal and a slag containing CaO 
but no manganese. Suitable data for syn- 
thetic slags of CaO and FeO have been 
reported by Bardenheuer and Geller.* 
They plotted their data directly in terms of 
percentage of the several constituents, but 
a better method is that indicated by Eq. 9; 

that is, to plot the ratio (S)»/lSIw X ^ 
against the ratio {CaO)//{FeO), the term 
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(FeO) being as before the total equivalent 
FeO, and the term (CaO)/, the concen- 
tration of free lime, being calculated on 
the basis that the small amount of Si02 


Evaluation of Xs and of {CaO)f 
An accurate calculation of the number of 
mols of the several constituents coexisting 
in a liquid slag is hardly feasible at present 



Fig. 2. — Effect of (CaO) //(FeO) ratio on distribution of sulphur between metal and 

SYNTHETIC SLAGS. 

(Data from Bardenheuer and Geller^s laboratory melts). 


present is combined as 3Ca0.Si02, an 
assumption whose justification is dis- 
cussed later. When data are plotted in 
this manner (Fig. 2), the intercept gives 
the value of A and the slope the value of 
5', which for the GUrve shown is 7.7. 

The data of Fetters and Chipman^ on 
the distribution of sulphur in the system 
CaO-MgO-FeO-SiOj lead to the somewhat 
lower value of 6 for the constant B'. Their 
data do not, extend, however, to the high 
concentrations of CaO near the binaiy 
system CaO-FeO; moreover, it is impossible 
to approximate the binary system satis- 
factorily because of the high amount of 
FesOs present, presumably as a ferrite, 
at equilibrium; consequently, more weight 
was given to melts containing the pre- 
sumably inert diluent CaFj. Therefore the 
value 5' = 7.7 has been selected as the 
best. 


but a satisfactory estimate can be made on 
the basis of the following reasonable 
assumptions: 

1 . The significant compounds present are 
FeO, MnO, CaO, 4Ca0.P205, and various 
calcium silicates. 

2. In a slag whose basicity is above about 
2.0, all the FeO and MnO are uncombined, 
a view that is justified on the basis of the 
data presented for the distribution of 
manganese (Fig. 1). 

3. The concentration of free Si02 is 
vanishingly small and the silicates present, 
which are chiefly disilicates or trisilicates, 
contain but one mol of SiOt so that the 
number of mols of the several silicates 
present is the number of mols of SiOj as 
given directly by chemical analysis. 

4. No ferrite is present, an assumption 
that is based upon the low oxygen pressure 
existbg at the slag-metal interface. 
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5. No compound of the type R2O3.RO is 
present. 

6. In the more basic slags, the solubility 
of MgO is so small as to be negligible. 


close to the full line, intercepting the 
abscissa at a ratio L = 2.0, which indicates 
that there is essentially no free lime in a 
slag for which L is less than 2.0; in other 



1.0 zo 2 J 5 3.0 as 4 £> 4.5 5.0 

BASICITY - L 

Fig. 3. — Open-hearth data showing relationship between ratio (CaO)//(CaO) and the 

LQIE-SILICA RATIO. 

A, best straight line through points. 

5 , theoretical curve for AT' == « 

C, theoretical curv’e for K* = 0.40 

D, theoretical curve for K' =* 0.35 
£, theoretical curve for = 0.30 
F, theoretical curve for K' — o 


On the basis of these assumptions: 

N. = (FeO) + (MnO) + (SiOj) + (PsOs) 
-h(CaO), [12] 

where all quantities are in mols per loo 
grams and (CaO)/ is the number of mols of 
“free” or uncombined CaO. Comparing 
this expression with Eq. 9 shows that the 
only factor not directly determinable by 
chemical analysis of slag or metal is (CaO)/, 
hence these equations may be used to 
calculate the concentration of “free” lime 
in an open-hearth slag. This has been done 
for about 50 analyses of slag-metal pairs 
taken from open-hearth furnaces, with the 
results shown in Fig. 3, in which the ratio 
(CaO)//(CaO 0 , where (CaO)/ is the num- 
ber of mols of “free” lime per 100 grams of 
slag and (CaO') is the difference (CaO) — 
4{PsOs), is plotted as a function of the 
baadty ratio L. The points fall reasonably 


words, the compKJund 2Ca0.Si02 is stable 
and does not dissociate appreciably, a 
conclusion that is supported by the fact 
that there is a sharp p)eak in the phase 
diagram for the system CaO-SiOj at the 
composition corresponding to the com- 
pound 2Ca0.Si02. This approxiinate linear- 
ity of the ratio (CaO)// (CaO') over an 
appreciable range of the ratio £ is to 
be expected on the basis that there is 
an equilibrium between 2CaO.SiOs and 
3CaO.SiOs, as is shown later in the section 
on the constitution of liquid slags. 

In view of the approximate character of 
the data, the solid line in Fig. 3 suffices as a 
bads for calculating the value of (CaO)/, 
since this line may be represented by the 
equation 

(CaO)/ r ^ 
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whence (CaO)/ = 0.21 (L — 2).(CaO'). 
This relation may be substituted in Eqs. 9 
and ga to give: 


(S).» 

[S]„ 


= iV.[2.6 + i.6^S^(L 


(FeO) 

4- ii.o[Mn]„j [13] 


where the only quantity that cannot be 
evaluated directly from chemical analysis 
is Ns, the total number of mols per 100 
grams of slag. But A% may be evaluated for 
a slag with a basicity ratio greater than 2.0 
by combining Eqs. 12 and 12a, thus, 

Ns = (FeO) + (^InO) + (SiOs) + (P2O5) 
+ o.2i(L - 2).(CaO0 

When the ratio L is less than 2.0, iY» can 
be evaluated satisfactorily by assuming 
that disilicates other than 2Ca0.Si02 are 
present in the slag; that is, that, if possible, 
one mol of Si02 is always combined with 
2 mols of metallic oxide; thus, when L is 
less than 2.0 

N. = (SiOo) + (MnO) + FeO) + (P2O5) 

-- 2[(Si02) - i/2(CaO0] [14I 

This approximation admittedly is a rough 
one, but it is sufficiently accurate for the 
present purpose, since when L is less than 
2.0 the ratio (S)w/[S]« is small and not sensi- 
tive to a change in the value of Ns. 

Equations 13 and 14, which are based 
primarily on laboratory studies of simple 
slag systems, now provide a comprehensive 
relation governing the influence of the 
several factors involved upon the desul- 
phurizing power of an open-hearth slag, in 
which each of the factors is expressed in 
terms of a quantity readily calculable from 
chemical analysis of the slag or metal. 

Before proceeding to test the extent to 
which this relation represents the behavior 
of the slag-metal system in a commercial 
furnace, two of the assumptions implicit in 
Eq. 13 should be discussed a little further; 
i.e., the effect of temperature, which has 
been, thus far neglected, and the con- 


sequences of the assumption that all the 
sulphur in the metal exists as FeS. 

Efect of Temperature 

Since none of the terms of Eqs. 13 or 14 
involves temperature explicitly, it is of 
interest to see to w*hat extent this neglect 
influences their accuracy. For example, the 
constants A, B' and C are known to vary 
somewhat with temperature and the use of 
[Mnja, instead of (MnO)/ (FeO) ignores the 
fact that for a given slag the concentration 
of manganese in the metal increases with 
temperature. The magnitude of the influ- 
ence of temperature may be estimated in 
either of two ways: (i) by direct measure- 
ment, or (2) from the heat of the several 
reactions involved. 

Bardenheuer and Geller measured the 
constant A at different temperatures, with 
results that indicate that in the neighbor- 
hood of i6oo°C. A decreases about 1.4 per 
cent for an increase of io®C. Similarly, they 
found that C decreases about 7 per cent for 
a corresponding increase in temperature. 

From the heats of formation given by 
Schwarz,® the heat of the reaction 

FeS -f CaO ;=± CaS + FeO [H] 
slag slag slag slag 

is AH ~ 16,520 cal. per mol. 

Assuming as a first approximation that 
AH is constant with temperature: 

(CaS)(FeO) 

dlnB" '^^(CaO)(FeS) AH 

dT ” dT RT^ 

or at i6oo®C., 

AH 16520 

Rfi ~ 1.98 X (1873)* “ 

and as B' is proportional to B^^A 
dlnB' 

— == 0.00235 *- 0.0014 == 0.001 

or, near i6oo°C., the constant B' increases 
about I per cent for an increase in tempera- 
ture of lo^C. Insofar as the constant 
B(= 1.6) of Eq. 13 was evaluated empiri- 



L. S. DARKEN AND B. M. LARSEN 


lOI 


caliy from B', its temperature coefficient 
cannot be determined quantitative!}^, but it 
seems likely that it is positive and some- 
what greater than that of B\ 

Raising the temperature, therefore, tends 
to increase the concentration of CaS and to 
decrease the FeS and IMnS in the slag, but 
whether the net effect is to help or hinder 
desulphurization of the metal depends on 
the relative concentration of the three 
present. As a matter of fact, ’however, the 
difference between the desulphurization 
ratios calculated on the basis of the tem- 
perature coefficients estimated above and 
those calculated directly from Eq. 13 is less 
than the normal scatter of the observed 
ratios, hence the net effect of change in the 
temperature of the open hearth on the 
distribution of sulphur is apparently small 
and appears to be negligible for our present 
purpose, a conclusion that was reached by 
Chipman and Fetters^ also. 

Form in Which Sulphur Exists in the Metal 

In deriving Eq. 13 it was assumed that 
the acti\dty of sulphur in the metal is 
directly proportional to its weight per cent; 
that is, that y[s] is constant. Although the 
data of TaLi and Chipman show that this 
is true in the binary system Fe-S up to 1.2 
per cent S, it does not necessarily follow 
that this simple proportionality holds in the 
presence of other elements. In particular, 
the effect of the presence of manganese and 
carbon needs to be considered before the 
equation may be applied to steelmaking. 

The influence of manganese probably is 
to lessen the activity coefficient of sulphur 
in steel because of the presence of MnS in 
the metallic phase. It may readily be showm 
that if a homogeneous equilibrium is set up 
so that both FeS (or FcxS) and MnS are 
present, Eq. 9 becomes 

(S), N, 

[S]* “ I 4- 

(A + B'^^+qMnJ.) [16] 


wffiere 

„ [MnS] 

[FeS][Mn]. 

Suppose that 10 per cent of the sulphur in 
a bath containing 0.4 per cent Mn exists as 
MnS and the other 90 per cent as FeS — i.e., 
Kn = 0.2S — then, in a bath containing 4.0 
per cent Mn the ratio of ^fnS to FeS w'ould 
be 0.2S X 4.0 = 1. 1 2. In this case the con- 
stants B\ C would appear to be smaller 

by the factor = 047. The 

value of the constant C obtained from the 
data of IMeyer and Schulte is confirmed by 
that of Korber at high manganese con- 
centration, and, as mentioned pre\iously, 
the value thus obtained is essentially the 
same as that obtained from other data at 
low manganese content. Although the data 
show considerable random departure from 
a linear variation, nevertheless they indi- 
cate quite definitely that at about 4 per 

cent Jkin the factor 

unity and certainly is not lower than 0.7, 
which indicates that at i6oo°C. the sulphur 
existing in the liquid metal as MnS is less 
than 5 per cent of the total and probably is 
very much less under normal open-hearth 
conditions. 

The influence of carbon upon the activity 
of sulphur may be estimated from some 
hitherto unpublished data obtained here in 
association with R. W. Gurry, which indicate 
that at i5oo°C. in an atmosphere of 
nitrogen the solubility of FeS in iron 
saturated with graphite (about 4 per cent 
carbon) corresponds to a sulphur content of 
about 1.5 per cent. (These data also suggest 
that low-sulphur steel might be produced 
more easily by desulphurizing the hot iron 
from which the steel is made than from the 
steel itself.) The effect of the much smaller 
amount of carbon present in the open 
hearth at the finishing stage may be 
roughly estimated by assuming that the 
logarithm of the distribution comment A 
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varies linearly with the percentage of 
carbon, thus at i5oo°C. 

log A = 0.48 + 0.18 {C%\ 
and at 1600® C. 

log .4 = 0.42 + o.iS [C%] 

At 0.20 per cent carbon ^4 would have the 
value 2,9 instead of 2.6. The “constants” 
B, B\ and C also would have values about 
10 per cent higher. 

Thus, the equation developed is most 
accurate when applied to low-carbon 
molten steels. This limitation is not too 
serious, since in application to open-hearth 
data interest in the sulphur distribution is 
usually limited to the end of the heat where 
the carbon is usually low. The normal 
scatter of operating furnace data tends to 
mask this effect of various carbon content. 

Correlation with Open-hearth Data 

In view of the possible inaccuracies in 
open-hearth data, arising from errors in 
sampling and analysis and from possible 
lack of attainment of equilibrium, such 
data are best treated in large numbers. For 
this purpose, the authors collected a group’^ 
of 23 1 fairly complete analyses, both of slag 
and of metal, covering a wide range of 
composition, and including a number of 
unpublished data as well as those available 
in the literature. Comparison of these data 
with Eq. 13 was made by two general 
methods: first, analytical and graphical 
checks on the values of the constants; 
second, a direct comparison of the observed 
and calculated distribution of sulphur. 

The values of the three constants B 
and C (obtained analytically to fit Eq. 13) 
that fit best the 231 actual open-hearth 
heats are compared in the following table 
with the values selected on the basis of 
laboratory data. 


Constants 

I Mean Values from 
231 Open-hearth 
i Analyses 

Evaluated from 
Laboratory Data 

i 

A 

2.S 

2.6 

B 

1-4 i 

1.6 

C 

10. 0 

II. 0 


The agreement is most gratif3ring and 
indicates that Eq. 13 is substantially cor- 
rect and that the selected values of the 
constants are good to about 10 per cent. 
Graphical methods applied to the 231 heats 
likewise yield values of these constants that 
agree with the selected values writhin the 
inherent subjective error. 

The final check is the comparison of the 
observed and calculated distribution of 
sulphur between metal and slag. The use of 
this method is best illustrated by an 
example. For instance, in one case, a metal 
containing 0.031 per cent S and 0.31 per 
cent Mn was presumably in equilibrium 
with a slag of the following composition: 

Si02, 12.8 per cent; CaO, 41.0; FeO, 18.4; 
Fe203, 4-5; MnO, 14*0; P2O5, 1.8; S, 0.27. 
The observed sulphur distribution ratio 
therefore is: 

(S)./[S]„ = = 8.7 

The distribution ratio calculated by means 
of Eq. 13 is obtained as follows: 

41.0 

The slag contains = 0.732 gram 

mols of CaO per 100 grams of slag, hence, 

(CaO) = 0.732 

There are 1.8/142 — 0.013 mols P2O6 
whence 

(CaOO = (CaO) - 4(Pt05) = 0.680 

The total equivalent FeO is 

(FeO)=^ + 3f^ = o.34* 

The tern (SiO») = = 0.213 


♦ See footnote to page 89. 
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OBSERVED SULPHUR RATIO 


Fig. 4.— Co30>arison bettoen observ-ed and caicuiated yalvi^s of selphur distribution 

RATIO IN ACTUAL OPEN-HE.ARTH HEATS. 



Fig. s. — FreqiUemcy chart of deffebence between observed and calculated values of 

SULPHUR DISTRIBimON RATIO. 
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The basicity ratio then is 

^ 0.732-4(0.013) 

L = = 3.10 

0.213 

The influence of CaS on the desulphuriza- 
tion is characterized by the expression 

The effect of manganese is given by 
ii[Mn]tr = ii[o.3i] = 3.4 


There yet remains the evaluation of Ns, 
which depends upon the calculation of 
(CaO)/ and (MnO). From Fig. 3 at 
^ = 3 *i9j the ratio (CaO)//(CaO') = 0.25, 
whence (CaO)/ = 0.680 X 0.25 = 0.170. 
Since L is greater than 2.0, it is assumed 
that all the MnO is free, whence (MnO) = 
14.0 

= 0.198. With these we may now 
compile iV,: 


Eq. 13 is a fair representation of the 
average of the open-hearth data collected. 
The extent of this fit is illustrated also 
by the frequency cur\’e in Fig. 5, which 
shows the relative frequency of the difference 
between the observed and calculated ratio. 
Since 54 per cent of calculated values come 
within I unit of the observed values, and 
84 per cent come within 2 units, and since 
the curve is nearly S3mrmietrical with 
respect to the ordinate of zero deviation, 
the fit can be considered very satisfactory. 

The fact that Eq. 13, which is based 
largely on laboratory studies, applies, 
within the probable limits of error, to open- 
hearth data covering a wide range of slag 
compositions justifies the conclusions that: 
(i) The equation expresses quantitatively 
at least the main factors involved in 
desulphurization in steelmaking; and (2) 
the assumptions involved regarding the 
compounds existing in the slag give a useful 
picture of the constitution of the slag. 


Ns = (FeO) + (MnO) + (SiO^) + (P2O5) 

+ (CaO)/ 

= 0.342 + 0.198 + 0.213 + 0*013 

+ 0.170 

= 0,936 

The calculated distribution ratio from Eq. 
13 is 

= o -936[2.6 + 3-8 + 3-4] 

= 9.1 

The calculated ratio is 9.1 as compared 
with an observed ratio of 8.7. 

The correlation thus obtained for the 231 
sets of data is illustrated in Fig. 4, in which 
the observed ratio is plotted against the 
calculated ratio. If the correlation were 
perfect the points should all fall upon the 
straight line shown, whereas if the cal- 
culated ratio is greater or less than the 
observed ratio the points fall above or 
below the line, respectively. It is evident 
that the points are distributed at random 
on either side of the line, indicating that 


Conclusions Regarding Influence of 
Different Factors Involved in 
Desulphurization 

Some of the qualitative conclusions 
drawn from Eq. 13 have been pointed out 
in an earlier section. It now becomes of 
interest to extend these conclusions to a 
quantitative basis, and to aid in this dis- 
cussion a set of seven illustrations, in the 
form of typical analyses of slag and metal 
taken from actual open-hearth data and 
covering a fairly wide range of composition, 
is given in Table 2. For convenience, the 
table also includes for each pair of analyses 
the derived value of the significant factors 
appearing in Eq. 13. 

It is evident from Eq. 13 that, other 
things being equal, the effectiveness of 
desulphurization is increased: 

I. By increasing Ns, the total number of 
mols per 100 grams of slag. Thus, com- 
parison of columns 2, 6 and 7 in Table 2 
with columns i, 3, 4 and 5 shows how the 
ratio (S)»/IS]» is increased when the value 
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of Xs is increased from about 0.70 to 
slightly- over i.o. The range of variation 
of Xt indicated in Table 2 is significant; 
for even though these values are in general 
only approximate, and may be a little 
lower than the true total number of mols, 
they show how, at a given weight per cent, 
the activity of a given constituent can vary 
because of a change in its mol fraction 
resulting from a change in caused by 
the formation or dissociation of other 
molecules. The effect of the concentration 
of silica should be especially emphasized 
in this connection; even though it does not 
appear explicitly in Eq. 13, it is none the 
less significant in that it has a considerable 
influence on the value of iY,. Thus, an 
increased concentration of SiOj leads to the 
formation of complex silicate molecules 
with a consequent reduction in A%, which 
in turn results in decreased power to 
desulphurize. 

It is also clear that, quite apart from 
its lower cost, lime has an advantage over 
other alkaline earth oxides, such as barium 
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or strontium oxide, in that it has the 
smallest molecular weight and therefore 
contains the largest number of mols per 
unit weight, which results in a higher 
value of Y*. 

This effect of the total number of mols 
in the slag emphasizes that the desul- 
phurizing power of a slag may be influenced 
by the concentration of molecules that 
do not contain sulphur, nor even react 
with sulphur, a fact that has not been 
widely recognized. 

2. By increasing the basicity ratio L; 
comparison of columns i and 2 in Table 2 
shows that as L is increased from 2,15 to 
5.60, the ratio (S)«./[S]. increases from 
3 to 14.9. Here again the concentration of 
silica is significant even though it does not 
appear explicitly in Eq. 13, because the 
term (SiOi) is involved in the value of L, 
Thus, an increase in silica tends to lessen 
the power to remove sulphur by combining 
with CaO to form calcium silicates, thereby 
decreasing the concentration of free lime, 
and hence of CaS. It should be pointed out 


Table 2 . — Typical Slags and Desulphurizing Power 


Slag No 

I 

2 

3 

4 

5 

6 

7 

CaO, per cent 

FeO, per cent 

FesO*, per cent 

MnO, i>er cent 

SlOs, per cent 

PsOs, per cent 

MgO, per cent 

38.6 

17.0 

55 

s.i 

17.7 
1.87 

11 . 0 

45-0 

21.2 

9.5 

5.7 

S .4 

0.71 

6.3 

43.1 

7.7 

3.2 

12. S 
22.3 

0.92 

6.0 

52.9 

7.2 

1.9 

5-9 

22.7 

1.62 

59 

48.0 

10.3 

8.6 

3.9 

19.6 

4.1 

2.5 

33.0 

19.0 

7.0 

25.0 

7.0 

1.0 

6.0 

42.2 

IS. 7 

3.1 

10. 0 

8.9 

1,8 

8.2 

Mn, per cent 

C, per cent 

0.08 

0.032 

0.12 

0.02 

0.43 

0.41 

0.31 

0.40 

O.IO 

0.25 

0.44 

0.04 

0.23 

0.14 

(CaO) 

0.638 

0.053 

0.635 

0.803 

0.020 

0.783 

0.768 

0.026 

0.742 

0.944 

0.046 

0.898 

0.856 

o.iis 

0.741 

0.588 

0.028 

0.560 

0.753 

0.051 

0.702 

(FeO) 

(MnO) 

(SiOt) 

0.340 

0.072 

0.295 

0,013 

0.020 

0.474 

0.080 

0.140 

o.oos 

0.406 

0. 167 
0. xSo 
0.372 
0.006 

0.136 

0.083 

0.37S 

0.0x2 

0.071 

0.305 

O.OSS 

0.326 

0.029 

0.042 

0.396 
0.350 
0. 117 
0.007 
0,272 

0.276 

O.141 

0.148 

0.0X3 

0.323 

Nm 

1 

1,105 

5.60 

9.5 

1.3 

13.4 

14-9 

0.72s 

r.99 

4.7 

7.3 

5.3 

O.6S0 

2,37 

3.9 

3-4 

9.9 

6.7 

0,757 

*.27 

1.0 

1.1 

4*7 

3.6 

1 

0.901 

4.74 

11. a 

2.5 

16.3 

14.7 

L 

(PeO) 

iifMn], 

2.6 + + 1.60^^ Cl. - 2). . . 

(S>»/[S 1 « 
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that the significant factor is, in effect, the 
ratio of (Ca0)/(Si02), and that a slag low 
in lime may be an effective desulphurizer 
if the silica is low and the residual manga- 
nese is high, as is illustrated by the data 
in column 6 of Table 2. The use of bauxite 
in moderate amounts — that is, with AI2O3 
in the slag not exceeding about 6 per cent — 
appears to have no significant influence on 
the removal of sulphur. The alumina prob- 
ably tends to combine to some extent with 
lime but this is offset by the fact that it 
aids by thinning the slag and dissolving 
lime. 

3. By conditions that promote a high 
concentration of residual manganese in 
the metal, as is illustrated by comparison 
of columns i and 3, which demonstrate 
that an increase in [Mn]« from 0.08 to 
0.43 per cent is accompanied by an increase 
of the desulphurizing ratio from 3.0 to 
5.3. It should also be noted that in a slag 
high in Si02 or low in lime, so that the 
basicity ratio L is less than about 2.4 
(Fig. i), the free MnO in the slag, and in 
consequence the residual manganese in the 
metal, is lowered through entrance of 
manganese into the silicates so that the 
concentration of MnS in the slag is 
lessened. 

4. By a low concentration of FeO in the 
slag, as is illustrated by comparison of 
columns 4 and 5 of Table 2, which show 
that the low concentration of FeO in 
slag 4 is a major factor in contributing to 
its superior desulphurizing power. On this 
basis, and other things being equal, a 
given slag becomes less effective in remov- 
ing sulphur toward the end of a heat when 
the carbon is low and the FeO is high. 
In low-carbon heats, however, it is easier 
to obtain a fluid slag with high lime and 
low silica, and if such conditions are 
obtained (slag 2, Table 2) sulphur may be 
effectively removed even though the slag 
is of necessity high in iron oxide. 

Considered in the light of these con- 
^derations, the effect of ffuor^>ar on the 


removal of sulphur appears to be due chiefly 
to its tendency to hasten the solution of 
lime, although it may react in part to 
contribute some free lime. 

In passing, it should be pointed out that 
the best recovery of residual manganese in 
the steel occurs wdth a slag whose basicity 
ratio is betw^een 2.3 and 2.5 (Fig. i). In 
more acid slags, the lowered activity of 
MnO due to silicate formation more than 
offsets any advantage gained from a smaller 
slag volume, whereas in more basic slags 
increasing iron oxide content and slag 
volume both tend to diminish the recovery 
of manganese. 

In this discussion, slag volume and the 
related amount of any constituent con- 
tained in the slag must not be confused 
with the concentration of that constituent 
in the slag. The whole of the treatment of 
slag-metal equilibrium and the calculation 
of the sulphur distribution ratio are based 
on relative concentrations, and have noth- 
ing to do with the amount of the several 
phases present, such as slag and metal. 
But obviously the total amount of sulphur 
absorbed by a slag of given composition 
increases with the weight of slag; that is, 
for a given slag composition, which deter- 
mines the sulphur distribution, the total 
number of pounds of sulphur contained in 
the slag increases with the weight of slag 
per ton of steel, and therefore enters the 
general economy of the operation. Greater 
slag volume tends to increaseiuel and lime 
consumption, slow up rate of production, 
and increase loss of iron and manganese, 
so that the use of large slag volume for the 
purpose of removal of sulphur involves a 
definite loss in general efficiency. It is 
much better therefore, when possible, to 
effect the necessary removal of sulphur by 
decreasing the silicon and increai^g the 
manganese content in the charge and 
using a minimum amount of limestone. 

At best, the slag in the basic open hearth 
can be expected to contain only 0.2 to 
0.5 per c^t S, It is therefore important to 
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maintain a low sulphur content in all 
miscellaneous material charged, as well 
as in the pig iron and scrap. In adding 
extra burnt lime for sulphur elimination 
at 0.030 to 0.040 per cent S in the metal, 
for example, a lime with a sulphur content 
of even o.i per cent would not be ver\' 
efficient for the purpose, and with 0.25 to 
0.30 per cent S it would be almost useless, 
since the extra sulphur introduced into 
the bath would roughly be the same as the 
resulting increase in the “sulphur-absorb- 
ing power” of the slag. Similarly the 
sulphur content of ore, fluorspar and other 
materials should be kept as low as possible. 

In a given practical problem of mini- 
mizing sulphur in the steel, the following 
means are available: (i) decrease the 
silicon and sulphur content of charge, (2) 
increase the manganese content of charge, 
(3) increase lime addition and, if necessary, 
accompany with more manganese, MnO, or 
fluorspar to secure a more favorable slag 
composition. All other methods being in- 
sufficient, it would be necessary to develop 
a means of removing the first slag from 
the furnace, and build up one or more 
successive slags on the metal, using low- 
sulphur slag-forming materials. 

CcmsiUulion of the Liquid Slag 

The fact that the basic assumptions 
made regarding the composition of the 
liquid slag led to an equation that fits 
operating data so well indicates that these 
assumptions are substantially correct, a 
fact that significantly extends the available 
evidence on the constitution of the liquid 
slag, and in particular confirms the infer- 
ences made earlier in the discussion of the 
distribution of manganese. For example, 
since in Eq. 13 the term (FeO) appears in 
both the B and C terms, the apparent 
iq)plicability of the equation to slags of 
such widely different conqx^rition supports 
our bdief that in the more basic slags 
(£r > 2^), FeO and MnO are not ccmabined 
hut are {mesent almost entirdy as such; 


moreover, that very little FeiOj enters into 
the formation of ferrites or other inactive 
compounds. Apparently FeaOj, lime fer- 
rites, CaS04 and similar oxygen-rich 
compounds exist chiefly at the top surface 
of the slag where the ox>’’gen pressure is 
relatively high, their essential function 
being to cany oxygen from this zone to 
the slag-metal interface. 

Fig. 3 provides not only a definite 
indication of the stability of aCaO.SiOi, 
as well as of other dibasic silicates, but also 
e\idence for the presence of molecules of 
3Ca0.Si02 which, how’ever, would seem to 
have a much greater tendency to dissociate 
than do molecules of the disilicate. More- 
over, it is even possible to obtain a rough 
idea of the amount of this dissociation, 
w*hich is represented by the reaction 

3CaO.SiOt ^ 2CaO.SiOj + CaO [I] 

for which the equilibrium constant is 

^ ^ (CaQ)(2CaO.SiQ0 . , 
^ “ iV.(3CaO.SiOi) 

From stoichiometric relations, w'e may 
write 

(CaO') = (CaO) + 2(2CaO.SiOi) 

+ 3(3CaO.SiO,) [16] 
(SiOj) = (2Ca0.Si02) + (3CaO.SiO*) [17) 

and if these equations are combined with 
Eq. 15, with the definition of the basidty 
ratio L, namely 

, (CaO') 

^ (SiO,) 

it is possible to obtain a single relation in 
which three of the variables are eliminated. 
The three most convenient ones to eliminate 
are (SiOj), (2CaO.SiOi) and (3CaO.SiOi), 
The last two oi these three can be evaluated 
by simultaneous solution of Eqs. 16 and 
17, thus: 

(zCaO.^Oi) = 3(SiOi) - (CaOO + CaO 
isC&O^Ot) = (CaOO - 2{SiOi) - OiO 
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These relations may now be substituted 
in Eq. 15, which can be solved for (Si02) 
to give 

(SiOo) = [(CaOO - (CaO)] 

[(CaO) + A'AW[3(CaO) + 2A.VJ [18] 

Substituting this expression in the defini- 
tion of Lj 

J 3TCaO + 

(l — 7Cao)(A' + 7Cao) 

where 7cao = (CaO)/ (CaO') and A' is 
AAV(CaO'). The term 7cao is essentially 
the activity coefficient of CaO and is the 
factor plotted against the basicity ratio 
L in Fig. 3. In Eq. 19, the value of 7cao 
corresponding to a given value of L 
depends upon the value assumed for A', 
'which in turn is directly related to the 
equilibrium constant A for dissociation of 
3Ca0.Si02. For example, if A' = 00, 
the trisilicate is completely dissociated and 
the variation of 7cao with L is that repre- 
sented by curve B in Fig. 3. On the other 
hand, if A' = o — that is, none of the 
3CaO.Si02 present is dissociated — the 
variation of 7cao with L is represented by 
curve F in Fig. 3. For intermediate values 
of A', there are a whole family of curves 
l3ring between the limiting curves B and F. 
The straight line A, which has been drawn 
as the best line representing the open- 
hearth data shown by the circles, corre- 
sponds to a value of A' of about 0.35, 
which is equivalent to a value of A of about 
0.25, This implies that under average 
conditions obtaining in the slag something 
of the order of half of the 3Ca0.Si02 is 
dissociated. 

Since the relation between 7cao L 
is not very sensitive to a change in the 
value of A', a change of 30 per cent causing 
a shift from the line C to line E in Fig. 3, 
A' may be considered as constant within 
the range of other errors, and the value 0.35 
may be used in calculating the constitution 
of the slag. This picture of the liquid slag 
still remains very sketchy and incomj^ete. 


We need more e\fidence on such details as 
the solubility of MgO and 2Ca0.Si02 at 
various temperatures, more precise data 
on the dissociation of calcium phosphates, 
3Ca0.Si02, CaO.Fe203, etc., and more 
information as to the mode of occurrence of 
AI2O3, MgO, CaFo, etc. in the liquid slag. 

Summary 

It has been possible to express quantita- 
tively and with satisfactorj’^ accuracy the 
distribution of manganese and of sulphur 
between liquid metal and slag in the basic 
open-hearth furnace over a wide range of 
slag composition. The distribution ratio 
at equilibrium depends upon concentration 
factors that are directly detenninable from 
the chemical analysis of slag and metal, 
in the case of sulphur involving also three 
constants that have been evaluated from 
laboratory determinations of equilibrium 
between liquid iron and simple slags. This 
leads to the following practical conclusions 
with respect to the conservation of manga- 
nese and the elimination of sulphur in 
making basic open-hearth steel. 

Retention of manganese in the steel is 
favored by a high concentration in the slag 
of MnO relative to FeO, which implies 
that maximum retention is obtained where 
the slag is basic enough, or rich enough in 
lime, to liberate essentially all the MnO 
from complex silicates, yet not so basic 
as to have an increased concentration of 
FeO and the associated increase in slag 
volume. The optimum slag composition 
for maximum retention of manganese is 
one corresponding to an effective lime- 
silica (basicity) ratio between 2.3 and 2.5. 

A high distribution (concentration) ratio 
of sulphur in slag to sulphur in metal is 
favored by: (i) high concentration of 
effective or “free” CaO and MnO in solu- 
tion in the slag; (2) low concentration of 
FeO in the slag; and (3) low concentration 
of SiOi and PjOs in the slag, such as to 
favor a large total number of molecules 
(A*,) per unit wdght of or, in other 
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words, to bring to a minimum the number 
of large silicate and phosphate compound 
molecules present in the liquid slag. 

The foregoing statements apply to con- 
centration relationships, but the amount 
of slag present per unit weight of steel is in 
practice also a factor. With respect to 
maximum recovery of manganese in the 
metal, the requirement is simply minimum 
slag volume, and this presumably is de- 
pendent upon the practical minimum of 
silicon in the charge, with lime adjusted 
thereto so that the 2. 3-2.5 lime-silica ratio 
is obtained. Good sulphur retention in the 
slag is also consistent with such a low 
slag volume up to a certain point, insofar 
as it can be promoted by a low-silicon, 
high-manganese charge; but if still better 
elimination of sulphur is required, or if 
the charge is high in silicon, more lime 
must be added, with a consequent increase 
in slag volume and a resultant decrease in 
manganese recovery. 

The satisfactory agreement between 
data from a large number of open-hearth 
heats, covering a wide range of slag com- 
position, and the equation, which is based 
on certain simplif3dng assumptions, cor- 
roborates the validity of these assump- 
tions and leads to the following conclusions 
regarding the constitution of the slag and 
metal. 

In the metal substantially aH the sulphur 
can be regarded as being present as FeS; 
less than 5 per cent as MnS. 

In a slag for which the lime-silica 
(basicity) ratio has a value greater than 
about 2.0, substantially all the MnO and 
FeO are *‘free” instead of being combined 
with other oxides to form less simple 
compounds. In these same slags, lime and 
silica are combined to form the very stable 
dicalcium silicate (2Ca0.Si02), which at 
steelmaking temperatures is not dissociated 
in appreciable extent. 

Lime present in excess of that required to 
form the dicaldum silicate is available for 
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the compound 3Ca0.Si02. which, however, 
dissociates much more than the disilicate. 

In less basic slags both !MnO and FeO 
replace lime in 2Ca0.Si02 to some extent, 
MnO apparently being somewhat more 
active in this respect. 

The compounds calcium sulphate and 
calcium ferrite, which are continuously 
formed to some extent at the upper slag 
surface, appear to be dissociated to a much 
greater extent at the slag-metal interface. 
Thus, these act as oxygen carriers down- 
ward through the slag; the most important 
can be regarded as ferric oxide, the con- 
centration of which relative to ferrous oxide 
is decidedly less at the bottom than at the 
top of the slag layer. The acthdty of oxygen 
at the interface seems to be closely approxi- 
mated by assuming that it is equivalent to 
the total ox>’gen in both ferrous and ferric 
oxide, as determined by analysis, even 
though the ferric oxide may not be com- 
pletely reduced at the interface. 
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DISCUSSION 
(Frank G. Norris presiding) 

C. B. Post,* Reading, Pa, — ^This paper 
represents a step in determining the inter- 
molecular compounds present in liqmd slags at 
steelmaking temperatures. Although caution 
should be exercised in being too definite regard- 
ing the intermolecular compounds present in 
liquid slags by this method of analysis, never- 
theless the conclusion is justified that the 
orthosilkate (2CaO'SiOx) is the principal sili- 
cate of caldum in ba^c This view is sup- 

♦ Metalliirgical Department, Carpenter Steel 
Co. 
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ported indirectly by the recent experimental 
work of Fetters and Chipman.^ The presence of 
tricaldum silicate at high lime contents is 
necessary to explain the phenomena of “fall- 
ing’^ slags in basic electric-arc furnace slags. 


that progress can be hastened by extrapolation 
of existing data. This paper by Darken and 
Larsen is of the latter type, and measured in the 
light of the general problem referred to earlier, 
these authors have many equations to consider 


Table 3. — Calculations Based 07i Table 2 


Slag 

Number 

(CaO)** 

(FeO)« 



SS/[S] 

[Mn] 

Calc. 

Anal. 

Calc. 

Anal. 

I ! 

20 

7 

1.7 

0.13 i 

2.3 ' 

3-0 

0.09 

0.08 

2 ' 

25 1 

6.2 

o.S 

0.13 j 

S>.i 

14.9 

0.12 

0.12 

3 

28 

3.7 

2.8 

0.13 ; 

5.3 

5.3 j 

0.38 

0.43 

4 

36 : 

3.0 

3.0 

0.13 ! 

6.7 

6.7 

0.28 

0.31 

5 1 

23 

SS 

2.0 1 

0.13 

2.9 

3.6 

O.II 

0. 10 

6 

i8 

7.0 

0.47 

0.13 

10.0 

15.5 

0-50 

0.44 

7 

26 

55 

0.55 i 

0.13 

10.3 

14-7 1 

0.28 

0.23 


« Free lime and FeO; percentage by weight as determined from tables of Schenck. 
^ After values of constants in reaction 

SS (CaO) , [Mnl c t. , 

ISl “ (FeOH., - + x;: P«e i68-Schenck. 


In focuang attention only on the behavior of 
manganese and sulphur at lime-silica ratios in 
the neighborhood of 2.5, we must not lose sight 
of the fact that dissociation constants for all of 
the silicates, Fe0-Si02, Mn0-Si02, 2Ca0*Si02, 
etc,, should be known in relation to one another 
in order to have faith in conclusions drawn from 
limited data, such as that obtained from the 
basic open hearth only. The general problem is 
to be able to state at what stages certain slag- 
metal reactions are at equilibrium in the various 
processes of steel refining. Thus, all such 
methods of calculating equilibrium reduce 
essentially to a set of self-consistent equations, 
which are in fact, a system of bookkeeping for 
experimental data relating to these slag-metal 
reactions in steel refining. 

Viewed in this light, we can differentiate 
between the researches of Korber and Olsen, of 
Ohipman and his associates, of Maurer and 
Bischoff, H. Schenck and his co-workers at the 
Krupp Works, P. Herasymenko at the Skoda 
Works, Coimt Bo Kalling of Jemkontorets, and 
C. H. Herty, Jr. The first two groups of 
workers have preferred to attack steelmaking 
problems concermng siag-metal reactions in a 
purely experimental manner, never committing 
then^ves to any conclusions except those 
supported by direct experimeatal data. The 
othear workers have directed their effects toward 
obtaining correlatKms between operaffng and 
laboratory data on stedH:efining problems, so 


before it can be said that they are presenting an 
acceptable means of studying slag-metal 
reactions. 

H. Schenck^^ considered equilibrium in steel- 
making reactions, and the assumptions used by 
Dr. Schenck are quite at variance with the 
assumptions used by Darken and Larsen, yet 
Schenck’s methods lead to a prediction of the 
bath composition with as good agreement as 
found by Darken and Larsen for the man- 
ganese and sulphur reactions. Furthermore, 
Schenck extended his equilibrium studies to all 
of the reactions commonly met in steel refining, 
and was able to build up a set of self-consistent 
equations that reproduced equilibrium condi- 
tions in both acid and basic processes of steel 
refining. 

To illustrate further, we have taken the 
analyses of slags shown by Messrs. Darken and 
Larsen in Table 2 and calculated these slags on 
the basis of Schenck^s methods to predict the 
manganese content of the bath and the sulphur 
ratio existing between the slag and metal for 
these cases. These calculations are summarized 
in Table 3. 

Comparison of the values shown in Table 3 
with those obtained by Darken and Larsen 
show that Schenck’s methods will certainly 
calculate the manganese content from slag 
analysis as well as the methods pr<^x)sed by 

Scbeack: Pltyglcalasclae Cbe^e der 
hikUeaproaesse, a. Berfiii 1934* Spiinger. 
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Darken and Larsen, and furthermore, in these 
few isolated cases will almost calculate the 
sulphur distribution ratio as well as these 
authors, except for the high-lime, low-silica 
slags. 

Now consider the totally different picture of 
intermolecular compounds to be inferred from 
Schenck’s methods and those of Darken and 
Larsen. Schenck assumed the silicates of iron, 
manganese and calcium to be of the form 
2Fe0*Si02, 2Mn0-Si02 and (CaO*SiOa). Dis- 
sociation constants for these silicates were 
evaluated from acid and basic open-hearth 
data. On this basis, the ‘‘free ’’ Kme at any lime- 
silica ratio would be greater by Schenck^s 
methods than that found by Darken and 
Larsen. In considering the sulphur reaction, 
Schenck ignored the concentration of FeS in the 
slag (A = o) and threw the burden of carrying 
the sulphur on the lime content. In evaluating 
the “equilibrium constant” for the sulphur 
reaction, Schenck found that the constant 

defined by i^ot constant, but a 


function of the silica content of the slag 
(because the lime was too dissociated at high 
silica contents). The point is that even though 
Schenck’s picture is far out of line with the 
suspected intermolecular compounds, neverthe- 
less a group of self-consistent equations was 
presented that reproduced equilibrium betw’een 
slag and metal reactions in the add and basic 
open hearth and in Bessemer and Thomas 
converters. 

This comparison betw'een Schenck’s method 
and those of Darken and Larsen is made merely 
to point out that the final conclusion regarding 
the intermolecular composition of slags is to a 
large measure a function of the initial assumji- 
tions that must be made to start unraveling the 
problem. Thus Darken and Larsen choose to 
assert that the MnO and the FeO contents are 
substantially uncombined when the lime-diica 
ratio is equal to and greater than 2.5. The 
validity of this assumption is an open question 
because it can be diown that, within the limits 

error commonly met with in dag analyses 
and computational errors, some small part of 
the MnO and FeO contents are combined with 
sHica even at fairly high lime-silica ratios, as 
indeed is necessary when finite dissociation 
constants are given for the silicates of iron and 
manganese in order to rejwroduce acid-slag 


processes. Similarly, the “free” lime contents 
shown by Darken and Larsen in Pig. 2 is 
entirely a function of their assumed equation 
for the sulphur ratio, for correlating data on 
this reaction. 

The main contribution made by Messrs. 
Darken and Larsen to this problem of equilib- 
rium in steel-refining practices is one that has 
been inferred in the work of Korber and Olsen, 
and Darken, “ i.e., slags and metal systems 
with few’ exceptions obey closely Raoult’s law 
for regular solutions over a wide range of 
concentration of the constituents. The apparent 
de^tions in some steelmaking reactions from 
the laws of regular solutions have been shown 
by this and other works to be due mainly to an 
incorrect formulation of the intermolecular slag 
composition. 

L. S. D.tRKUN AXD B. M. Larsen (authors’ 
reply). — ^In our paper we attempted to derive 
open-hearth slag-metal equilibrium relation- 
ships from available laboratory data on rela- 
tively dmpie equilibria; and pointed out in 
detail that there is relatively good agreement 
between the values of the constant derived 
from the several sources by direct and by 
indirect methods. The application of data 
derived from investigation of simple systems to 
the complex slag of the open hearth involves of 
necessity some postulates as to the activity of 
the several constituents, since none of these 
activities (except that of the oxides of iron) has 
been directly measured or is likely to be in the 
near future; and we chose to attack this {prob- 
lem from the viewpoint (d molecular constitu- 
tion. The picture now presented, which 
admittedly was selected to fit the data as well 
as possible, is quite sketchy and incomplete. 
Nevertheless, it does seem to tie together a 
variety cff miscellaneous experimental results 
with steelmaking experience. In this sense the 
proposed equations are more than “a system of 
book-keeping” for slag-metal equilibrium. It is 
shown that the constant for the distributkm of 
iron sulphide is essentially identical whether 
determined experimentally on a rimple s3^stem 
or derived statistically from slag-metal data; 
the same is true of the constant in the manga- 
nese term of the desulphurization equatkm. 
The coefficient of the lime term was determined 

“ L. S. Darken: Traus. A.I.M.B. (1940) 140, 
204. 
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with the aid of open-hearth data, since no 
experimental data on the activity of lime in 
silicate melts were known to the authors. Since 
two terms of the equation were now known and 
there was good agreement between experiment 
and practice, thus verifying the method, it was 
thought that a third term could be obtained by 
difference without too great error. 

The procedure of the present paper is quite 
different from that of Schenck, who by rather 
complex methods derived equilibrium constants 
mainly from slags of the type to which they 
were to be applied rather than from laboratory 
data on simple systems. Frequently his 
equilibrium ‘‘constants’^ were not constant 
even after correction of the concentration for 
compound formation. Thus the coefficient for 
the lime terms in Schenck’s desulphurization 
equation is not constant but varies twent3ffold 
as a function of silica content. Such a correction 
term is purely empirical and has little, if any, 
justification from a physicochemical stand- 
point. Admittedly we endeavored to avoid 
such empirical terms by making several stated 
hypotheses, but these hypotheses, which are 
clearly stated in the paper, by no means affect 
the order of magnitude of the results on 
desulphurization. For example, in most cases 
it makes but little difference whether the 


slag phosphorus is considered combined as 
4 Ca 0 -P 206 or as 3Ca0-P206, or whether the 
equivalent FeO is calculated by the method 
given or by some other method, although 
statistically the two examples employed seem 
to fit best. 

The criticism appearing in the discussion is 
somewhat inconsistent; at one place there is the 
statement that “the ‘free’ lime (Fig. 3) is 
entirely a function of the assumed equation for 
the sulphur ratio,” and at another that the 
main contribution of the present paper has 
already been inferred from other work — that 
Raoult’s law is obeyed over a wide range of 
concentration in slag-metal systems. If it is 
granted that Raoult’s law (wdth proper choice 
of constituents) holds, then the free lime as 
shown in Fig. 3 follows by rigorous physico- 
chemical reasoning from the data and not from 
an “assumed equation.” 

The main object of the present paper has 
been to demonstrate that the slag-metal 
equilibria considered may be deduced from 
laboratory data by physicochemical methods 
without the aid of empirical adjustment terms. 
As present knowledge is limited, this end may 
not have been completely attained, but we hope 
that a step has been made in that direction. 



Significance of the Bessemer End Point 

By H. T. Bo\\-max* 

(New York Meeting, February 1942) 


For more than So years the Bessemer 
process has depended upon the ability, 
skill, and judgment of the blower, although 
as early as the i86o’s it was recognized that 
the process would benefit by some t}*pe of 
instrumental control.^ However, instru- 
ments with sufficient recording speeds did 
not exist, so the end-point determination 
was always dependent upon the blower’s 
eye. This placed an obstacle in the way of 
precise experimental work, because of the 
absence of the necessary records and refer- 
ence points as reported by Work.® The use 
of the photocell pro\dded the instantaneous 
record of the blow that made this experi- 
mental work possible and pro\dded more 
scientific control for the process as dis- 
cussed by Graham.® A brief description of 
the progress of the blow will illustrate the 
recording function of the instrument. 

The silicon in the iron is being oxidized 
during the first minutes of the blow, as 
pointed out by Henning^ in a table showing 
the order of metalloid elimination. The 
product of this oxidation is a solid that 
remains in the converter, so there is 
virtually no flame during this part of the 
blow. This low flame luminosity is illus- 
trated by the flame recording shown in 
Fig. I, where the silicon blow is plainly 
marked. The dull flame of the silicon blow 
gradually gives way to the brilliant 
carbon flame as the increasing quantities of 
carbon monoxide formed inside the con- 
verter bum to dioxide upon contact with 


Manuscript received at the office of the Institute 
Dec. I, 1941 . Issued as T.P. 142S in Metals Tech- 
nology, February 1942. 

* Be^emer Metallurgist, Aliquippa Works, Jones 
nad Laughlin Steel Corporation, Ahquippa, Pa. 

^ References are at the end of the paper. 


the atmosphere above the vessel. When the 
carbon reaches some low value under 0.20 
per cent, there is insufficient monoxide 
formed to maintain the dioxide flame, so its 
intensity drops. Throughout the flame drop 
carbon continues to bum, until at some 
value around 0.05 per cent an arrest occurs 
in the recorded drop. This point has been 
designated as the end point. 

The period of time from this end point 
imtil the vessel is turned upon its side and 
blowing has stopped has been called the 
afterblow. This afterblow is used as a 
measure of the degree of metal oxidation, 
and uniformity demands that it be con- 
trolled within narrow limits. Iron and blow- 
ing conditions are likely to change several 
times during a turn, necessitating corre- 
sponding changes in end-point control. It is 
the purpose of this paper to discuss these 
changes, the factors that make them neces- 
sary, and their bearing upon the quality of 
steel. 

C.\rbox-FeO Relationship 

In the Bessemer process oxidation rela- 
tionships are precise. Fig. 2 shows a graph 
of the carbon-FeO relationship. The famil- 
iar ‘‘bomb-test” method, described by 
McCutcheon and Rautio,® was used for 
obtaining these and all other dissolved FeO 
values herein reported, all tests being taken 
from the converter before deoxidation 
unless otherwise noted. All tests of o.io per 
cent carbon and above were obtained from 
metal blown for duplexing. iMcGinley and 
Woodworth* reported iron oxide values for 
blown metal, but their tests were obtained 
by a different method than were those 
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reported here. With this exception there is 
little information in the literature relative 
to dissolved oxides in Bessemer steel. The 
results herein reported are for one set of 


the carbon and FeO analyses shown. The 
blow recorded at the extreme right was 
blown with 15 blanked tuyeres in the 
bottom. With approximately the same 
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Fig. I. — Typical photocell recording of Bessemer blow. 


operating conditions only. Similar informa- 
tion gathered imder other conditions, 
particularly in the low-carbon range, would 
be of interest and value. 

The curve in Fig. 2 demonstrates how the 
metal is protected from overoxidation until 
the low carbon values are reached, and 
shows that the rate of metal oxidation 
increases rapidly when the carbon reaches 


length of afterblow as the preceding blow 
the retarded rate of oxidation is evidenced 
by the lower FeO analysis. 

Influence of Operating Variables 

Effect of Bottom Ccynditions . — ^The bot- 
toms of the vessels used in gathering these 
data contain 35 tuyeres, each tuyere having 
seven holes of 5 ^-in. diameter. As is com- 



Fig. 2. — Relationship of carbon and iron oxide in blown metal. 


these lower values. These points, of course, 
all lie in the region shown as the flame drop 
in Fig. i. 

To give a clearer picture of the relation- 
ship of the flame recording to this carbon- 
oxidation ratio, several examples are shown 
in Fig. 3. Each of these blows was turned 
down at the point marked Xr resulting in 


mon practice in the industry, some of these 
tuyeres are blanked off as they become too 
short for continued safe use. This restricts 
the amount of air supplied to the converter 
and thus affects end-point control to a con- 
siderable degree. McCaffery^ and Fulton^ 
have advanced considerable information 
concerning blast restrictions and variations. 
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To minimize such variables, a constant Iran Composition , — Changes in iron 
blowing pressure is maintained at 25 lb. per composition, principally in regard to silicon 
sq. inch. content, affect the rate of oxidation at the 

The effect of a change in bottom condi- end of the blow. Experience has shown that 


J ! ! 1 1 J I \ i \ 1 1 J ! i J L 



XOmOHJO .0& .04 .04- .04 


XrtO -44 .Z7 -3T -4S -40 

Fig. 3. — Caicbon and dissou-ed FeO in relation to tcrndown point. 

X marks the point where vessel was turned down. 

tions is further illustrated in Fig. 4. it is veiy easy to overblow, or overoxidize, 

These two heats were blown to the same low-silicon iron, whereas high-silicon iron 

end point and afterblow, but on different must be given a longer afterblow than 

bottoms. The restricted blast volume of the normal to avoid a young, or xmderoxidized 

blanked-up bottom resulted in less oxida- heat. The significance of this phase of 

tion, as evidenced by the higher metalloid control is discussed in Yocum’s paper on 



c riH 
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Fig. 4. — Specific exa3£ple illustrating effect of blanked tuyeres on degree of metal 

oxidation. 

content, lower FeO analysis, and greater dephosphorization.® Effective control re- 
manganese efficiency. The small number of quires an accurate knowledge of the silicon 
blows used in this graph and others that analysis of the iron being blown. Reported 
follow represent typical results and are not cast anal3r5es and mixer averages are some- 
intended to establish definite points of times misleading — ^for example, a test 
reference- from a mixer average of 1.35 per cent Si 


ii6 


SIGNIFICANCE OF THE BESSEMER END POINT 


may actually analyze either i.io per cent 
or 1.55 per cent Si. These discrepancies are 
by no means the rule, but unless detected 
they may result in a substandard blow. 


analysis of the iron for each blow. Each of 
these blows was made with four blanked 
tuyeres in the vessel bottom. The length of 
silicon blow, corrected for the number of 
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Fig. 5. — ^Length op silicon blow related to silicon content op iron. 




WHEN low-silicon IRON IS BLOW’N. 


The part of the flame recording known as 
the ‘^silicon blow” furnishes a sufficiently 
accurate means of measuring this silicon 
content. In Fig. 5 are shown the early parts 
of three blows with the actual silicon 


blanked tuyeres and the weight of iron, 
correlates closely with the silicon analysis 
of the iron. This relationship is quite 
apparent. The dotted line in Fig. 5a is a 
silicon blow made from i.io per cent Si 
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iron, but blown with eight tuyeres blanked 
instead of four, further illustrating the 
blast restriction due to blanked tuyeres. 

To attain the same degree of metal 


Temperature . — Degree of oxidation and 
temperature are generally listed as the two 
major factors to be controlled in the 
Bessemer process, and much has been 



TEnpemrao- PtO 

Fig. 7. — Specific ex.\mple illustrating effect of temperatztre on degree of jietal 

OXmATION. 


oxidation, a longer afterblow should be 
allowed for high-silicon iron than for iron 
with a lower silicon content. This is demon- 
strated in Fig. 6, where the silicon blow and 
the flame-drop portions of two blows are 
shown, one from 1.20 per cent and the other 


written on the ill eflects of poor tempera- 
ture control on steel quality. Another 
angle, worthy of development, is that of the 
effect of temperature variation on degree of 
oxidation. With the wide temperature 
variations possible in blowing metal for 



-50 


u 




fieO 


% 


liano^vfEsc&noatcv 


Fig. 8. — Specific EX.\itPLE illustrating effect of afterblow length on degree of iietal 

OXIDATION. 


from 1.45 per cent Si iron. These blows 
were made with the same number of tuyeres 
blanked and were given the same length of 
afterblow, as shown. The greater oxidation 
of the lower-silicon iron is reflected in the 
ladle analyses and the manganese effi- 
ciencies of the two blows. 


duplexing, it was fairly simple to develop 
the higher degree of oxidation that accom- 
panies hot blowing. However, it was de- 
cided to illustrate the less spectacular 
phase, that of the difference in the degree 
of oxidation between two consecutive blows 
given the same length of afterblow, but 
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blown at different temperatures. Fig. 7 

shows the restilts from two such blows. The Atteeblow and Oxidation 

temperature variation is only that normally Many examples could be given to show 
encountered in Bessemer practice, yet this the significance of the length of afterblow 



Fig. 9. — Dissol\^d FeO related to manganese efeiciency. 

was sufficient to affect the degree of oxida- on the degree of metal oxidation. The 
tion and manganese efficiency as shown. information given in Fig. 8 was obtained 
When the blower encounters a hot heat, on three consecutive blows made on the 
he must choose between pulling the heat same bottom, but given different lengths of 
yoxmg to avoid overoxidation and blowing afterblow. The degree of oxidation follows 



Fig. 10. — ^Length op apterblow related to manganese eppiciency. 

it to the end point, with certain overoxida- the same trend as the afterblow length, 
tion. The risk in the former practice is that and, as would be expected, the manganese 
a high-carbon heat may result while in the effidency was poorer on the overoxidized 
latter extra deoxidizers are required, with blow. The blow that was given the 21-sec. 
attendant uncertainty of control. afterblow was considerably below standard 
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in surface quality, while the others were 
normal for capped steel practice. This phase 
of the significance of control will be more 
thoroughly developed later in this paper. 

Manganese Efficiency 

In \dew of the need for conserv’ation of 
manganese, it seems pertinent to show 
Fig. 9, illustrating the relationship between 
manganese efi&ciency and the FeO content 
of the blown metal. Since the length of 
afterblow is the primary* factor in the 
control of the FeO in the metal, a relation- 
ship should exist between the length of 
afterblow and manganese efiicienc\’. Fig. 10 
shows this relationship ver\' clearly. As a 
matter of interest, and to illustrate the 
validity of these data, Fig. 10 was made up 
from the information obtained on the blows 
reported in Fig. 9, then an equal quantity 
of information obtained about a year 
previous was superimposed on the chart 
without changing the trend in any way. 

Mechanically Capped Bessemer 

Much Bessemer steel is teemed into 
‘‘bottle-top” molds as effervescing, open 
steel, and then mechanically capped to stop 
the rising action. The primaiy- purpose of 
this practice is to obtain a uniform cross 
section of ingot with maximum yield possi- 
bilities. One 22 by 24 by 76-in. ingot was 
chosen from a representative blow of six 
ingots and split through the vertical axis 
(Fig. ii). The freedom from pipe and low* 
degree of segregation are worthy of note. 

Pouring Practice . — Correct practice for 
capped steel requires a rising, or growing 
steel, controlled within narrow limits. This, 
of course, requires that the metal tempera- 
ture and degree of oxidation be controlled 
closely. It is readily understood that varia- 
tion of oxidation may cause a difference in 
the quality of two blows, but such varia- 
tions often cause nonuniformity within the 
individual blow. The steel pourer judges 
the condition of the blow during the pour- 
ing of the first ingot and tries to control the 



Fig. II. — Split Bessemer capped ingot. 
Analysis, Per Cent 
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0.031 

2 

0. 10 

0.43 

0.093 

0.027 

3 

0.09 

0.41 

0.097 

0.027 

4 

0.21 

0.42 

0.212 

0.079 

S 

0. 14 

0.41 

0.129 

0.044 

6 

0. 10 

0.39 

0.097 

0.032 

7 

0. 10 

0.40 

0.095 

0.028 

S 

0. 10 

0.41 

0. 103 

0.031 

9 

0.09 

0.40 

0.098 

0.028 

10 

0.09 

0.41 

0.099 

0.029 

II 

0.09 

0.41 
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0.027 

12 

0.09 j 

0.42 
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0.028 

13 

0.09 

0.41 

0.090 

0.028 

14 

0.09 1 

0.40 

0.097 

0.032 

15 

0.09 

0.42 

0.095 

0.030 

16 i 
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0.41 

0.096 i 

0.031 
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rate of gas evolution accordingly. Over- 
oxidation or underoxidation changes the 
rate of gas effervescence in the mold, so 
that the first or second ingot of an over- 


two of the overblown heats on this chart 
were blown on blanked-up bottoms. While 
the young heats were not as bad as those 
overblown, they were for the most part 



Fig. 12. — Atterblow related to surface defects (material requiring reconditioning). 


blown heat may not be properly controlled 
and bleeders and unsound interiors are 
formed. Bleeders are ingots on which metal 
spurts between the top of the mold and the 
cap because of excessive internal gas pres- 
sure or poor capping practice. 

Surface aiid Interior Quality . — In the 
early days of the photocell investigation, 
many blows were followed to evaluate the 
different blowing practices, and it was dis- 
covered that overoxidation or underoxida- 
tion usually caused poor surface or unsound 
internal structure, or both. One such 
investigation, involving 29 heats, is repro- 
duced in Fig. 12. The evidence is over- 
whelmingly against anything over a 17-sec. 
afterblow, and it is rather definite that the 
young blow can be expected to give surface 
trouble. The afterblows as reported in this 
chart have been corrected for blanked 
tuyeres, so that there can be no question on 
that score. However, to the advocates of 
the extended afterblow for a blanked-up 
bottom, it might be pointed out that all but 


definitely inferior to those in the 10 to 
1 5-sec. afterblow range. 

As a combined illustration of external 
and internal quality as related to the 
afterblow, an investigation was made of 
bar-mill skelp and the steel performance 
was followed closely in the tube mill. The 
results of this investigation are shown in 
Fig. 13- The afterblow portions of the flame 
recordings show one young, one normal, 
and two overblown heats. Blow D could be 
classed as severely overblown. The graph 
depicting the skelp-mill surface and edge 
quality has the same trend as that of the 
preceding graph. The follow through of the 
tube-mill performance gave a very similar 
curve, the principal tube-mill defects being 
laminations. 

Since these data were obtained before the 
photocell instrument was used as a control, 
it has seemed advisable since the inaugura- 
tion of the control to promote similar 
investigations at intervals. Results of the 
most recent study are shown in Fig. 14. 
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Again there are the three degrees of blow- note. A limited number of data indicates 
ing — young, normal and overblown. This that the best steel performance is attained 
time manganese efficiencies, w’hich attest to when the ladle FeO is between 0.20 and 



Fig. 13, — Blowtn'g practice related to surface quality asd tube-mill performance. 
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Fig. 14. — Blowing practice related to surface, manganese efficiency, and dissolved 

FeO in ladle. 


the degree of metal oxidation, are reported. 
Again the overblown heat was substandard 
in quality, though the young heat was fully 
up to standard in this case. 

Range of Oxidation . — The ladle FeO 
values reported in Fig. 14 are worthy of 


0.2S per cent when making capped Bes- 
semer steel. 

Type of Defects, — Experience in the 
manufacture of capped Bessemer steel has 
shown that the overblown heat usually 
causes a heavier t^^je of surface defect than 
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the young blow. The latter usually shows a 
light slivered condition referred to as 
dirty” surface. 

Etch Tests. — Fig. 15 pictures etch tests 


rimming action, giving rising ingots. In the 
lower portion of the ingot the pressure of 
the evolved gas is too low to force itself up 
through the metal. These trapped gases 



Fig, 15. — Etch tests of two top billets from four ingots of overblown Bessemer heat 

(capped steel). 

Top row, top billets; second row, second billets. 


taken from the two top biUets from four 
ingots of an overblown heat. The segrega- 
tion is rather characteristic for this blowing 
practice. The rimmed pattern shown in the 
billets at the left indicates that this ingot 
feU away and rimmed in after it hit the cap. 
This illustrates the lack of pouring control 
that may be encountered with irregular 
blowing practice. 

Rimmed Bessemer 

Blowiftg Practice . — ^While not as impor- 
tant from the tonnage angle as capped steel, 
rimmed Bessemer is important as a source 
of material when ductility and surface are 
required rather than cross-sectional uni- 
formity. In blowing steel for rimming ingots 
the end-point control is somewhat the 
reverse of that for capped practice; in the 
latter, overblowing is critical whereas for 
good rimming practice imderoxidation 
must be avoided. Severe overblowing, 
however, is still to be avoided, because it 
causes excessive segregation, greater metal 
i^s, lower manganese efficiency, and some- 

£ es impaired surface. 

'he young, underoxidized heat contains 
ifficient dissolved FeO to promote good 


form blowholes immediately beneath the 
ingot surface and cause the ingot to grow. 
Subsequent heating in the soaking pits is 
very likely to scale ojff the primary ingot 
surface, exposing the blowholes to oxida- 
tion, which in turn causes substandard 
surface quality. 

Surface Quality . — ^In Fig. 16 surface 
defects are plotted against length of after- 
blow on five consecutive rimmed heats that 
were followed closely from iron to biUet hot 
bed. The young blow represents very poor 
practice. The FeO in solution in the ladle 
on this blow was only 0.24 per cent, the 
ingots all growing in the molds to the extent 
of 6 to 10 in. Surface defects were prevalent 
on the biUets from the bottom half of every 
ingot on this blow, while very few defects 
appeared on the upper biUets. On the other 
hand, the defects that appeared on the 
severely overblown heat (26-sec. afterblow) 
were confined mostly to the first and last 
ingots, indicating that a controUed rate of 
gas evolution was attained throughout 
most of the pour. 

Range of Oxidation . — From the pre- 
liminary data now at hand it seems that a 
mini mum of 0.28 to 0.30 per cent dissolved 
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FeO in the ladle is necessar>" to promote 
good rimming action. Very limited data 
indicate that ladle FeO values above 0.35 
to 0.37 per cent, while they give a very nice 


is that os>’ 5 ulphide 5 are the sources of 
machinability. Overblowing, with increased 
contact between iron oxide and sulphur, 
should promote the formation of these 



rimming action, cause excessive segregation 
in the top portion of the ingot. 

Temperature , — ^Although well known, the 
effect of temperature on rimming action 
should be mentioned. A cold heat often 
rims poorly, even though it contains enough 
FeO to promote the rimming action. Cold 
heats where the ladle FeO content was as 
high as 0.29 per cent have given poor 
rimming action and substandard billet 
surface. On hot heats the excessive tem- 
perature delays the formation of the chill 
crystals that start the inward freezing of 
the metal. Gas evolution proceeds without 
metal solidification, and should this condi- 
tion last long enough before the metal 
begins to rim in there will be insufficient gas 
left to maintain the proper action and the 
ingot will grow, much the same as the 
ingots of a young heat grow. 

Screw Steel 

Blowing Practice and MachinahUity . — 
End-point control is subject to considerable 
variation in the manufacture of Bessemer 
screw steel. One contention, hdd for years, 


sulphides. The degree to which this path 
may be followed is limited onl3’’ by the 
amount of billet reconditioning that will be 
countenanced by plant management, for, 
generally speaking, the more the overblow- 
ing, the greater the reconditioning costs. 
Machining of the center piercing or drilling 
t3T)e is often retarded by such overblowing 
because of the excessive segregation that 
accompanies this blowing practice. An 
elaborate etch testing program developed 
this information in a striking manner, 
which led to the adoption of the afterblow 
length that gave the soundest internal 
structure. This is in the neighborhood of 
15 to 16 sec. under normal blowing condi- 
tions. Surface quality is enhanced also by 
this length of afterblow\ 

Sulphur and the End Point , — Sulphur 
additions to the vessel change the appear- 
ance of the flame during the flame drop and 
also lower the recorded end point on the 
electric-eye chart. The flame appears 
more red and gives off large quantities of 
red-brown fumes. This causes the heat to 
look overblown before the end pK)int is 
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actually reached, and in many plants where 
all of the sulphur is added to the vessel the 
blow is turned down during the flame drop. 

Killed and Recaeburized Bessemer 

The tonnage of killed and recarburized 
Bessemer is relatively small, but enough 


of the slag to run into the ladle with the 
metal is difiicult to overcome. 

The slag analysis is a good indication of 
the degree to which the blow itself has been 
oxidized. In Fig. 17 is shown the slag 
analysis in FeO and SiOo for blows ranging 
from 0.70 per cent carbon duplex metal 
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Fig, 17. — FeO-silica relationship op slag to carbon content op dltlex blown metal and 

APTERBLOW OP BeSSEMER HEATS. 


has been produced to prove that the over- 
blow is to be avoided. For low-carbon 
killed steel the fio'w should be turned down 
at the end point, assuring the carbon de- 
sired, but avoiding excessive oxidation. 
For recarburized steel, the general practice 
is to pull the heat as soon as the flame drop 
is definitely reached. 

Bessemer Slags 

The Bessemer slag is purely the result of 
the oxidation processes taking place in the 
converter, performing none of the functions 
of the open-hearth slag. The slag will be dry 
and coarse in appearance at any point of 
turndown before the flame drop. At the end 
point there is sufficient FeO contained in 
the slag to hold it together as a dry, pasty 
mass. With any extension of the afterblow, 
the slag takes on a wet, mushy appearance, 
and with severe overblowing the tendency 


down to severely overblowm Bessemer 
heats. Comparatively little iron is lost in 
the slag in any blowing practice that 
terminates the blow before the end point is 
reached, whereas an appreciable amount of 
iron is contained in the slag of an overblown 
heat. 

Summary 

This paper has dealt specifically with 
degree of metal oxidation and its effect on 
steel quality. It has shown graphically that 
the degree of metal oxidation is dependent 
upon carbon content until the low-carbon 
values are reached. 

The effect of blanked tuyeres in slowing 
the rate of metal oxidation has been 
described. 

The length of silicon oxidation period has 
been shown to reflect accurately the silicon 
content of the iron being blown; also the 
influence of variable iron-silicon content on 
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rate of metal oxidation at the end of the 
blow is shown. 

Increase in temperature of blown metal 
has been shown to increase the solubilit}’ of 
iron oxide with a corresponding decrease in 
recover^" of manganese. 

It has been brought out that when all 
operating variables were constant, the 
length of afterblow determined the degree 
of metal oxidation. 

The importance of temperature and 
oxidation control in the production of vari- 
ous t>"pes of Bessemer steel has been 
indicated. 

Brief reference has been made to the 
effect of blowing practice on slag character- 
istics and composition. 
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DISCUSSION 

(T. S. Washburn presiding^ 

K, L. Fetters,* Pittsburgh, Pa. — The 
author has added an interesting contribution to 
the series of papers on the Bessemer that have 
appeared in recent years. Coming soon after 
the Gould-Hand paper (see p. 76 ., this paper 
calls to mind that the methods of multiple 
correlation might profitably be applied to 
studies of the Bessemer process in order to tell 
more about the interrelations of the variables. 

Several questions seem in order: What do 
scale or ore additions do to the length of the 

♦Assistant Professor of Metallurgy’, the 
Carnegie Institute of Technology. 


silicon blow and to the carbon-oxygen relation ? 
Does steam have any effect on the final orrgen 
content of the metal? When sulphur is under 
0.025 per cent, is there any difference in the 
shape of the afterblow curve? It has been 
stated by many blowers that the flame does not 
look the same when the sulphur is unusually 
low. 

Has the expression of ** normal’’ surface 
quality been based on the average of some 
quality rating or rejection, the average of which 
has been considered as “normal’’? 

H. T. BowiL\N author's reply . — Ore addi- 
tions shorten the silicon blow. We have been 
unable to detect any effect of steam on the final 
oxygen content of metal The end point is 
sometimes less distinct with low-sulphur metal. 

Yes, our expression “normal” refers to an 
average quality rating based on predetermined 
standards. 

R. B. Sos3L\N,* Kearny, N. J. — There has 
never been a satisfactory e.xplanation of the 
sudden appearance of the so-called end point 
as seen in the Bessemer flame. Its sharpness 
indicates some discontinuous phenomenon. 
This discontinuity cannot be in the composition 
of the metal because carbon is still present and 
is still oxidizing. I suggest that a possible 
explanation may be found in the phenomenon 
of liquid immisdbility. Liquid iron at a given 
temperature will dissolve a certain amount of 
oxygen. If it takes up additional oxygen a 
second liquid phase is formed, which may be 
considered a molten oxide but actually contains 
considerably more iron than the composition 
represented by the formula FeO. I picture the 
atmosphere in the Bessemer vessel as being 
filled with flying droplets of liquid metal. When 
the saturation or immiscibility point is reached, 
each of these drops suddenly becomes coated 
-with the second liquid phase. It is not a stable 
equilibrium because oxA'gen may still be react- 
ing with carbon in the interior of the drop, but 
that reaction is relativeh* slow and a temporarj* 
supersaturation may therefore occur. This 
sudden change in the character of the liquid 
surface of the droplets would be accompanied 
by a similarly sudden chajige in the appearance 


* Research Laboratory. U. S. Steel Corpo- 
ration. 
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and spectrum of the flame. The occasional 
uncertainty in the end point is also consistent 
with this explanation. The characteristic 
spectrum lines will disappear sharply some- 
times, then reappear for a few seconds and 
disappear again for a final end point. Such an 


effect would result from incomplete mixing of 
the body of metal, such that a fresh lot of liquid 
droplets would be a little short of saturation 
although the droplets in suspension a few 
seconds earlier had reached the immiscibiiity 
stage. 



Obsen^ations in the Making and Use of Sulphite-treated Steels 

By E. L. Ramsey* ajcd L. G. GRAPERjf Members A.I.M.E. 

(New York Meeting, February 1942'' 


The present program of increased pro- 
duction of armament and lend-lease mate- 
rial for mechanized war has created a 
problem for the shops that must do the 
machining. They have naturally turned to 
the steel producers to provide them with a 
steel that can be accurately machined with 
the greatest possible speed. The adding of 
sulphur to steel as an aid to machinabilit}’ 
has long been practiced; however, it may 
cause red shortness in rolling and may re- 
sult in billets with seams and cracks, which 
must be removed before roUing can be 
continued. This conditioning of billets 
slows down production and adds to the 
cost of making steel. 

Experience with various grades of 
sxilphur steel made to different specifica- 
tions has shown that Bessemer sulphur 
steels roll better than similar grades made 
in the open hearth, and also that low- 
carbon steels that are open or semikilled 
as tapped roll better than complete^ de- 
oxidized or killed steels. This has led to the 
belief that oxygen plays an important part 
in the roiling qualities of sulphur-bearing 
steels. 

It is generally held that the red short- 
ness of sulphur steels is due to the low 
melting point of the sulphide compoimds 
•that separate out at the grain boundaries 
when the steel solidifies. At the rolling 
temperature of steel these sulphide com- 
pounds melt and cause cracking. 

Manuscript received at the ofiBce of the Institute 
Feb. 13, 1942, Issued as T.P. 1476 in Mettals Tech- 
nology, April 1942. 

* Si^riatendent of Steel Production, Wisconsin 
Steel Works, ^uth Chicago, 111 . 

t Assistant to Superintendent of Steel Production 
Wisconsin Steel Works, South Chicago. IlL 


Adding Sulphur as a Sulphite 

These difiiculties can be avoided if sul- 
phur is introduced into the steel b3’ means 
of an anh\’drous sulphite, such as sodium 
sulphite or sodium bisulphite, which — upon 
decomposition — ^forms sulphur dioxide. It 
is assumed that, in this case, the oxj’^en 
of the sulphur dioxide forms part of the 
sulphide inclusions in the steel, and raises 
their solidification temperature enough so 
that the formation in the steel of a low’- 
melting eutectic is prevented. The result 
is the prevention of hot shortness and a 
more uniform distribution of inclusions. 

Fig. I shows photomicrographs of steels 
made with sulphur, while Fig. 2 illustrates 
the structure of steels made with sodium 
bisulphite. These samples were cut from 
the steels as cast — that is, before rolling — 
and were polished and lightly etched to 
bring out the grain boimdaries. Fig. i 
show’s that sulphide inclusions segregate 
more or less at the grain boundaries, and it 
can be seen how the continuity of these 
low-melting inclusions would cause red 
shortness. Fig. 2 show’s that the sulphide 
inclusions are more or less uniformly dis- 
tributed throughout the matrix. This 
arrangement of inclusions has no apparent 
effect on the rolling qualities of a steel. 
This statement has been substantiated 
by the observation of the rolling of over 
6000 tons of steel made with a sulphite 
addition. 

Results 

As stated before, the sulphur dioxide is 
added to steel by means of the decomposi- 
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Fig. I. —Structure of steels made with sulphlu. X 300. 
a. Composition: C, 0.4S per cent; Mn, 0.94; P, 0.029; S, 0.184; Si, 0.21. 
h. Composition: C, 0.36 per cent; Mn, 0.67; P, 0.022; S, 0.165; Si, 0.22. 



a b 

Fig. 2. — Structure of steels made istth sodium bisulphite. X 300. 
a. Composition: C, 0.50 per cent; Mn, 0.80; P, 0.022; S, 0.160; Si, 0.21. 
h. Composition: C, 0.36 per cent; Mn, 0.67; P, 0.022; S, o.ioi; Si, 0.22. 
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tion of an anhydrous sulphite, principally 
sodium sulphite or bisulphite. In general, 
sulphites, upon being heated, decompose 
easily into sulphur dioxide and the oxide 
of the metal. For example: 

Xa2S03 “h heat — XaaO SO2 
Xa2S205 -f" heat — > XajO -f* 2SO2 

. The addition of sodium sulphite to 
molten metal causes a vigorous reaction, 
liberating sulphur dioxide, which is taken 
up by the metal, and sodium oxide, which is 
a strong base and reacts readily with the 
oxides of the deoxidation reactions, forming 
a fluid slag that rises to the top of the 
steel. Some of the reactions may be as 
follows: 

Xa20 -f“ Si02 — ^ xsa 2 Si 03 
XaaO + AlaOj-^ 2Xa.\i02 
NajO + dSiOs + AI2O3 

— > Xa20.A\l20j,6Si02 

The actual analysis of the resulting slag is 
as follows: Si02, 36.14 per cent; Al20i, 
28.77; MnO, 5.55; FeO, 3.24; Xa^O, 21.15; 
S, 1.27. 

The percentages of 36.14 for SiOi and 
28. 7 7 for AI2O3 indicate that large amounts 
of refractory inclusions have been washed 
from the steel. These inclusions are abra- 
sive, and their removal is shown by the 
increased tool life that is reported by the 
machine shops. 

The addition of a sulphite to steel can be 
made either to the ladle while the steel is 
being tapped, or to the molds. It is prefera- 
ble to make the addition to the ladle and to 
add it after all other ladle additions have 
been made. The efficiency or recovery of the 
sxilphur from the sulphite is fairly constant, 
being between 65 to 70 per cent, which 
makes it possible to meet an 0.020 per cent 
sulphur range without difficulty. The prac- 
tice has been to use sodium sulphite when 
sulphur up to 0.050 per cent is wanted, and 
sodium bisulphite for a sulphur content up 
to 0,090 per cent. When higher sulphur is 
^pedfled, additional stick sulphur is used, 


because of the large volume of bisulphite 
necessary' to meet the high speciflcations. 

Experience with a large number of heats 
of steel made with sulphite addition to 
various specifications has shown no effect 
on grain-size control or on the recoverj’ of 
manganese, silicon, and other allojdng 
elements. !Most of the heats made have 
been fully killed steels with sulphur in the 
lower ranges. Some typical results obtained 
in the machine shop are as follows: 

Several heats of S.A.E. ro6o steel were 
made, rolled into ij^i e-in. bars, and ma- 
chined to i-in. diameter. The sulphur range 
was specified as 0,040 to 0.070 per cent. 
Sulphite- treated steel machined 23 per 
cent faster and with an increase of over 
300 per cent in tool life when compared 
with the same kind of steel made with stick 
sulphur. The mechanical properties also 
were more uniform in the sulphite-treated 
steel, and the impact values were approxi- 
mately twice the impact values of the 
sulphur-treated heats. 

Gears of S.A.E. 5140 steel, in which the 
sulphur content had been raised to 0.038 
per cent by addition of sodium sulphite, 
were compared with ordinary S.A.E. 5140 
gears. These gears are first rough-machined, 
rough-ground, finish-machined on cone 
automatics, and then cut. The sulphite- 
treated steel, after the first rough-machin- 
ing operation, had a better finish and were 
close enough to size so that the next <^)era- 
tion, the rough grinding, was omitted and 
the gears were put directly through the 
cone automatic machines. In both machin- 
ing operations, the number of pieces 
produced was 50 per cent more before 
retooKng was necessary. In the final cutting 
of the gears, no difference in speed of 
operation was noticed, except that the 
finish was much better; so much so that 
complete transmissions are being made 
and will be given thorough tests on the 
dynamometer. 

Steds for many other parts have beesa 
sulphite-treated. SAJE. 4140 has been 
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made into axle shafts and connecting rods, 
X133S has been used for shells; 4120 for 
gears; 1340 for shells; X1015 for camshafts; 
et cetera. 

Summary 

As the result of this preliminary investi- 
gation it is believed that adding sulphur 
to steel by means of a sodium sulphite will 
produce: 

1. A steel that can be rolled as well as if 
no sulphur were added. 

2. A steel with fewer refractory inclu- 
sions because of the cleansing effect of 
sodium oxide. 

3. A steel with more uniform distribu- 
tion of sulphide inclusions. 

4. A steel that can be machined with 
greater speed, more accuracy, better finish, 
and much longer tool life. 

It is also believed that these objectives 
can be accomplished with no effect on 
grain-size control, recovery of other alloy- 
ing elements, or mechanical properties in 
the lower sulphur ranges. 

These initial studies of the production of 
steels of improved rolling and machining 
properties are especially important at this 


time, when it is necessart’ to produce a 
first-class product, in the greatest quanti- 
ties possible* that can be machined in a 
minimum of time, especially in the con- 
servation of machine tools and in increasing 
the output of shells and other war ma- 
terials that must be machined in large 
tonnages. 

It should be pointed out that any large- 
scale treatment of steel with sulphite and 
bisulphite will require additional provision 
on the part of the chemical industry to 
supply the material needed. This may have 
to be considered in the light of other 
requirements in order to correlate properly 
this production with other war require- 
ments of the industry. 

This paper is a brief preliminary sum- 
mary of experiments, observations in prac- 
tice, and results obtained to date. Much 
research remains to be carried on, plans for 
which are under way. It is likely that many 
other adaptations of this process are possi- 
ble, and any contribution the steel industry 
can make toward the speeding up of the 
war effort will no doubt be of great value 
to the country at large. 



A Magnetic Determination of the A3 Transformation 
Point in Iron 

By B. a. Rogers,* Member A.I.M.E. a>jd K. O. Staick* 

(Philadelphia Meeting, October 1941) 


Because it is the basis of the econom- 
ically important operation of hardening 
steel by quenching, the A3 transformation 
in iron has been the subject of numerous 
investigations. Although the contribu- 
tions to this subject are interesting, no 
general review ^ill be given here. Readers 
who care to follow the matter further are 
referred to the comprehensive summary by 
Cleaves and Thompson/ which covers the 
literature to about 1935. Their references 
to 53 papers on the subject suggest that 
further investigation is hardly justifiable. 
However, considerable interest has devel- 
oped recently concerning the reversibility 
of the transformation. From thermo- 
dynamic considerations, the transition 
ought to occur at the same point on heat- 
ing or cooling, if the change of temperature 
is sufficiently slow. Yet all of the earlier 
investigators found a difference of several 
degrees. Burgess and Crowe,* who used 
thermal methods, obtained average tem- 
peratures of 912® for Acs and poo^C. for 
Atz on electrolytic iron. Their data indicate 
a considerable range of temperature over 
which the change occurs, both on heating 
and on cooling. Terry* measured the 
susceptibility in the critical range and 
estimated from the steepest parts of his 
curves that Acs came at 918° and Atj 
at 903®C. 

Ishiwara* was one of the first investi- 
gators to report a shorter interval between 

Published by permission of the Director, U. S. 
Bureau of Mines. Manuscript received at the oflSce 
of the Institute July i8, I94t- Issued as T.P. 1388 in 
Mktals Technology, October 1941. 

♦ Stttnor Metallurgist and Junior Metallurgist, 
respectivdy, MetaBuraical Division* U, S. Bureau of 
Miiaea, Central Bapenment Station, Pittsburgh, Pa. 

1 References are at the end of the paper. 


the temperature of the change in the two 
directions. He measured the change of 
susceptibility of kaolin-coated samples of 
steel, in a hydrogen atmosphere, at rates 
of heating and cooling so low that about 
3 or 4. hr. were required for the transforma- 
tion to complete itself. His results show 
some variability between samples, but 
indicate that the difference between Ac* 
and Ats is in the vicinity of 6®C. Roberts 
and Davey* measured the space lattice 
in pure iron in the vicinity of 9oo°C. and 
concluded that a change occurs reversibly 
between 907® ± 3® and 910® ± 3®C., prob- 
ably between 907° and 9io°C. Wells, 
Ackley, and Mehl* made dilatometric 
determinations of the Acj and Ati points 
in samples of hydrogen- treated carbonyl 
iron maintained under a vacuum. They 
used three rates of heating and cooling: 
2°, H°t and H°C. per min. and found the 
spread between the two points decreased 
with low rates. At the slowest rate, the 
Ac* transition occurred at 909® to 909. 5®C. 
and the Axi change at 907®C. in three 
of the samples believed to contain the 
lowest percentages of alien elements. They 
concluded that if the rate of temperature 
change and the content of alien de- 
ments were low enough, the Ai trans- 
formation would be completely reversible 
at 909-5“ ± 

The question of reversibility is an inter- 
esting one and wben some iron with 
especially small percentages of afi«i 
elements became available the opportunity 
to conduct an investigation was welcomed. 
This iron was prepared by the Division of 
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Metallurgy of the National Bureau of 
Standards and was made available by 
Dr. J. G, Thompson, of that organization. 
A magnetic method was selected because 


electromagnet, a furnace for heating the 
sample, and a balance for measuring the 
force on it. A Frantz® magnet was em- 
ployed. The furnace and magnetic balance 



Fig. I. — Combination of magnetic balance and sample furnace. 


suitable equipment had already been set 
up for other purposes. 

The Apparatus and Its Manipulation 

The apparatus will be described briefly, 
although the details of its construction 
have been published already.^ It is based 
upon Curie's method of measuring the 
force on a specimen placed in a nonuni- 
forrn magnetic field. The dements are; an 


are combined in one structure, as illus- 
trated in Fig. I, reproduced from the paper 
cited. The working parts of the balance 
are: the silica balance beam a pivoted 
at p and the combination of solenoid 5 
and core c, which takes the place of the 
weights on a mechanical balance. In using 
the balance, the pull on the specimen is 
determined by noting the current through 
j necessary to hold the indicator t at its 
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zero position. The force corresponding 
to any current is read from a table obtained 
by methods to be described. The sample 
end of the balance beam is not \dsible in 
Fig. I because of its location within the 
cylindrical furnace shell. This shell, which 
has water-cooled ends, fits snugly in the 
air gap of the magnet. 

The interior of the furnace is illustrated 
in Fig. 2, which shows the region near the 
specimen x. The silica sample container g 
is fused to the lower end of beam a; 5 is 
the refractory tube on which platinum 
wire w is wound.'*' A conception of dimen- 
sions is obtained from the distance of H in. 
between the horizontal lines on the graph 
that shows the variation in temperature 
along the vertical axis. 

Since the previous paper was written, 
the apparatus has been improved by the 
addition of a controller of the kind de- 
scribed by Reid.® This instrument, which 
was operated in conjunction with a Leeds 
and Northrup t>T>e K potentiometer, was 
connected to thermocouple k in Fig. 2. 
The temperatures recorded during the 
experiment were read from a Tinsley 
Vernier potentiometer connected to ther- 
mocouple k. Both couples were made of 
matched 22-gauge chromel-alumel wires. 
As judged from the movement of the 
galvanometer coimected to the Tinsley 
unit, the total variation of temperature at 
junction k was about o.2°C. for any 
setting of the controller. In general, read- 
ings of temperature and also of force on the 
sample were taken at 15-min. intervals. 
Any changes of the temperature con- 
troller were made immediately after 
these readings. 

Because of its importance, the method of 
preparing the sample will be given in some 
detail. The dimensions of the sample were 

* The heating element was wound nonin- 
ductively; that is, the currents in adjacent 
wires were in opposite directions. As a result, 
the magnetic Md produced by the heating 
current was very slight. 


about >s-in. diameter by He-hi. length 
and its weight about 0.3 gram. It was 
placed in a closed-end, clear, fused-silica 
tube of 4-mm. internal diameter, which 



was then evacuated to a pressure of about 
0.0005 mm. Hg. Next, the end of the silica 
tube containing the sample was heated to 
about 8cx)°C. and held at this temperature 
for about }4 hr. before being sealed off. 
The evacuated capsule, having a cavity 
length of about K then attached 

by use of a torch to the ^ca balance 
beam, care being taken to have the sample 
at the proper distance from the jHVots. 
Finally, the balance beam was replaced 
in the position illustrated in Fig. i . 

Calibration or Eqtjiphent 

Three calibrating operations were re- 
quired. The first concerned thermocouple 
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kf located under the specimen container; 
the second involved the relation between 
the current through the magnetic balance 
and the actual force; the third was a 
redetennination of the field of the electro- 
magnet. In addition, the variation of 
furnace temperature near the sample 
was examined. 

The thermocouple k was checked against 
a similar couple that had been calibrated 
at the National Bureau of Standards. It 
was used throughout the tests but was 
cut off and rewelded twice. As a further 


room temperature. The position of the 
sample in the magnetic field was the same 
in both balances and also coincided with 
that of the samples studied in the trans- 
formation experiments. Current plotted 
against the square root of mechanical force 
3delded a straight line having the equation 
I = 1 14.4 \/ 5 J* This equation was used to 
set up a table for converting current to 
grams weight. 

Redetermination of the constant of the 
magnetic field was undertaken as a result 
of having more exact data on some of the 


Table i. — Composition of Samples Obtained from National Bureau of Standards 


Content of Alien Elements, Per Cent 


No.« 

Cu 

Si 

Be 

A 1 

C 

s 

p 

Os 

H 

Hi 

2 

<0.002 

o.oox 

<0.001 

nil 

0.001 

0.002 

3 

<0.0005 

0.000 

3 

0.000 

2 

0.000 

2 

3 

<0.002 

0.003 

<0.001 

nil 

O.OOI 

0.002. 

0 


0.000 

5 

0.000 

4 

0.000^ 

18 

<0.002 

nil 

nil 

nil 

O.OOX 

o.oox 


0.003^ 

0.000 

0.000 







I 


0 

I 

2 


* Tile arc spectrum pf each ingot was examined for the presence of sensitive lines of 49 elements. Deter- 
minations of Cu, Si, Be, and A 1 are recorded above, the expression “nil” meaning that the amount of the 
impurity, if present at all, was less than the sensitivity of the analytical method. None of the following 45 ele- 
ments could be identified in any of the ingots: Ag, As, Au, B, Ba, Bi, Ca, Cb, Cd, Ce, Co, Cr, Ga, Ge, Hf, Hg, 
In, It, K, Li. Mg. Mn, Mo. Na, Ni. Os, Pb. Pd, Pt, Rh, Ru. Sb, Sc, Sn. Sr. Ta, Th, Ti. Tl, U. V. W, Y. Zn, 
and Zr. 


check on the accuracy of the apparatus, a 
measurement was made of the melting 
point of silver containing less than 0.0 1 per 
cent of alien elements when sealed in a 
capsule in the same way as the iron speci- 
mens. Three determinations at different 
times gave 960.5®, 961.^®, and 96i.o®C, 
The first was obtained while the couple 
was in its original condition and corre- 
sponds to the period when most of the 
work on the Bureau of Standards iron 
was done. 

The rdiationship between current through 
the magnetic balance and the force in grams 
was found by measuring samples of slightly 
magnetic alloys of approximately the same 
size as fhe specimens of iron, both in the 
magnetic balance and in a mechanical 
balance that had been built for determining 
the mass susceptibility of substances at 


calibrating equipment. The procedure has 
already been described.^ The new value for 
dE 

E is 26.02 X 10® oersteds.oersteds 
per centimeter. 

Exploration of the temperature in 
the furnace was conducted by placing 
a 22-gauge chromel-alumel thermocouple 
junction at a sequence of H-m. intervals 
along the axis of the furnace while the 
temperature of the heating element was 
held constant by an auxiliary couple 
connected to the controller. The deviation 
of temperature in the vicinity of the sample 
is shown on the graph which forms a part 
of Fig. 2. 

Samples Used 

Samples from five different pieces of 
iron were tested. Three pieces were rods 
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furnished by the National Bureau of 
Standards. The analyses of these rods, 
which were from ingots 2, 3, and iS,^° are 
given in Table i. The other two were a 


the Aca and Ar* transformations. The 
sample of Fig. 3 was not carried above the 
Acj temperature, whereas that of Fig. 4 
was. 



Fig. 3. — ^SnSCTPTtBILITY-TEMPEEATUSE LOOP TOR A» TRANSPOKMATION OP IRON. TEMPERATURE 
OP SAMPLE NOT CARRIED ABO\’E A» POINT. InGOT No. 3 . 

Sample weight, 0.2914 gram. Numbers along curve show time in minutes between plotted 
points when other than 15. Closed drcles indicate a period of 5 minutes between points. 


specimen of Armco ingot iron and a length 
of wire drawn down from an ingot made 
by adding 0.051 per cent copper to electro- 
lytic iron. 

Experimental Results 

The data from runs on ingot 2 will be 
used to illustrate the results of the investi- 
gation. Tests on ingot 3 were as detailed as 
those on No. 2 and yielded essentially 
identical data. Ingot 18 was studied less 
fully, but its behavior was in general 
agieement with that of the other two ingots. 

Figs. 3 and 4 show how the susceptibil- 
ity changes as the sam|^e passes through 


The performances of the two samples 
were similar. As the temperature was 
increased in small steps from the 

susceptibility first decreased and then, for 
a few degrees below the Aci point, re- 
mained constant. The length of this 
horizontal portion amounts to 2® in Fig. 3 
and 3,5®C, in Fig. 4. All samples of iron 
from the National Bureau of Standards 
showed a flat region extending over an 
average interval of about 3®C.; but the 
length of this portion could not be dete- 
mined exactly because the a{^>aratus is 
not more precise than ocMresponds to 
±2 X 10^ c.g.s, units at this 
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ity. Upon reaching the Aca temperature, formation temperatures. Of the 13 meas- 
the sample did not begin to transform at urements of the Acs change, two were 



Fig. 4. — Susceptibility-temperature loop por A* transformation of iron. Temperature 
OF S.AMPLE carried ABOVE A* POINT. INGOT No. 2. 

Sample weight, 0.3033 gram. Numbers along curve show time in minutes between plotted 
points when other than 15. 

once but remained in the alpha condition outside the 910.5® to 9ii.o°C. range. One 
for 1 5 min. or more — as much as 45 min, in of these was at 910® and the other at 
one case. Once the transformation began, 9ii.5®C. Probably both were the result 
its rate increased gradually to a maximum of some incorrect experimental condition, 
value and then decreased as the sample but the cause for the discrepancies was 
approached the gamma condition. Accord- not determined. 

ing to Fig. 3, the temperature of the Acj The periods of about 4 hr. for the Ac* 
transformation is 91 1® and according to transition depicted in Fig. 3 and about 
Fig. 4 it is 9io.5°C. The latter figure is hr. for that shown in Fig. 4 represent 
probably nearer the correct one, as it was the time required at a temperature very 
the one determined on all three ingots slightly above the point where the iron 
during the first runs on the original mil transform at all. A sample held not 
calibration of the thermocouple. Table 2 more than i°C. below its transformation 
shows the summary of the data for the five temperature did not change during a 6-hr. 
different samples of Bureau of Standards period. On the other hand, an increase of 
iron employed in determining the trans- one or two degrees in temperature caused 
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the transformation to complete itself in a ured in these experiments is about 50 
few minutes. X lo"® c.g.s. units — approximately one- 



FIG, 5. — SUSCEPTEBILITY-TESCPERATURE LOOP FOR Aj TRANSFORMLATION OF IRON SUPERFICIALLY 
OXIDIZED AT LOW TE1CPER.ATURE. IXGOT XO. 2. 

Sample weight, 0.3048 gram. Numbers along curve show time in minutes between plotted 
points when other than 15. 


A decrease in the temperature of the 
sample produced no evidence of the Arj 
transformation imtil 902. 5°C. was reached. 
At this point the change began slowly, 
attained a maximum rate greater than 
that of the Acj transition, and then de- 
creased in speed again. Comparison of 
Figs. 3 and 4 reveals that the temperature 
of the At* change does not depend on 
whether the sample has previously been 
taken above the Ac® point. As shown in 
Table 2, the gap between Acj and Ar* was 
found to be either 8® or 8.5®C. when 0.5° 
settings were made. The former figure 
may be considered the minimum interval. 

The susceptibility of gamma iron meas- 


Table 2. — Temperature of Transformaiion 
of Samples of Bureau of Standards Iran 


Ingot 

No. 

Tria 

No. 

Temper- ! Temper- 
ature of 1 atnre of 
Aci Trans- An Trans- 
formation, i formation, 
De«. C. ! Deg. C. 

Temper- 
ature Dif- 
ference be- 
tween Aca 
and An, 
Deg. C. 

iS 

1 

911.0* 

902.0* 

9 


2 

91 I. 0* 

902. 5 

8.5 


3 

910. s 




4 

910.5 



3 i 

! I j 

9x0.5 

902. 5 

I 8.0 

1 


9x0.5 

902.5 

8.0 


! 3 i 

9x0.0 



2 

1 1 

910.5 

902. 5 

8.0 

\ 

2 j 

910 . 5 




; 3 ; 

910 . 5 




1 ^ 

910. 5 



3 * 

1 

9x1.5 

903.0 

S-S 


1 i 

' 1 

91 1. 0 

902.5 

8.5 


■ Data on this sample were talcen two months later 
than on others. The apparatus had been partiT die- 
mantkd>nd reassembled. 

^ Mo settings made at haM degrees. 
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eighth of the minimum of about 250 X 10“® beha\Torj samples of ingots 2 and 3 were 
c.g.s. units measured on alpha iron — and oxidized lightly — at about 0.5 mm. Hg 
is constant within the limits of accuracy pressure — over their entire siirfaces before 
of the equipment. The results for gamma their containers w’ere sealed. This coating 
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Fig. 6 . — Stjsceptibility-temperatijre loop for Ai transformation of Armco ingot iron. 

_ Sample weight, 0.2729 gram. Numbers along curve show time in minutes between plotted 
points when other than 15. 

iron agree reasonably well with the data disappeared during the test on the samples, 
selected by Cleaves and Thompson^ but a fact that indicates that the substance 
the value for alpha is larger than their mean of the coating was absorbed by the metal, 
figure of 190 X lo”® c.g.s. units. The An attempt was made to estimate the 
average field intensity in the locality of the amoimt of gas taken up, by weighing a 
sample was about 8600 oersteds in aU cases, sample on an Ainsworth microbalance 

During a run on a sample, one spot of before and after it was oxidized. The in- 
which had been accidentally oxidized crease in weight, 0.009 mg., was so small 
slightly during the sealing-off operation, that a definite statement will not be 
the susceptibility was observed to drop ventured. If the amount is correct, the 
slightly at 909° and then hold steady and percentage of oxygen introduced scarcely 
to repeat this behavior at 910® before exceeds the 0.003 per cent in ingot 18, 
decreasing continuously during transforma- which behaved normally, 
tion at 9ii°C. To determine whether the The form of the transformation loop 
coating was responsible for tins unusual obtained with an oxidized specimen of 
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ingot 2 is illustrated in Fig, 5. Three 
differences from the loop obtained with 
unoxidized material may be noted: (i) 
the sample began to transform at 905®C.; 


the rapid decrease in susceptibility of the 
untransformed iron^ the temperature of 
9i4®C. necessar\' to complete the transi- 
tion, the slightly higher susceptibility of 


DEGREE Of COMPLETKJN. PERCENT D 



Dj rate of transformation-degree of completion curve for Ac» transformation. 
Sample weight, 0.2914 gram. 


(2) it transformed partly, then stopped at 
successively higher temperatures, and (3) 
it was not completely in the gamma condi- 
tion imtil the temperature reached 9i4°C. 

Ingot 3 behaved in a similar manner, 
except for a rounded top on the loop and 
an Ar* point of 901. 5®C. No explanation 
of the behavior of the osddized samples will 
be offered. Inhomogeneous distribution of 
oxygen does not appear responsible. After 
the samples have undergone the diffusion 
effect corresponding to one transformation 
loop, they will still transform at a low 
temperature if reheated. 

A nm was ma(k on a sample of Armco 
iron to compare its transformation loop 
with that of matajai from the National 
Bureau cff Standards. The pzindpai fea- 
tures of the restiMng g?:a|^ (Fig. 6) are 


the gamma form, and the similarity of the 
Arj change to that of previous samples. 
Posably, the susceptibility of pimma iron 
is related to composition. The figure of 
50 X io“® c.g.s. units observed for the 
previously mentioned {fiece of electrol3rtic 
iron containing 0.051 per cent copper 
supports this suggestion. 

Fig. 7 presents four curves derived from 
the data already plotted as Fig. 3. Curve A 
shows the progress of the tran^ormaticm 
with time. Its ordinate points give the 
decrease in susceptibility below the valtie 
for the alpha condition at 9ii°C. Curve B 
gives the same information expressed as 
percentage of the total change about 
22$ X c,g.s, units. Curve C shows the 
change in the rate iA transl<HCinatiQn as 
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time progresses. It was derived graphically cent of the material has changed over, but 
by drawing tangents to curve ^4 and the exact course of the curv’e in this region 
calculating their slopes. The shape of is again imcertain. 

curve C near its maximum is in doubt. Fig. 8 illustrates the effect of raising the 
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TEMPERATURE, •CL 

Fig. 8. — SuSCEU^XmnJTY-TElOERATURE CURVES. 

Aj susceptibility-temperature curve for Ari transformation interrupted by increase in tem- 
perature. 

B, susceptibility-temperature curve for Ac* transformation interrupted by decrease in tem- 
perature. 

Sample weight, 0.3051 gram. Numbers along curves show time in minutes between plotted 
points when other than 15. 

Probably, a rounded maximum exists at temf>erature while the Ars transformation 
about 60 min. in agreement with the is in progress and of lowering it during the 
assumption of a continuous change in Aca change. In the first instance, as shown 
slope of curve A at the same abscissa by curve there is a slight tendency for 
distance, but curve A can be drawn as a the transition to continue at temperatures 
straight line through the interval from as high as poy^C., but the action stops 
about 100 to 140 X io'~^ c.g.s. units of after a short time. A decrease of the tern- 
susceptibility without doing violence to perature from 907^0. causes the trans- 
graphic procedure. Under the circum- formation to begin anew, but the action 
stances, the ascending and descending soon ceases. Completion of the change 
branches of curve C have been connected into the alpha state does not take place 
by a dotted line. Curve D gives the rate until the usual Ar* temperature of go2.5°C. 
of transformation as the percentage of the is reached. Curve B shows that if the Ac* 
total change occurring per minute plotted change is interrupted by a reduction in 
against the percentage already trans- temperature, the sample demonstrates a 
formed. The maTimuTn rate of transforma- not very persistent tendency to revert to 
tion obviously occurs when about $0 per the alpha ccmdition at 909®C. Further 
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decrease of temperature to 907®C. allows 
the reversed transformation to proceed 
nearly to its full extent. Some slight 
variation of the samples whose transforma- 
tions were interrupted in this waj- was 
observed. In every instance, the sample 
refused to continue the A13 change to 
completion when the temperature was 
raised above 902. 5°C. In most instances, a 
sample in process of going from the alpha 
to the gamma state would return to the 
former if the temperature were dropped to 
about 907°C., but often the return ap- 
peared to be not quite complete. 

The data just discussed suggest that the 
transformation tends to be reversible at 
about the temperature of the Acj change 
but that the Arg change is suppressed by 
some unknown factor. The situation may 
be somewhat akin to the phenomenon com- 
monly called ** undercooling'^ in the solid- 
ification of some metallic elements, but the 
action of the imdercoolinginfiuence appears 
to be remarkably constant. 

Summary 

The investigation of the A* transforma- 
tion by measurement of susceptibility has 
yielded a number of facts, which are listed 
in the following summary: 

1. The Aca transformation of iron with 
very small content of alien elements will 
complete itself at a fixed temperature, 
which is in the vicinity of 910. 5°C. At this 
temperature, the rate of transformation is 
so slow that several hours are required 
for the change from the alpha to the 
gamma condition. An increase of about 
a degree in the temperature of the specimen 
will cause the reaction to take place much 
more rapidly. 

2. The Atj transformation in iron occurs 
at about 902.5^0. and runs at perhaps three 
or four times the speed of the correspond- 
ing Ac* change. 

3. The minimum difference in tempera- 
ture found in this investigation between 
Ac* and Ar* was 8®C. All samples showed 
an interval oi either 8® or 8.5®C. 


4. The presence of a small amount 01 
oxide — at least, material occurring in an 
oxide coating — distorts the transformation 
loop by causing the Ac* transition to begin 
several degrees below its normal tempera- 
ture and end several degrees above it. The 
Ar* transformation is less affected. 

5. The maximum rate occurs when about 
50 per cent of the material has been 
transformed. The rate of change near the 
end of the transition is much less than the 
rate near the beginning. 

6. If the temperature is reduced to 
907°C. before the Ac* transformation is 
completed, the iron reverts (for some 
samples, at least) to the alpha condition. 
If the temperature is raised to some point 
between 903® and 907^0. before the Ar* 
transition is finished, the susceptibility 
continues to rise slowly for a short time, 
but action eventually ceases. 
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DISCUSSION 
{Cyril Wdls presiding 

S. Etstein,* Bethlehem, Pa . — \t and near 
the transformation temperatures, the authors 
show that very lengthy time intervals were 
required for the specimens of iron used to go 
through the Ats transformation. It would be of 
interest to know how such slow rates of trans- 
formation affected the grain size. 

J. K. Stanley,! Pittsburgh, Pa. — ^In Fig. 7, 
curve B, Rogers and Stamm show that the 
isothermal transformation of alpha to gamma 
iron follows a reaction-rate curve that has been 
so successfully treated by Johnson and Mehl.^*^ 

If the isothermal reaction-rate curves for the 
alpha-gamma change for ingot No. 2 are plotted 
from the data in Figs. 3 and 4, two quite similar 
but not coincidental curves result. Similar 
reaction-rate curves for the gamma-alpha 
change can be plotted; they too are similar but 
not coincidental. This is interesting because it 
indicates that two samples from the same ingot 
do not give identical isothermal reaction-rate 
curves, probably as a consequence of some 
inhomogeneit}', either chemical or physical. 

The isothermal reaction-rate curve is quite 
common in metallurgy — the decomposition of 
austenite, recrystallization, etc. This reaction- 
rate curve is a combination of two kinetic 
processes — the formation of a new phase in 
the matrix or old phase (nucleation) and the 
growth of these new phases or nuclei until the 
entire matrix is transformed. 

The differences exhibited in the curves can 
probably be attributed to variations in nuclea- 
tion or growth. But then we ask; What would 
cause such variations?” Possibly chemical 
composition, variable grain size, or physical 
condition such as strains or deformation. That 
the physical state would have an effect is 
possible but not probable; the heating to such 
Ipnperature would have relieved the strains 
recrystallized the material. The variable 

r un size could be eliminated by starting 
single crystals of iron. In this way, the 
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reaction-rate curves as affected by impurities, 
particularly carbon, might be determined. 

Rogers and Stamm say (page 13S) that the 
inhomogeneous distribution of oxygen does 
not appear to be responsible for the irregular 
curves obtained, as in Figs. 5 and 6. These 
curves are quite similar in character to dilata- 
tion-temperature cur\*es obtained by Wells, 
Ackley, and Mehl® for nonuniform distribution 
of carbon in iron. I wonder if the authors would 
elaborate a little more on why they think 
this irregularity is not due to inhomogeneous 
distribution of oxygen. 

T. D. Yensen,* East Pittsburgh, Pa. — The 
present determination of the A3 point in iron 
establishes a new high as far as experimental 
accuracy and purity of samples are concerned. 
The residts show definitely and strikingly that 
these samples transform from alpha to gamma 
at 910.5° and from delta to alpha at 902.5°, and 
most of us undoubtedly w'!!! conclude that there 
can be no further argument in regard to the 
question as to whether iron has or has not 
allotropic transformation points. The evidence 
is too convincing. And yet the question appar- 
ently will not remain submerged. 

In the first place, what about the spread 
between the Acs and the Ar* points? The present 
authors obtain a spread of 8°C., whereas Wells, 
Ackley and Mehl® obtained only 2° to 2.5° 
(909° to 907°). Does this mean that the samples 
used by Wells, Ackley and Mehl were of a 
higher purity than those of Rogers and Stamm? 
While evidence presented in the way of chemi- 
cal analysis is to the contrary, spread is 
undoubtedly a measure of the amount of 
foreign elements. The more carbon is added to 
iron, the greater is the spread between Ac* 
and Ats. 

In the second place, what about the time 
required for the transformation to go to com- 
pletion? Several hours for a 0.3-gram sampfe. 
Where does the transformation start? And why 
does it start there? Presumably because of a 
concentration oi foreign atoms. But, you will 
say, the samples in the present case contain an 
insignificant amount of impurities, 0.001 per 
cent C, etc. It is not always r^lized how many 
atoms this represents. In a cubic millimeter of 
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iron containing 0.001 per cent C there are 
roughly 10^® iron atoms and 5 X 10^^ carbon 
atoms. Of course, if uniformly distributed there 
is only one carbon atom for ever>’ 20,000 iron 
atoms (a cube with 27 atoms on the side^ But 
even so, just think how much trouble one fifth 
columnist can do in a town of 20,000. And the 
carbon atoms may be concentrated and start 
trouble in one place, then diffuse to another 
place and so continue until the entire crj'stal 
has been transformed. But let someone else do 
the arguing. 

Some time ago I received from a Russian 
scientist, Prof. T. A. Lebedev, a booklet 
entitled Basic Principles of a New Theot}’ of 
Iron-carbon Alloys,” published in Leningrad in 
1939, with the request that it be published in 
this coimtr>\ This booklet contains a short 
chapter entitled “The Cause of Allotropy of 
Iron.” I have had it translated, and I think it is 
of sufficient interest to include some quotations 
from this chapter as a part of this discussion. 

Quotations fsom T. A. Lebedev’s Book* 
The Cause of the Allotropy of Iron 

Since the times of Osmond, most investiga- 
tors have accepted allotropy as a peculiarity of 
the internal state of the iron, something in- 
separable from the concept of iron itself. 

The first investigator to advance a bold 
suggestion that was in complete disagreement 
with the prevailing traditions was the Rushan 
engineer, P. N. Ivanoff. In the year 1925 he 
wrote, “There are absolutely no proofs of the 
presence of such allotropic forms. ...” 

Starting from the analy^ of the iron-carbon 
diagram, Ivanoff came to the logical conclusion 
that the first cause of an aliotropk transforma- 
tion in iron is carbon. Shortly afterward, the 
American investigator, Yensen, came to the 
same conclusions absolutely independently of 
Ivanoff. Yensen observed that with the de- 
crease cff the carbon content in a rilkon alloy, a 
smaller amount of silicon is needed in order 
comf^tely to prevent the gamma modification 
of iron. The conclusion suggests itself that iron 
within a minimum amount of admixtures 
should not have any gamma modificatimi. 

While metailuigists as a whole are not re- 


* Basic Principles of a New Theory of Iron- 
carbon Alkys, chap. 3, pp. 28-36. 


sponding to this idea, individual investigators 
are beginning to come to the thought that the 
concepts of the allotropy of iron really need a 
suitable revision. Thus, for instance. Professor 
Rosenhain made the following statement at the 
1930 convention of German metallurgists, “We 
have discovered that the transformation points 
of very pure iron undergo a quite unexpected 
shift which perhaps has a connection with the 
ideas with respect to the entirely possible 
absence of allotropic transformations in 
absolutely pure iron.” 

On the basis of a mathematical analysis of 
different data on the effect of admixtures upon 
the transformation a -~*y Prof. V. N. Swetchni- 
koff also admitted in 1932 the possibility of the 
absence of allotropic transformations in pure 
iron. Finally, Scheil admits that Yensen’s 
hj'pothesis may be right for pure iron at normal 
(atmospheric) pressure. Recently Esser was 
compelled to pronounce himself in favor of the 
monotropy of pure iron and to assume that 
“allotropy is not encountered in ideally pure 
iron and that it is caused by those indusions 
whkh are inevitably contained in practice in 
the material.” 

One fact that compels us in one way or 
another to doubt Osmond’s hypothesis is 
imdoubtedly the existence of the so-called 
delta iron, and that the range of this w’edging-in 
depends to an extent upon the quality of the 
admixtures in iron. Consequently, the problem 
of the allotropy oi pure iron should be solved at 
present on the basis of the following considera- 
tions: Is it permissibie, in the so-called tech- 
nically pure iron (thousandth parts of cme per 
cent oi admixtures), to reduce the effect of these 
admixtures to insignificant dimensions, or is it 
exactly these admixtures that are to be cem- 
sidered as responsible for the reaction of the 
transformation a 7. It may seem incrediUe 
that such small quantities ci admixtures are 
able to cause a total recrystailization of the 
iron, but one should not forget that our Ideas of 
“small” and “large” are very relative, and it is 
just these “small” admixtures that sometimes 
cause a change in the ahoy (changes in crystal- 
lizatkii, in magnetk properties, in mechanical 
qualities, and so on). 

Entirely good reasons compel us to reckon 
very seriously with the inisignificant tm&mts ol 
carbon that usually are present in tochaicaftf 
pure iron. And, however smafi mmy be these 
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amounts, we should not forget that the possi- 
bility of the transformation of iron from alpha 
to gamma will depend not so much on the 
carbon content as on the forces of affinity 
between the iron and carbon atoms and on how 
strongly the alpha iron will resist the indicated 
transformation. 

If the force of affinity betw’een the atoms of 
iron and carbon is sufficiently great, even a 
small amount of carbon will be able to trans- 
form great masses of iron from the alpha 
modification into gamma. Here it is possible to 
foresee the fact that in the specially pure iron 
grades, the point Acs should move up with 
increasing rate as the percentage of carbon 
decreases. A great number of investigators w-ho 
tried to determine the point Ac* in pure iron 
have found that the temperature of the trans- 
formation a 7 increases in some cases to 
more than 930°. From the point of view of the 
anti-allotropic hypothesis, this circumstance 
fully conforms to law, since it is expected that 
with increasing purity of iron the points A* and 
A4 will gradually draw together and finally 
disappear entirely in absolutely pure iron. 

With respect to the influence of carbon, 
interesting data can be obtained from the work 
of Wells and his associates. In technically pure 
iron (C « 0.012 per cent), the whole course of 
transformation a— >7 depends most clearly 
upon the distribution of carbon. A nonuniform 
distribution of carbon (unannealed alloy) 
results in that the transformation a —♦7 
extends over a considerable temperature 
interval starting evidently in places with high 
carbon concentration. For a more uniform 
distribution of carbon, the whole transforma- 
tion a — > 7 takes place betw'een 9CX4® and 907® 
and has the appearance of a process that has 
started simultaneously throughout the sample. 
If the question were raised, what is the active 
element that starts the transformation of the 
iron in the direction of o; — »■ 7 (the iron itself or 
the carbon) one would be justified in answering: 
“The active element imdoubtedly is the 
carbon.” How can one contend that the 
allotropy of iron manifests itself as an inherent 
property in the face of the fact that an amount 
of 0.012 per cent carbon affects the 99.988 per 
cent of iron so clearly and undeniably? Not one 
fact has been observed that would confirm the 
“inherent” iron allotropy. On the contrary, 
every newly discovered fact shows more clearly 


the function of the admixtures, which produce 
ver>' often a false allotropy of metals. 

There is a sufficiently well founded assump- 
tion that for small contents of carbon the 
allotropic transformation does not affect the 
whole volume of the iron. Experiments have 
shown that, depending on the uniformity of 
distribution of carbon, the same samples 
yield dilatometric effects, entirely different as 
to magnitude. Finally, the thermal effects 
of the transformation a 7 found by different 
authors are far from always coinciding with 
one another. The table given shows that the 
investigators have failed to prove the constancj’ 
of the thermal effect of the transformation 
a 7 which would be absolutely indis- 
pensable for a constant and complete allotropic 
transformation. 

Therefore, the facts observed in modem 
metallurgy are bringing the anti-allotropic 
hypothesis to the fore. 

B. A. Rogers and K.. 0 . Stamm (authors’ 
reply*). — Mr. Epstein’s question brings up an 
interesting point. Unfortunately, we did not set 
aside any samples for microscopic examination 
at the time of the experiment and, after the 
work was finished and the apparatus dis- 
mantled, we realized that the specimens had 
been put through such a variety of experiments 
that their thermal history was quite compli- 
cated. Under the circumstances, an examina- 
tion seemed unprofitable. 

Mr. Stanley comments on the difference in 
the isothermal reaction-rate curves for ingot 
No. 2, as derivable from Figs. 3 and 4, and 
suggests some possible causes for this variation. 
However, difference in temperature is probably 
the most prominent cause. It is true that for 
any given nm the variation of temperature in 
the furnace did not exceed ±o.i®C. and that 
the temperature of the sample presumably 
changed by only a small fraction of this 
amount, but the setting for different runs might 
easily have differed by 0.1 ®C. Since a rise in 
temperature of i®C. was observed to increase 
the rate of transformation by several hundred 
per cent, a much smaller difference in tempera- 
ture might exert an influence greater than the 
factors named by Mr. Stanley. 


* Published by permission of the Director, 
Bureau of Mines. 
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Our statement that the inhomogeneous dis- 
tribution of oxygen does not appear to be 
responsible for the type of curve obtained in 
Fig. 5 was based only on the opinion that 
several hours at about goo^C. should permit 
fairly thorough diffusion of the oxygen in this 
small sample of metal, but it may not be cor- 
rect. It was noted that when such a sample was 
again brought up to the transformation tem- 
perature, its behavior was generally similar to 
that in the first run. 

Dr, Yensen mentioned the difference in 
spread betw’een the Acj and Ara points obtained 
by Wells, Ackley, and ^lehF and in the present 
experiments. The investigation by Wells, 
Ackle}’, and Mehl evidently was carried out 
with unusual care. On the other hand, we 
believe that our own results are correct for the 
samples that were used. Lacking a satisfactori- 
explanation of the discrepanc\’, we did not 
discuss the point. The assumption that the 
spread w-ill increase as the percentage of 
impurities becomes greater is a natural one to 
make. Yet, as Dr. Yensen says, the opposite 
results have been obtained in our experiments. 
Although the Acj transformation shoTO in 
Fig. 5 covers a range of temperatures, it is 
possible that a dilatometric test would show- 
changes in length mostly at temp)eratures 
corresponding to the upper part of the loop in 
our Fig. 5, and in this case an observ’er using 
thi?; method would conclude that a smaller 
interval exists for ver^’ slightly* oxidized mate- 
rial than for the uncontaminated metal. This 
question of spread is one that needs further 
investigation. Some effect similar to undercool- 
ing in liquid metals ma}’ be involved in the 
transformation. 

Dr. Yensen has also questioned the existence 
of the gamma phase in iron uncontaminated by 
any trace of foreign atoms and has presented 
arguments for this theor>- in the form of quota- 
tions from chapter 3 of the book on Basic 
Principles of a New Theory- of Iron-carbon 
Alloys by Prof. T. A. Lebedev. References cited 
by Professor Lebedev^*-^^ show that the experi- 

12 T. D. Yensen: Iron-Silicon-Carbon Alloys. 
Constitutional Diagrams and Magnetic Proper- 
ties. JnL Iron and Steel Inst. U929) 120, 
187-202. 

13 M. A. W. Svetchnikoff: Sur les trans- 
formations pob-morphes du fer aux points Aa 
et A*. dtf Mit., Mftn. (1932) 29, 583-587* 

M* V-N- Svetchnikoff: De Teffet des 
elements additional sur le pol\-morphisme du 


mental basis for such arguments rests mainh- on 
two observations, of which the first is the 
decrease in the amount of alloying element 
necessary- to close the gamma loop in certain 
te:nar\' alloys as the percentage of carbon is 
decreased and the second, the occasional high 
values reported for the A3 transformation point 
in iron specified as being especially free from 
carbon and other alien elements. 

Three component alloys, such as iron-carbon- 
silicon or iron-carbon-chromium, should alwa3-s 
be studied from the viewp>oint of a ternarj- sys- 
tem. A study of diagrams of this type as illus- 
trated. for example, by Fig. 1 1 in the paper by 
Kdster and Tonn.^^ brings out the fact that the 
surfaces that bound the alpha and alpha plus 
gamma spaces extend farther from the iron 
comer as the percentage of carbon is increased 
through the lower values. As a result, the traces 
of these surfaces that appear as the gamma loop 
on vertical sections parallel to the iron-silicon 
side -will bulge more and more as the sections 
are taken at greater carbon contents. Con- 
versely, as the carbon content decreases, the 
gamma loop as depicted by these sections tends 
to shrink. Its limiting position is reached as the 
carbon content for the successive sections 
diminishes to zero and the section coincides 
with the iron-silicon side. The decrease in 
extent of the gamma loop is thus seen to be a 
perfect!}’ normal behavior, and an}- supposition 
that it will disappear when no carbon is present 
is quite unjustifiable. 

Arguments based on reported high values for 
the A* transformation involve tw-o assumptions: 
(I'l that the reported values are correct, and (2) 
that the increase in temperature of the Aj trans- 
formation does not reach a maximum value for 
iron with absolutely no alien atoms. The ques- 
tion of the temperature of the Aj transforma- 
tion point in iron of a very high degree of purity 
has been carefully examined b}- Cleaves and 
Thompson^ and also by Cleaves and Hiegel.^" 
Cleaves and Thompson^ rejected the high 


fer. Rev. de Met., Mem. (.1933) 30, 200-210. 

H. Esser: The Allotropy of Iron. Iron and 
Steel Inst., Carnegie Schol. Mem. (1936) 25, 
213-234. 

^«W. Koster and W. Tonn: Die a-7-UiTi- 
wandlung in den Dreisoffsystemen des Eisens, 
Archiv Eisenhuitenwesen U933-iQ34i 7» 193 - 
200. 

3 " H. E. Cleaves and J. M. Hiegel: Properties 
of High-purity Iron, JnL Res., Nat, Bur. Stds, 
(.May 1942) 28, 043-667. 
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values in summarizing the data on the subject 
and indicated that the best evidence pointed to 
about 9io°C. Cleaves and Hiegel dealt more 
particularly with the iron prepared at the 
National Bureau of Standards — probably the 
purest yet produced — and show that the value 
of approximately gio^C. was obtained by three 
different methods, of which our investigation is 
one. Under the circumstances, the reports of 
values appreciably above gio'^C. should be 
considered to require confirmation. 

As to the second assumption, the proponents 
of the no-gamma-range-in-pure-iron theory 
have advanced no reason for believing that the 
gamma phase will disappear rather than that 
the temperature of the A3 transformation will 
attain some maximum value. Without evidence, 
the idea remains pure speculation. 

We should also like to point out that the 
transformation from the bod3’-centered to the 
face-centered-cubic atomic arrangement, as it 
occurs at i40o°C. in a cooling mass of iron, 


involves a change from a condition in which 
each atom has S neighbors to one in which it has 
12. In other words, the metal no longer has a 
kind of homopolar binding that is capable of 
holding neighboring atoms in certain positions 
but becomes close-packed. The rearrangement 
of valence electrons necessary* to produce such 
an alteration is of a fundamental nature and 
one not likelj" to be influenced bj’ the presence 
of one carbon atom in 20,000 iron atoms. To 
suppose that one carbon atom has such power 
would imph' a sphere of influence of much 
greater radius than that calculated in other 
v>2Lys. 

In conclusion, w’e agree that the question of 
the existence of the gamma phase in iron con- 
taining no alien atoms can be settled finally 
onl\’ by experiments on such material. We do 
believe, however, that the advocates of the 
no gamma theor\’ have yet to produce evidence 
that justifies uncertainty concerning current 
views. 



The Solubility of CarboB as Graphite in Gamma Iron 

By R. W. Gmsfiy* 
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In the course of a series of measurements 
of the rate of diffusion of carbon in austenite 
at about g6o°C. (i76o®F.) and 
(203 o°F.), it became necessary to deter- 
mine carbon concentration when austenite 
is saturated with graphite, because of 
indications that the hitherto accepted value 
of the solubility of graphite in this tempera- 
ture range is too low. Specimens of carbonyl 
iron were saturated at tem{>erature in a 
hydrogen-toluene atmosphere which was 
in equilibrium with graphite. The carbon 
content of the steel was measured either by 
combustion or by the loss of weight after 
substantially complete decarburization in 
an atmosphere of hydrogen saturated at 
room temperature with water vapor. The 
absence of carbide or graphite as a phase at 
temperature was demonstrated by micro- 
scopic examination of saturated specimens 
that had been drastically quenched. 

The mean result of concordant measure- 
ments is that gamma iron saturated with 
respect to graphite contains 1.39 per cent 
carbon at 957°C. (i755^F.) and 1.89 per 
cent at iiio°C. (203o°F.), These two 
values, plotted along with what appears 
from the literature to be the best value 
{0.69 per cent) at the iron-graphite eutec- 
toid temperature (738°C. or i36o°F.), yield 
a curve that is almost linear, and w’hich, 
continued upward through a short interval, 
leads to a limiting solubility of 1.9S per cent 
at the iron-graphite eutectic temperature 
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ii35“C. r2075'^F.) instead of the commonly 
accepted value of about 1-7 per cent. 

Experimental Procedure 

The samples of carbonyl iron, with the 
exception of those for microscopic examina- 
tion, w'ere c>’iinders 3.8 cm. long, 0.475 cm. 
in diameter. They were placed in a graphite 
holder and suspended in a vertical furnace, 
the temperature of which was controlled 
precisely by means of the resistance of the 
platinum winding.^ In the empty furnace 
the range of temperature over a distance 
of 4 cm. at the heat center was 9®C. (i6°F.) 
but at a given location the temperature 
remained within ±o.5°C. (o.9°F.); it was 
measured by inserting a platinum-rhodium 
couple calibrated at the melting point of 
palladium, i555°C. Since the presence 
of the sample probably improved the 
uniformity of temperature, it was decided 
to consider the average temperature of the 
sample to be 3®C. lower than the maximum 
measured in the empty furnace with the 
same setting of the controller. Data were 
obtained in the \icinity of two tem- 
peratures, g6o°C. (i76o°F.) and iiio°C. 
(2030°F.). The samples for microscopic 
examination, 2.2 cm. long, 0.475 cm. in 
diameter, were suspended individually on 
pure iron wire; for these no temperature 
correction was applied. 

The carburizing gas passed into the 
furnace was dr>% oxygen-free hydrogen 
saturated at room temperature with 
toluene; this quickly produced on the 
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surface of the specimen a layer of graphite. 
Preliminary tests showed that the final 
carbon content of the steel is independent 
of the rate of flow of the carburizing gas up 
to a rate of 40 c.c. per min.; at higher rates 
the final carbon content was variable and 
somewhat greater, presumably because 
of the higher carbon activity of the inter- 
mediate decomposition products of toluene 
as compared with that of the final stable 
product graphite. Consequently, the rate 
of flow was kept below 40 c.c. per min. 
except at the start of the carburizing 
period, when it was increased somewhat 
in order to produce a more rapid approach 
to saturation. The final carbon content 
observed under the experimental condi- 
tions is believed to be that of austenite that 
is in equilibrium with graphite at the 
temperature; the main reason for this 
belief is that there was no trend of final 
carbon content with increasing time in the 
furnace up to 240 hr., the maximum period 
over which observations were continued. 

The samples at 96o°C. (lyfio^F.) were 
carburized for at least 140 hr., those at 
iiio^C. (203 o®F.) at least 44 hr. Calcula- 
tions based on an integrated solution of 
Fick’s law^ show that this minimum time 
should in each case be sufficient for the 
sample to reach about 99.9 per cent of 
saturation, provided that the surface is 
always kept saturated. Some samples were 
carburized for a very long period to verify 
by comparison the state of saturation, also 
to allow time for precipitation of any 
carbide or graphite that may have had that 
tendency. 

After the prescribed length of time in 
the ftimace the samples for microscopic 
examination were quenched in brine at 
room temperature, the others simply 
cooled at the top of the furnace tube. 
Before the determination of carbon all 
graphite was removed from the surface 
of the sample by sandpapering in a lathe. 
Carbon content was determined by the 
usual combxxstion method, which was 


checked frequently •v\ith a standard i.oi 
per cent carbon steel from the Bureau of 
Standards; or by the weight loss on decar- 
burization, which was accomplished by 
passing hydrogen, saturated with water 
at room temperature (a mixture which at 
these high temperatures oxidizes carbon 
in steel but not iron) at a rapid rate over 
the specimen, which later was cooled for 
weighing in the furnace atmosphere at the 
top of the furnace. The furnace and the 
temperature distribution during decar- 
burization were the same as for the car- 
burizing process described above; the 
temperature -was in each case within g°C, 
(i6°F.) of that at which the sample was 
saturated. The sample was suspended in a 
molybdenum wire holder together with a 
completely decarburized iron specimen, 
so that its weight might be corrected for the 
very small loss due to vaporization of iron. 
Decarburization was allowed to proceed 
until the sample lost weight at approxi- 
mately the same rate as did the originafly 
decarburized specimen. Both procedures 
yielded identical results. 

Results 

The measurements of the solubility of 
graphite in austenite at temperatmres about 
96o®C. (i76o®F.) and iiio°C. {203o°F.) 
are recorded in Table i. 


Table i. — Solubility of Graphite in Austenite 


Sam- 

ple 

No.« 

Tem- 

pera- 

ture, 

Deg. 

C. 

Car- 

buriza- 

tion 

Time, 

Hr. 

Car- 

bon 

Con- 

tent, 

Per 

Cent 

Method of Carbon 
Determination 

I 

957 

140 

1.38 

Weight loss on de- 
carburization 

3 

957 

140 

1.39 

Combustion 

6 

956 

240 

1.39 

Combustion 

2 

1104 

44 

1.86 1 

Weight loss on de- 
carburization 

4 

IIXO 

SO 

1-91 

Combustion 

5 

ms 

69 

1. 91 

Combustion 

9 

1105 

120 

1.87 

Combustion 

7 

1106 

120 

1.865 

Combustion 

8 

i 1106 

240 

1. 88 

Combustion 


* Samples i to s were cylinders 3.8 cm. long, the 
others 2.2 cm.; all were 0.47-cm. diameter. 



R. W. GURRY 


149 


Figs. I and 2 are t>^ical pbotomicro- 
graphs, at an original magnification of 1000 
diameters, of specimens that had been 
saturated with graphite, at 956^C. (17 53^F.) 
and iio6®C. (2023°F.), respectively, and 
then quenched in brine, polished, and 
etched in 4 per cent picric acid in alcohol. 
Fig. I, representing sample 6, shows an 
interlocking group of martensite needles 
with only a small amount of retained 
austenite (white); Fig. 2, representing a 
field close to the surface of specimen 7, 


as being the concentration of saturation 
with graphite, or at least not in excess of 
this solubility. 

The results of the determination of 
graphite solubility are shown in Fig. 3 
along with data reported by Sohnchen 
and Piwowarsky* and by Weils, ^ which 
appear to be the best of the several sets of 
measurements recorded in the literature. 
The solubility given by Sohnchen and 
Piw'owarsky for the lower temperature 
range is, in the light of present knowledge 



Fig. I. — IVIlCROSTRUCTURE OF SAMPLE 6, 1 . 39 PER CENT C.J SATURATED WTTH GRAPHITF AT 

956®C. (i753”F.) and quenched m brine. X looo. 


shows a great deal of retained austenite 
with much less martensite. At the center 
of the latter sample, where the quench w’as 
less drastic, the grain boundaries contain 
a small amount of pearlite resulting from 
the high-temperature transformation of 
some austenite. The short transverse black 
lines visible in both figures are microcracks 
commonly associated with high-carbon 
martensite. No area examined showed evi- 
dence of the presence of any graphite or 
carbide whatever at temperature; th& 
carbon content therefore can be considered 


of phase relations in the iron-graphite 
system, certainly too high, but their values 
for the higher temperatures appear to be 
better and are roughly in accord with the 
present measurements. Wells’ data consist 
of two values, one for 738®C. (i36o°F.) the 
other for 84o°C. {i544®F.), which, when 
extrapolated linearly to 957°C. (i755®F.) 
and iiio®C. (203o°F.), indicate that tl^ 
solubility at these temperatures is 1.27 
and 1.68 per cent catbon, respectivdy, 
whereas our direct determinations at these 
same temperatures give 1.39 and 1.89 
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per cent carbon, respectively. On the other Fig. 3, which passes through the two points 
hand, a smooth curve, which is very nearly representing our measurements and through 

a straight line, can readily be drawn the point representing Wells’ data for the 

through the two points representing the eutectoid composition and temperature, 
present measurements and Wells’ point It should be noted that the detennina- 
representing the eutectoid composition tions recorded in Table i, as interpreted, 



Fig. 2. — Microstructdre of sample 7, 1.865 cent C.,* saturated with graphite at 
iio6°C. (2023°F.) Aim quenched in brine. X 1000. 

(0.69 per cent carbon) and temperature indicate that the true solubility of graphite 
(738°C., i36o°F.). It is difdcult, however, in austenite is at higher temperature 
to draw a smooth curve through both of appreciably greater than would be inferred 
Wells’ points and the present measure- from the selected phase diagram published 
ments. It seems likely, therefore, that by Epstein.^ For example, from extrapola- 
Wells’ value for the solubility at higher tion of the present measurements over only 
temperature is too low and that the solu- 2 5®C., the maximum solubility of graphite 
bility curve can be represented with satis- in austenite — that is, at the temperature 
factory accuracy by the solid curve in of the iron-graphite eutectic, at present 
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accepted as ii35°C. (2075°F.) — is 1.9S per 
cent, whereas the diagram indicates a 
value of 1.7 per cent, though on an earlier 
page of the same book (p. 112) there is a 


tions of the stability of iron carbide as com- 
pared with graphite and iron saturated 
with graphite; so it is of interest to 
compare the solubility cur\’e for graphite, 



Fig. 3. — Proposed graphite (solid lin-e) and cementite (broken line) solubility lines 
or iron-carbon niAGRAir, and data op soke investigators. 

Investigators: for graphite solubility Sohnchen and Piwowarsky (squares), Wells (diamonds). 
Gurry (circles) ; for cementite solubility Bramley and Lord per Kelley (triangles), and Mehl and 
Wells (crosses). 


statement that the probable carbon content 
at this point is 1:7 ± 0.3 per cent. 

Although the present measurements 
yield no direct information on the solubility 
of cementite in austenite, they have an 
indirect bearing through established rela- 


as given in Fig. 3, with corresponding data 
for iron carbide. The best of the data for 
i^mentite sdubility ap^>ear to be those of 
Bramley and Lord* and of Mebl and 
Wells. ^ Bramley and Lord's measurem^ts 
were made by allowing mixtures of caitKKi 
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monoxide and carbon dioxide to come to 
equilibrium with steels of known carbon 
content. The equilibrium ratio C0:C02 
increased with carbon content up to a given 
content and then remained constant for all 
steels with higher carbon. That percentage 
of carbon at which the maximum ratio of 
CO to CO2 was first attained was con- 
sidered to be the concentration beyond 
which FesC was present as a separate 
phase, and this carbon content was taken 
to represent the solubility of carbide. 
The results so obtained, as interpreted 
by Kelley,® yield a cementite solubility 
curve which fits in well with our present 
knowledge of this system and is consistent 
with the data of Mehl and Wells for the 
eutectoid composition and temperature. 
This curve, shown by the dotted line in 
Fig. 3, lies to the right of the graphite- 
solubility curve, a condition that must 
hold if, as Wells and others have shown, 
cementite is unstable with respect to 
graphite and austenite saturated with 
graphite in this range of temperature. 

Mehl and Wells worked with a series of 
alloys of known carbon content whose trans- 
formation temperature was determined 
either dilatometricaily or by examination of 
quenched specimens under the microscope. 
The curve drawn through the points repre- 
senting their data is much steeper than the 
dotted line in Fig. 3, and, indeed, appears 
to have too steep a slope; for comparison 
of their data at the higher temperatures 
with the selected line for the solubility 
of graphite (solid line in Fig, 3) would 
indicate that cementite is stable relative 
to graphite and iron saturated with graphite 
at all temperatures above 9i5®C. (i679°F.). 
This is not in agreement with Wells’^ 
observation at ii25°C. (20S7°F.) showing 
that cementite is imstable at least up to 
this temperature. 

The dotted line in Fig, 3, which repre- 
sents the data of Bramley and Lord, and 
passes through the point corresponding to 
the eutectoid composition and temperature 


determined by IMehl and Wells, appears, 
therefore, to be more consistent with the 
selected curve for the solubility of graphite 
than is the curve drawn through all the 
data of Mehl and Wells. On linear extra- 
polation these two solubility curves would 
intersect at a point corresponding to 
i28o°C. (2336°F.), which is proposed as 
the temperature at which iron carbide 
becomes stable relative to graphite in 
austenite saturated with graphite. 

For both graphite and cementite solu- 
bility, there appears to be a consistent 
discrepancy between the results of the 
solubility measurement according as it is 
made directly by analysis of a sample of 
iron or steel that was held at constant 
temperature long enough to allow it to 
become saturated with carbon by diffusion 
from an atmosphere containing carbon, as 
was done in the present measurements and 
by Bramley and Lord; or as it is derived 
from observations of the lowest tempera- 
ture at which carbon, or carbide, in a 
specimen of given carbon content, appears 
to be all in solution after a given number of 
hours, which is basically the method of 
Wells, and of Mehl and Wells. It is difficult 
to understand how the former method, 
which gives the higher solubility, should 
yield a result in excess of the true solubility 
when there is no evidence of the existence 
of a second phase at temperature; it is 
inferred, therefore, that in the latter 
method, as carried out, the time at temper- 
ature was not sufficient to establish equilib- 
rium, and, in particular, presumably, to 
assure a thoroughly uniform distribution 
of carbon in the austenite phase. 
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Summary 

The solubDity of graphite in austenite, 
determined by carburizing samples to 
saturation at constant temperature, is 
1. 39 per cent carbon at 957®C. (i755®F.) 
and 1.89 per cent carbon at iiio®C. 
(203 o®F.). Microscopic examination after 
quenching showed the carburized samples 
to be free from graphite or cementite at 
temperature. The maximum solubility of 
graphite in austenite, determined by a 
short linear extrapolation to ii35°C. 
(207 5®F.), the temperature of the iron- 
graphite eutectic, is 1.98 per cent carbon. 

A cementite-solubility curv^e, based on 
data reported in the literature, and con- 
sistent with the measured solubility of 
graphite, has been selected. The intersec- 
tion of this curve with that for the solu- 
bility of graphite indicates that cementite 
is unstable relative to graphite and 
austenite saturated with graphite below 
about I28 o°C. (2336°F.). 
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DISCUSSION 

{Jokft Marsh presiding) 

C. Wells* and R. F. Mehl,* Pittsburgh, 
Pa. — ^The subject studied by the author is an 
important one, upon which new and better 


* Carnegie Institute of Technology, 


information must be welcomed. Other workers 
have engaged themselves on this same problem; 
if new work on an old subject is to be considered 
as an addition to our knowledge, it must be 
based on better reasoning, or based on better 
experimental technique, or be more complete. 
We do not think that the present work meets 
such requirements. 

Wells used a dilatometric method to deter- 
mine the eutectoid temperature and a angle 
graphite solubility value in the iron-graphite 
system. By suitably plotting and extrapolating 
the dilatometric results procured at a number 
of heating and cooling rates the equilibrium 
temperatures Ai^ and were obtained. The 
advantage of such a procedure is that equilib- 
rium is approached from both sides. Wells also 
used the familiar microscopic method for the 
determination of both the eutectoid tempera- 
ture in the iron-graphite system, and the Acw 
line in the iron-cementite system, but this was 
done only after it had been first shown by the 
dilatometric method that the soaking times 
chosen were sufficiently long to give a close 
approach to equilibrium at the temperatures 
chosen; one point on the Aem line as determined 
microscopically was checked — and accurately 
checked — by the dilatometric method; if the 
times of annealing employed in using the 
microscopic method at this low temperature 
may be taken as adequate in view of the check, 
sureh' no objection can be raised to results at 
higher temperatures using the same time of 
annealing, for the rate of diffusion increases 
markedly ^dth temperature. The dilatometric 
method was used to establish the Ai tempera- 
ture in the iron-cementite system. The micro- 
scopic method is entirely reliable if it is shown 
that the times of annealing are adequate, and is 
entirely free from any assumptions concerning 
the phase relationships involved; the approach 
to equilibrium from both sides as employed in 
the dilatometric method is the orthodox proof 
that the \’alues obtained are in reality equilib- 
rium values. 

The author’s suggestion that the cementite- 
solubility line of Mehl and Wells is inaccurate 
because of inadequate annealing times leads to 
an interesting comparison with the author’s 
times. In the author’s experiment in approach- 
ing saturation, carbon must diffuse over a 
radius in excess of 2 mm., whereas in the 
speciznens employed by Mehl and WeBs it had 
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to diiBFuse only over ver\" short distances, since 
carbide particles were on the average only 
about 0.005 °am. apart. At temperatures 5°C. 
below the Acm line thousands of small carbide 
particles were observed, distributed uniformly 
through the sample. Calculations show that for 
the author to obtain as close an approach to 
equilibrium as obtained by Alehl and Wells his 
specimens would have had to be heated for 
several years at temperature. 

The experiments performed by Mehl and 
Wells in determining the cementite-solubility 
line were so surrounded by experimental 
precautions, and gave such consistent results, 
employing the simplest of the principles for the 
establishment of phase diagrams, that they 
should hardly be lightly dismissed. 

It is difficult to understand why Gurrj^ uses 
the eutectoid compositions and temperature 
values given by Wells (iron-graphite system) 
and by Mehl and Wells (iron-cementite sys- 
tem) when these are based on an extrapolation 
involving the Acm data which he does not 
accept. Also, one wonders why the author 
considers only that part of Bramley and Lord’s 
investigation involving the determination of 
the Acm line between 850® and iooo°C. when 
work was done covering the range 800® to 
io5o®C. Gurry accepts Kelley’s interpretation 
of Bramley and Lord’s results, which gives 
different Acm values from those published by 
Bramley and Lord. Since Gurry accepts the 
Acm line based on Bramley and Lord’s work as 
being more accurate than that of Mehl and 
Wells, any extrapolation to the Ai line should 
be made on that basis. If this were done both 
iron-graphite and iron-cementite eutectoid 
points would be moved to the right of those 
now shown in Gurry’s present suggested 
diagram. Incidentally, it appears that the Acm 
data of Bramley and Lord may be questionable 
on the basis of nonattainment of equilibrium; 
work on this point is underway. 

Mr. Gurry, who uses Bramley and Lord’s 
results as a basis for his proposed Acm line 
(Fig. 3), would no doubt not accept the A*r line 
proposed by the same authors in the same 
paper, for this line, as shown in Fig. 4, is con- 
siderably to the left of that proposed by the 
author and of that proposed by Wells, although 
it is consistent with the Ac® line of Mehl and 
WoUs in §0 far as it falls to the left. 


According to the author’s diagrams, it should 
be possible to heat his 1.98 per cent C homo- 
geneous specimens at temperatures close to but 
above the eutectic temperature without melting 
and completely dissolving the carbide (or 
graphite). It is suggested that such experiments 
be made by the author to test the validity or 
nonvalidity of the unusually high solubilities 
proposed for temperatures near the eutectic; in 
previous work on the constitution of iron- 
carbon alloys there has been no basis for such 
high solubilities. 

Fundamentally, the question involved in 
interpreting the author’s results is what 
equilibrium, if any, do they represent. It is by 
no means clear that they represent the equilib- 
rium solubility of graphite in austenite. It will 
be observed that the amount of carbon his 
samples absorbed increased as the velocity of 
flow increased above 40 c.c. per minute. If the 
solution of carbon above this rate of flow did 
not provide the equilibrium solubility of 
graphite in austenite, how can it be certain that 
the solution at 40 c.c. per minute did provide 
this equilibrium solubility? Hydrocarbons are 
all unstable; between graphite at one extreme 
and toluene at the other, the equilibrium solu- 
bility of carbon will vary from a minimum to 
some unknown maximum; the occurrence of 
soot on the samples is no proof that an equilib- 
rium of the austenite with graphite was estab- 
lished, and it seems more likely, judging from 
the mass of information on the reaction of 
austenite with carbonaceous gases and with 
carbon in the absence of gases, that the reaction 
was one between austenite and some undeter- 
mined decomposition product or products of 
toluene, providing a solution of carbon in 
austenite in excess of the equilibrium graphite 
solubility. This problem is a complicated one, 
requiring much study for full elucidation. 

The reaction studied by the author is an 
interesting one. If graphite and cementite 
solubility values determined by orthodox 
methods were accepted and the carbon absorp- 
tion with various mixtures of hydrocarbon gas 
and hydrogen determined at various rates of 
flow and over a range of temperatures, much 
progress might be made in such studies. It has 
seemed to us for some years that reactions of 
this sort are much in need of detailed study; 
their importance in commercial gas carbuiiang 
should justify them psractkally. 



DISCUSSION 


155 


R. \V. Gurry (author’s reply). — The first 
part of the discussion by Weils and Mehl, in so 
far as it is concerned with my conclusions, deals 
with the suggested solubility curve for ce- 


saturated with carbon at io23“C. i'iS73'F. 1 in a 
mixture of hydrogen and toluol flowing at the 
rate of 4 c.c. per min. The specimens were then 
cleaned, broken in two, and one half of each was 



Fig. 4. — CuR\'ES showing solubility of carbon in austenite when in equilibriuh with 

GRAPHITE (Ag lines) AND CEMENTITE LINES) AS DETERMINED BY GURRY, BRAMLEY AND 

Lord, ant> Mehl ant) Wells. 


mentite. Since the position of this cur\’e is 
admittedly based solely on inference, and since 
no useful purpose would be served by a further 
exchange of opinions at this time, this reply is 
confined to a consideration of the second part 
of their remarks, in which they point out, with 
some justification, that the evidence presented 
in the paper does not establish beyond question 
that the carburized samples were in equilibrium 
with graphite. Since this question was raised 
when the paper was presented, some additional 
measurements have been made to demonstrate 
that the results for a sample that is in equilib- 
rium with graphite are the same as those 
reported in the paper, and at the same time, by 
IH-oviding data at a third temperature, to 
corroborate the position and shape the 
solubility curve for graphite in Fig. 3. 

These additional measurements were made 
on three cylinders of carbonyl inm, which were 


used for analysis. Mthough the time of treat- 
ment ranged from 216 to 420 hr., the final 
carbon content of all the samples was 1.57 per 
cent, a result that agrees satisfactorily with the 
solubilitv' curve showm in Fig. 3. 

The remaining piece of each c>iindcr was 
then further carburized in contact writh graphite 
at a higher temperature. In carr>ing out these 
measurements it was necessary to be sure that 
the carbon used was true graphite and not one 
of the pseudographitic forms described by 
Biscoe and Warren,* We have been informed 
(communication from Prof. John Chipman) 
that Processor Warren finds that Acheson graph- 
ite is entirely graphitic, and accordingly Achesmi 
graphite powder No. 38 was used in these tests. 
The three pieces of carburized iron were sealed 


» Biscoe and Warren: JtU. Applied FkysUs 
(1942) 13, 364. 
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in a single evacuated silica tube along with 
some graphite and about 3 mg. of Fe203, the 
latter being added to provide a trace of oxj’gen 
as a carrier for the carbon. After 331 hr. at 
io95°C. (2 oo 3°F.) the tube was broken, and 
one specimen, removed for analysis, contained 
1. 81 per cent carbon. The remaining two speci- 
mens were sealed as before in another silica tube 
and were held an additional 172 hr. at iio6°C. 
(2023®F.) in contact with graphite, after which 
one specimen, removed for analysis, contained 
1.86 per cent carbon. After being again sealed in 
a silica tube along with graphite and Fe203, and 
held at a temperature of iii2®C. (2034°F.) for 
an additional 192 hr., the third specimen like- 
w^ise contained 1.86 per cent carbon. Each of 
the last two specimens w^as quenched by smash- 
ing the silica tube so as to allow the specimen to 
fall into iced brine. Examination of the 


quenched specimens under the microscope 
revealed a complete absence of graphite or 
carbide at temperature, just as in the specimen 
illustrated in Fig. 2. 

The results of these tests, in which the speci- 
men must have been in equilibrium with 
graphite because if its carbon content had been 
greater than the solubility of graphite some 
carbon should have diffused out of the sample, 
are in excellent agreement with the data 
reported in Table i, and confirm the conclusion 
that the solid curve in Fig. 3 represents the 
solubility of carbon as graphite in gamma iron. 

In passing, it may be pointed out that in the 
light of Warren’s researches one may justifiably 
raise the question whether the free carbon 
observed in certain irons or steels under the 
microscope, and commonly called graphite, is in 
fact graphite. 



Diffusion in Metal Accompanied by Phase Change 

By L. S. Darken"* 

(Xew York Meeting, February 19+2) 


The manufacture and treatment of 
metals comprises operations whose effec- 
tiveness depends in large measure upon 
diffusion phenomena. The significance of 
such phenomena has, for a few simple 
cases, long been understood, but in more 
complex cases it has not been adequately 
recognized. This paper presents a mathe- 
matical analysis of some of the cases in 
which diffusion leads to the formation of a 
new phase -within the metal, and this 
analysis provides a basis for interpreting 
quantitatively many apparently diverse 
experimental observations recorded in the 
literature, some of which are outlined 
in the following pages. 

Observations Recorded in Literature 

An outstanding instance is the general 
type of phenomenon in which diffusion of 
an element into an alloy is followed by a 
phase change, which most frequently is a 
reaction (precipitation) of the diffusing 
element with one or more components of 
the alloy to form a compound. Thus in 
certain alloys heated in contact with 
oxygen not only the usual oxide scale 
appears but, in addition, beneath the 
surface, a well-defined zone in which free 
oxide particles are dispersed with notable 
uniformity. This zone, commonly referred 
to as the subscale or zone of internal 
oxidation, is remarkable in that the visible 
boundary between it and the unaltered 
metal is usually sharp. Such a subscale, 
which appears to have been recognized 

Manuscript received at the office of the Institute 
Peb. 20, 1943. Issued T.P. 1479 in Metals Tech- 
nology, August 1942- 

♦ Research Labo^ory, United States Steel Cor- 
poration, Kearny, N. J. 
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first in oxidized copper alloys, has been 
described and studied by C. S. Smith, ^ 
by Rhines,® and by Rhines, Johnson and 
Anderson;* but it appears also in other 
alloys when they are exposed to conditions 
that bring about the precipitation of some 
compound, not necessarih^ an oxide. 

Another clear case of this same kind 
is the diffusion of carbon into a steel con- 
taining an element such as molybdenum, 
chromium, vanadium or tungsten, w-hose 
carbide is less soluble in iron than iron 
carbide, the result being that some part 
of that element is precipitated as a dis- 
persed carbide. A rimilar phenomenon 
may occur on the welding of t-^'O alloys 
each of which contains one of a pair of 
elements that react to form a compound 
or a new phase of any sort. But in addition 
to the precipitation of a compound formed 
from the diffusing element, other effects 
may result merely from the presence of 
the diffusing element. For instance, if 
homogeneous austenite, nearly saturated 
with respect to carbon, is heated in contact 
with silicon in the absence of oxygen, 
one would expect to find, behind the 
several iron-silicon phases analogous to a 
scale, a zone of austenite containing 
dispersed carbide, because of the fact 
that silicon decreases the solubility of 
carbon in iron. As still another example, 
oxidation of an alloy may result in diffusion 
toward the surface of one or more of the 
constituents; for instance, during oxida- 
tion of a steel containing an element such 
as copper, which is less prone to oxidation 
than iron, there is a notable enrichment 
copper just beneath tbe Scale-metal 
interface. As an example of a yet rnmne 
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complex case, it is well known that a steel 
containing somewhat more than the usual 
proportions of copper and sulphur is 
particularly likely to develop troublesome 
surface defects when heated in an oxidizing 
atmosphere. Consideration of both phase 
equilibria and difiusion phenomena leads 
to the conclusion that, under the conditions 
stated, oxygen diffuses inward, thereby 
depleting manganese near the surface, 
while the content of both copper and sul- 
phur increases near the scale-metal inter- 
face. This shift in concentrations may give 
rise to a further change, in that the sulphur, 
initially present mainly as relatively 
harmless solid particles of manganese 
sulphide, may react to form a low-melting 
liquid containing iron, copper and sulphur; 
this liquid has a much larger volume than 
the initial manganese sulphide and con- 
stitutes an observable surface defect. 
The over-all reaction at the treating 
temperature may be written: 

MnS -f" Cu -{“ Fe -f* 0 % 

solid dissolved gas 

particles 

MnO + Fe-Cu-S + FeO* 

solid liquid solid 
particles scale 

though other reactions may also take 
place. 

Thus the role of diffusion in the complex 
phenomena involved in the heat-treatment 
of many types of steel is often unsuspected; 
for most papers on diffusion deal only 
with relatively simple cases, and so it is 
not surprising that the metallurgist does 
not perceive that some of his practical 
difficulties involve rather complex cases 
of diffusion. In general, when, any condi- 
tion that induces diffusion of an element 
is imposed at the surface of a homogeneous 
alloy, a multiphase zone results, provided 
that the diffusion shifts the gross com- 
position so that more than one phase is 
stable over a iSnite range of composition. 
It is on this basis that Ehines,* also Sdidi 
and Kiwit,'* have shown how the number 


and nature of oxidic subscale zones can 
be predicted from an isothermal section 
of the phase diagram of the system. 

It is to be remarked, how^ever, that since 
diffusion takes place only by \nrtue of a 
composition, or more precisely, an acti\nty, 
gradient, any system in which diffusion 
occurs is not at equilibrium; consequently, 
reasoning based on an equilibrium diagram 
alone cannot be strictly vahd. It is here 
assumed, as has been done tacitly by others, 
that equilibrium prevails locally even 
though the system as a whole is far from 
equilibrium — in other words, that diffusion 
is slow compared with the rate of reaction 
to form a new phase. This assumption is 
reasonable in many cases, though not in 
all — for instance, the austenite-pearlite 
transformation under many conditions, 
and the Liesegang band formation, noted 
by Rhines in the beryllia and alumina 
subscales in copper, which implies that 
the solubility product of these oxides 
was exceeded for an appreciable time 
before precipitation occurred. The present 
paper deals only with cases in which the 
time for diffusion is so great compared 
with that for reaction that the latter may 
be ignored. 

The mathematical treatment on the 
basis of Fick’s law of the fundamental 
diffusion of one element into another to 
form a homogeneous solid solution is well 
established and has been widely utilized. 
The formation during oxidation of sub- 
scale on dilute alloys of copper has been 
treated mathematically by Rhines, Johnson 
and Anderson,® whose results are rigorous 
and complete, under the specific boundary’ 
conditions considered, if only subscale 
forms, and are reasonably satisfactory if 
both subscale and scale form simul- 
taneously. These authors assume, however, 
rather than demonstrate, the existence 
of a sharp boundary between subscale 
and homogeneous alloy; also, that all 
reaction with the diffusing element (oxy- 
gen) takes place at this sharp boundary. 
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The purposes of the present paper are: 

(1) to demonstrate the conditions necessar\’ 
for the existence of a sharp boundary; 

(2) to furnish a simple method of cal- 
culating the composition and thickness 
of the subscale; and (3) to show how the 
method may be extended to cover, at 
least approximately, related but more 
complex cases. Throughout this discussion 
it is assumed, as noted above, that local 
equilibrium is established; that is, that 
the rate of phase change is ver>' rapid 
compared with the rate of diffusion. Also, 
the authors have adopted the convention 
of referring to the surface of contact 
between metal and scale as the interface, 
whereas the relatively sharp limit to the 
subscale is referred to as the boundary 
between subscale and unaltered metal. 
Finally, since the treatment of diffusion 
involves the number of atoms diffusing 
rather than the total w'eight of the migrat- 
ing substance, concentrations are expressed 
in terms of mols or atomic per cent rather 
than as w^eight per cent. Any exception 
to this rule is specifically noted. 

Simultaneous Formation of Subscale 
AND Nonadherent Scale 

First, the case that can be treated most 
simply and most rigorously is considered; 
namely, the unidirectionai and isothermal 
diffusion of an agent U, for instance, 
oxygen, corrosive to an alloy, originally 
homogeneous, composed of a base metal M 
and a small proportion of an alloying 
element F, which forms with V a compound 
UV, which precipitates whenever its 
solubility product is exceeded. The de- 
pletion of F in the metal matrix resulting 
from this predpitation gives rise to a 
concentration gradient of F'such that V 
tends to diffuse in a direction opposite to 
U, It is postulated that sufficient time is 
allowed for the attainment of a steady 
state; that is, it is assumed that the 
concentration, or more strictly, the activity, 
of U rmiains constant at the interface 


between the metal and its corrosive 
endronment; moreover, that relative to 
the metal as a w’hole, this interface moves 
inw’ard at a constant rate and so remains 
parallel to the original surface of the metal, 
w’hich is assumed to be plane. The mathe- 
matical statement of these postulates in 
terms of Du and Dt, the diffusidty of V 
and r, respectively, and of K, the solubility 
product of UV, and the general expressions 
for the distribution of L\ F and W as 
derived by combining these assumptions 
with Pick’s law are given in section I of 
the Appendix (see p. 169). Assuming 
different relative values of Z?«, D,, and K, 
the variation in molar concentration of U, 
r, and rr with distance from the moving 
interface may readily be calculated for a 
variety of conditions (illustrated by the 
four tjpical examples in Fig. i). 

Since w’hat is commonly observed under 
the microscope is the distribution of the 
precipitated compound UV, the curve 
referring to UV is of most immediate in- 
terest, Comparison of this cur\"e in Figs, la 
to id leads to the following significant 
conclusions. 

When K is zero (Figs, la and ib) there 
is a discontinuity in the concentration of 
UV corresponding to a sharp boundary be- 
tween subscale and unaltered metal; more- 
over, the concentration of UV is equivalent 
to the initial concentration of F. When K is 
greater than zero (Figs, ic and id) the dis- 
continuity becomes an infiection, which is 
less steep the greater the value of K or of 
the ratio Du/Du\ that is, the boundary 
bet-ween subscale and unaltered metal 
becomes more diffuse K or the ratio 
D^/Du increases. Thus, it is demonstrated 
that on the basis of the postulates listed 
above, the subscale should have a weli- 
defined boundary whose sharpness de- 
creases as the solubility product the 
preci{«tated component increases, or as 
the diffusivity eff F increases r^tive to 
that o€ U, Since the value of the s^^ubility 
product and of the ratio D^/Du changes 



i6o 


DIFUSSION IN METAL ACCOMPANIED BY PHASE CHANGE 


fairly rapidly with temperature, this as the distance between the mo\nng 
means that the sharpness of the boundary boundar>^ and the point of inflection on the 
of the subscale may vary considerably with concentration curv’e for VV, is substan- 
the temperature at which the diffusion tially independent of the value of K and 
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Fig. I. — Subscale and nonadikrent scale. 

Distribution of element U and V of compound Z7F, as influenced by value of solubility product 
oiUV and of ratio Dy’.Dv- 


occurs. Obviously, if is greater than the 
product of the initial concentration of V 
and the solubility of Z7, no precipitation 
occurs and no subscale is formed. 

The relations given in section I of the 
Appendix also indicate that the thickness 
X of the subscale, defined in terms of Fig. i 


of D., at least over a fairly wide range of 
these factors, and that it may be calculated 
with an error less than that of measurement 
of the position of the boundary as observed 
under the microscope by the relation 

X- a, I.I 
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in which r is the rate of scaling—that is, 
the rate of motion of the interface between 
metal and the corroding agent — is the 
solubility of V in the pure base metal, 
and is the initial concentration of V, both 
in units that are chemically equivalent. 
This relation shows that the depth of sub- 
scale increases as the diffusivity and 
solubility of U increases and decreases with 
increasing rate of scaling or with increasmg 
solubility of F. It is not appreciably in- 
fluenced by the value of the solubility 
product K. 

Subscale Formation Unaccompanied by 
Scale Formation 

For dilute alloys this case has been 
treated rather completely by Rhines, 
Johnson and Anderson,® whose assump- 
tions, however, as evidenced by the 
schematic diagram in Fig. 3 of their paper, 
are not quite consistent with the hypothesis 
that local equilibrium is attmned in the 
vicinity of particles of the predpitated 
phase UV. In fact, it is diflicult to picture 
any physicochemical conditions correspond- 
ing to the precise assumptions made by 
them. This reflection, however, has no 
bearing on the dmplifled equation actually 
used, which involves in essence the assump- 
tion that the solubility product is zero. 
They also omitted to point out explicitly, 
though they imjflied, that the prqjortion of 
UV in the subscaie may be very large in 
amiparison with v^. This build-up” of V, 
resulting from the migration F in a 
direction opposite to that Z 7 , is illus- 
trated sdiematically in Fig. 2 for the case 
<d zero solubility product; it is dbvious 
that the two shaded areas must be equal if 
none of F is lost, as by evaporation. 

The equafkm describing the rate of 
growth of the subscale in the absence of a 
scak can be espressed most readily in terms 
of the **biiikl-up” of F in the subscaie. 
Thm it is shown in section n the Ap- 
pen£x that the rate of growth of ^bscaie 
mLj be ea^iiesseit hy the equadkm 
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where X is the depth to which precipitation 
extends at time i, D. and «♦ are, as before, 
the diffusidty and solubility of respec- 
tively, and Urn is the mean concentration of 
r in the subscale. Since F tends to “build 
up ” in the subscale, Um is not the amount of 
V required to react with the initial con- 
centration of F but rather with the amount 
actually present, plus In section III 
of the Appendix it is shown further that: 


r, _ 2C \/F, 


l 3 l 


where o, is the concentration of F, as fT, in 
the subscale, r, its initial concentration 
and Dw its diffusivity, and is a func- 
tion that is given graphically in Fig. 3 as a 
A’® 

function of K -j” ^/Or* The quantity Um is 

readily found from % by multiplying by the 
weight ratio in whidb U and F react and 
adding 

Equations 2 and 3 together permit the 
calculation of both the depth oi penetration 
X and the “build-up” F m the subscak. 
Usually the term shown in bradmts in Eq. 2 
differs negUgibiy fr<Hn unity and may be 
omitted. In many cases the “build-fip” is 
negUgilfly small, hence Eq. 3 may be 
neglected; when this is not so, an appcmd- 
mate value of A" may be found from Eq. 2 
and substituted in Eq. 3 to And a more 
accurate value of the approxmiatioii 
sddom needs to be repeated more than once 
or twice. These equations are of somewhat 
wider iq^iUcatioii than the simplifled equa- 
tion of Rhines, Johnson and Amkxson, and 
are considerably easier to handk than the 

* The average ainoemt €i V aetaally pgeeei a t 
ia true solatioQ m the snbscak sooe is 
mately How e v e r , the qaaattty mm h aoi 
strictly aa arithmetk mean vaiwa. The cow- 
tributioa to this tern of die dtaeolved aaaoiist 
oi V isi as has bees siiowa by ffebjawB, 
Jobasoa and AaAmmJ 
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complete solution given by these authors. 
Application of these relations to the experi- 
mental data given in their paper shows that 
the two methods give identical numerical 
results for the dilute range covered. 



Fig. 2. — SuBSCALE without scale. 

Influence of diffusion of V when solubility 
product is zero. 

The equations may be used also to deter- 
mine the diffusivity of the migrating ele- 
ments from data on subscale formation; for 
instance, the measurements of C. S, Smith^ 
on the oxidation of copper-silicon alloys 
yield the (hffusion coefficient of oxygen in 
copper. The values so derived are compared 
(Fig. 4) with the data reported by Ransley,® 
the same values of the solubility of oxygen 
in copper® being used in each case, and with 
the diffusivity of silicon in copper taken 
from Rhines and Mehl.^ The agreement is 
seen to be good. 

It is of interest to note that the equations 
on which the parts of Fig. i are based 
reduce to approximate forms of Eqs. 2 and 
3 if r is set equal to dx/df; i.e., if steady- 
state conditions are approximated at a>no- 
sfpQiKffng rates of increasu^ subscak 
th^^imess in the case when no scale forms on 
tike surface. This imi^es that these dia- 
grams represent also the ccm^Uom the 
case provided tMt the 
oi F ha the subscale is aud 

^ the 

deideiu^y of W 


appears as a uniform excess concentration 
in the subscale zone. 


Subscale Formation at Higher 
Alloy Content 


The preceding discussion deals with the 
formation of a subscale in which the volume 
of the precipitated phase i 7 F is small com- 
pared with that of the metal in which Z7F is 
dispersed. In practice this condition is 
sometimes not fulfilled, for V may be 
present in sufficient quantity so that its 
diffusion plays a major role. In this case the 
rate of subscale growth is relatively very 
slow and Eq. 3 may be used, as shown in 
section HI of the Appendix, in the approxi- 
mate form 


V, Dv , 

“ = i.i hi 

Vo a 



where o:(= X/\/}) Is the parameter de- 
scribing the rate of motion of the subscaie- 
metal boundary relative to the mass of 
metal. If, further, the rough approximation 
is made that the rate of diffusion of U is 
proportional to the volume percentage OS) 
of the base metal M in the subscale, the 
approximate form of Eq. 2 may be trans- 
formed to the following relation, which 
holds for the case in which only subscale is 
formed: 

isi 


where a' again characterizes the rate d 
subscale growth but must be distinguished 
from a m. account of the volume difference. 
Eqs. 4 and 5 together describe approxi- 
mately the subscak formed. In any given 
case timt «■> and the ratlooE ^/ 1 are funcrions 
ol and Biay he so e2q>ressed i^viding the 
compositkn and density d the piec^tated 
pl^se 2UPe known. 

the case ol the d 

aftqs^ {U m F siWccai) the mrio d 

€/ to ae k ^ ' 

base €bst % SClL 




L. S. DARKEN 


163 


Combining Eqs. 4 and 5 with this relation, 
expressing and r, approximately in terms 
of and estimating the solubility of oxygen 
in iron as 0.07 per cent and the ratio of the 
diffusivity of silicon to that of ox>^gen in 


that is, the alloy content appears to be on 
the borderline between that at which sub- 
scale does and does not form. Similarly, 
Scheil and Kiwit^ point out that at iooo®C. 
the rate of scaling of silicon steel drops off 



Fig, 3.— Values of yuNcnoN G. 


iron as Ho> we obtain 


+ 16 ] 


where r*' is now the initial concentration 
silicon in wigki per cenS. This is only a 
crude approximation based on the stated 
assumptions, but it serves to Oiustrate the 
form of the rdation^bip between initial 
alloy compositicm and the amount of 
predpitated oxide in the subscak. The 
striking feature of tins rdation, which is 
shown graphically in Fig. 5,* is that it pre- 
dicts an upper limit to the alloy cono^Ua- 
tion at which a subscak may form; in iron- 
silicon alloys this limit ai^^ears, as shown, 
to be in the vidnity of 2 to 3 per cent silicon. 
If acak and subecaie were fonned simui- 


taneousiy, the corresponding limit would be 
sonewhat higher. 

This predklioa Is oonffnned by esqpen- 
mmt Fmrexampk, it has been observed in 
thisLahmBtcwy that a sted containing 3.25 


emt when scakd in CDs at 

develops sdiscak only in patches; 




i hottriiia 

s the vqpiner pcictkHi, 


markedly as the silicon content increases in 
the range 3 to 4 per cent, the scaling rate 
being very low when the sted contains mcme 
than 4 per cent silia>n. This would be 
antkipated frexn the foregoing reasoning, 
on the basis that at a dlkon content hi^ier 
than that corresponding to the nose of the 
curve in Ffg. $ the rate of diffuskm of 
dlkon outward is great oiough to prevent 
the diffusion of any oxygen into the metal; 
uiKkr these omcfftkiofi the silkem k exxk^^ 
only at the scak-mctal inter^bce, focmiiiga 
skin of SiOs that is zdativdy impervkms to 
oxygen and thrarefoie gready lessens due 
scaling rate thereafter. 

Ikwakd DnryusioN o? More Noslx 
Aixoydig Efjaiaim ddrxho 
SCAXJKO 

When steel cxmtahiing an dement less 
et^fy oxiciaed than iron is exposed to a 
ocMrrosive atme^heie, the aj^iying demad; 
frequently aooinmlafes to a 
at or near the sotkmeial interface^ Ik 
oopfper-bearing sleds dds ^ 

paitxoulaEly pcwouiiced^ 
k laigdy icspoiidbk Icr te 



164 


DIFFUSION IN METAL ACCOMPANIED BY PHASE CHANGE 


encountered in obtaining a good surface on As an example of the use of Eq. 7 and 
such steels. Often the build-up of the more Fig. 3, if in a specific case a/' 2 has the 

noble metal at the scale-metal interface, value 2, G from Fig. 3 has the value 0.20, 
provided that the scale is adherent, can be whence Vb/Vo == ii, or the percentage of V 



ioVt 

Fig. 4. — Comparison, diffusivity of oxygen in copper as calculated from data on subscale 

AND as reported BY RaNSLEY. 


described with sufl&cient degree of approxi- 
mation by the relations developed in 
section III of the Appendix. There it is 
shown that if, by some proctess such as 
scaling, base metal is removed from a plane 
surface at a rate inversely proportional to 
the amount already removed, whereas the 
allo3dng element V is not, the relation 
between its concentration at the interface 
(vh) to its original concentration (v«) is 

^ = 2+Ot/3GVK [ 7 I 

where a is the parameter describing the rate 
of scale fonnation, X{^ a y/i) is the dis- 
tance of the scale-metal interface from the 
original surface at time and is again 
the diffusivity of V. Values of the ratio 
are shown grs^hically as a function 
a/a in Fig. 6. For large values oi 

€t/2 Eq. 7 may be simplified to 

^ _ I 

a. “ * aD. 


would be approximately ii times as great 
at the scale-metal interface as in the initial 
homogeneous alloy, provided that none of V 
passed into the scale. Clearly, if ii times 
the initial percentage of V exceeds its 
solubility, and if the time required for its 
fonnation is not too great, there will form a 
new phase, which may admix with the 
scale. If the value of Vb read from Fig. 6 
does not exceed its solubility, it seems 
reasonable to suppose that very little of the 
more noble alio3dng constituent V will be 
found in the scale; for in that case, on the 
basis that V is suffidentiy noble so that 
none of it oxidizes, yet all the base metal 
oxidizes in the scale, its activity in the scale 
would be unity, and in the metal less than 
unity. Since aS the scak was, at the time of 
its formation, in intimate contact with the 
metal, this condition is not possihk unle^ 
an infinitely steep activity graKhent occurs 
at the scale-m^tal mteiiace; und^ 
ocuHSHon, as stated ^at intern is 


ISl 
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local equilibrium at all times, such an 
infinitely steep gradient is impossible. 

The rate of scaling of iron in air and 
carbon dioxide has been measured by 



CONTENT. 

Heindlhofer and Larsen,* with results tha^ 
indicate that a. has the value 2.8 X io“* 
cm. per sec.^ at iooo°C, Reliable data on 
the diffusity of copper in iron are not avail- 
able, but its diffu^vity in nickel as reported 
by Grube and Jedele* is 1.2 X sq. cm, 
per day at iooo®C. K the diffusivity 
copper in iron be considered as the same, 
and independent erf concentration in the 
range o to 10 per cent, D, is 1.4 X io“^* sq. 
cm. per sec,, hence a/2 “ 12, and 

9^/9, is approximately 300. As the limiting 
solubility erf copper in austenite is about 10 
per cent at 1000®, it follows that if a hcano- 
geneous copper-iron alloy containing more 
, lo per cent 

than = 0.03 per cent cofper is 

scaled in air or carbon dioxide at iooo°C. it 
is to be expected that the copper at the 
surface will build up to 10 per cent and that 
there wOi be formed a copper-rich alloy 
jphase, oorre^KHiding in amount to all 
copper over 0^03 per cent in the scaled 
aselal, some <rf wbidi may pass into the 
scale. If the init^ iron alloy contained less 
than 0.03 per cent copper sudi a frfiase 
would wot form and the coppo: would 
lotaSy in the The 

walue CMQt3 t9Uit fxpper is^ ol course, 


only approximate, since it depends upon an 
assumed value of the diffusi\nt5" of copper 
in iron. The total amount of copper, in 
excess of the initial content in the austenite, 



INC ELEMENTS AT SCALE-METAL INTERFACE. 

Variation of ratio of conc^tration at inter- 
face to initial concentration (vt/fm) with dif- 
fusivity Dr, and scaling rate parameter a. 

is dearly 0.03 per cent of the total amotint 
erf iron scaled; at the end of an hour at 
iooo®C. this is about 4.2 X lO"* grams 
sq. cm. of surface. 

^hnilar reasoning may be applied to a 
variety of exampdes not involving an oockhc 
scale. Hidts^* has shown that if iron is 
heated in chromium chips at i2oo°C. there 
results a rim of high diromium content 
which is separated from the low-chiome 
erne by a sharp boundary. The formatKm of 
sudi a rim of f^rritk tion-dixofBiiim solid 
solutkm on a core of austenite is analogoixs, 
from the diffusiem viewpouit, to the forma- 
ti(m of an oxidic scale, though of ccnscseln 
the commoii oxides the range of solid soln- 
tions is not as grmt as in the iiow-clMmi^ 
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Since iron-silicon alloys also have a 
closed gamma loop, the diffusion of silicon 
into austenite undoubtedly would produce 
a like occurrence, except that there would 
be several distinct rims, corresponding to 
the several silicon-iron solid solutions 
analogous to the several oxide zones 
(wustite, magnetite, hematite) formed on 
iron scaled in air or oxygen. If carbon is 
present in the austenite into which the 
silicon diffuses it should behave as copper 
does during the scaling of copper-bearing 
steel, the solubility of carbon being very 
low in ferrite. If the rate of formation of the 
rim, the diffusivity, and the solubility of 
carbon were known, the behavior of the 
carbon could be predicted by the method 
outlined for copper — again on the basis that 
the heterogeneous reaction rate is rapid 
compared with the diffusion rate. 

Role op Thermodynamics in 
Interpreting Dipphsion 
Phenomena 

Most of the preceding discussion was 
limited to the amultaneous diffusion of 
several elements in a single phase; more- 
over, it was assumed that the diffusion 
processes taking place at the same time did 
not occur in the same volume elements 
except in the vicinity of the subscale metal 
boundary. The problem of the simultaneous 
diffusion of more than one element into a 
metal is much more complex. Mehl and 
Rhines^^ have measured the rates of the 
^muitaneous diffusion of nickel and silicon 
into copper and compare Ihiese rates with 
those d each of these elements diffusing 
Individually into cc^jper. At a conoentratimi 
kss than i per cent, the <hffiisivity b mt 
greatfy affected by the simultaneous 
dkm of the oth^ demenL At 
ooncentratloiis the of diffusion of the 
rdpidiy Is 

of the mme is 

Iniisenoed but little, U id: 


ence of silicon. Although this is not the 
place for an extended discussion of this 
complex phenomenon, it is perhaps worth 
while to point out the bearing of equilib- 
rium considerations on diffusion. 

It is commonly stated that diffusion of an 
element occurs by virtue of its concentra- 
tion gradient. Clearly, this is not strictly so, 
for two phases in equilibrium may be placed 
adjacent to each other without the occur- 
rence of diffusion, although there may be an 
infinitely great gradient (discontinuity) of 
concentration at the interface. From the 
viewpoint of phase equilibrium this is so 
obvious that it need hardly be mentioned, 
for the definition of equilibrium precludes 
the possibility of interdiffusion between 
phases that already are in equilibrium. 
Thus, cementite (FesC) in intimate contact 
with austenite saturated therewith exhibits 
no tendency to lose carbon to the austenite; 
in fact, austenite supersaturated with 
respect to cementite tends to lose carbon to 
produce this higher-carbon phase — that is, 
carbon diffuses from a region (austenite) 
where it is present at a lower concentration 
to a region (cementite) where it is present at 
a higher concentration. The rule that diffu- 
sion takes place in the diiection of lower 
concentration applies at best only to a 
single-phase r^on; thus, it is true that 
carbon diffuses in ihe austenite in the direc- 
tion of lower carbon concentration, which is 
toward the austenite-cementite interface. 
For any one phase of a binary S3rst«n this 
rule is valid and is caressed quantitatively 
by Fkk’s law, modified if necessary to 
allow for variation of the diffiisiim coeffi- 
cient with cono^traflen. For a system of 
more than two eomspomiesats it Is no longer 
necessarily tme that a given ^ment tends 
to toward a region of lower am- 

ewm wUhin a ^itgle {^base. Tkai^ 
B»ay he dmm hjr 

the dheb- 



L. S. DARSIEN 


167 


Aj B, and a third constituent C; and sup- 
pose, for the sake of simplicity, that on the 
isothermal -phase diagram the composition 
of both of these alloys is represented by 
points that lie within the same single-phase 
region. Further, let it be assumed that the 
amount of B per unit volume is the same in 
both, and that the rate of diffusion of A and 
of C is so slow that B may be considered 
the only diffusing element. Under these 
conditions it might be expected that if the 
two alloys were welded together no diffu- 
sion of B would occur, since no concentra- 
tion gradient of B would exist. But only in 
special cases, such as an ideal sdution, 
would the activity of B be the same in tlK 
two alloys. Since it is rather rare Iot a 
metallic solid solution to be ideal, it is to be 
expected that in general the activity ol B in 
the two alloys would be different, and often 
very different; that is, the two wcmld not be 
in equilibrium with respect to B; ndther, 
course, would they be in equOibrium with 
respect to ^4 or C ; but it has been postulated 
that these diffuse so dowly that any change 
in awnpoation is brought about only by the 
motion B. Under these circumstances B 
would move Irofii the alloy in idiich its 
activity is higher into that in whkh its 
activity k lower, so that diffuskm would 
result in an inequality in the ooncentratioQ 
of B. SimBariy, when the activity gradioit 
of B does not have the same sign as the 
cemoentration gradient, B appaiently will 
diffuse ^'uphill.’’ Sudi cases may imt be 
numerous in practice, nevertheless the 
activity change brought about hy the 
panesence of other components cann^ be 
iguoicd in treating diffuskm f^ienomena. 

In gen^:ai, the isothermal diffusion coeil- 
cient (B in the ordfinary form of Fkk’s 
law), whkh has been shown to be a function 
ol compOGi^oii even in binary systems, 
becomes in syslienis of more than two 
a htmclhm not mdy of the 
¥ mk oonetittiesit but also 
giradient: of each; that 
with dmisioii uandeat m 


significant only in conditions identical with 
those under which it was measured. Ob\n- 
ously, the utility of a coefficient that is a 
function of so many variables is limited. 
This suggests that the “driving force” in 
diffusion phenomena might better be repre- 
sented as an activity gradient than as a 
concentration gradient. On this basis, 
Pick’s law for unidimenaonal diffusion 
vrould be modified to the following: 



where u represents concentration and o, 
activity. Eq. 9 reduces to the ordinary form 
of Fk^’s law in the case of an ideal solid 
solutiem, or in any short cx>ncentratloii 
range — e.g., dilute solid solution — in which 
the activity is proportional to the ccmcen- 
tratioa. The codffici^t Dm would be ex- 
pected to be essmtialiy ccHistant at 
constant tempmiture in a limited portion 
of a single-phase regioai of the ^tem under 
OHisideratioii, {Hovided fibat the differ^Kcs 
In concentration under consideration do not 
materially alter the other factors affecting 
the rate of diffusion, ^nce diffusion k 
always a mutual phenomenon, it k dear 
that when the alky content k so lugb that 
the movement of the base nadal k large, 
£q. 9 catxuaot apply, because mdy one 
activity appears in the eqmtiofi. SufiBcient 
data on activities and diffasioo rates are not 
avaffable to check the iqipIkabOity of the 
forgoing equatkm to ternary systems. It 
may, however, be apphed to a binary sysr- 
iem in whkh the ihffoskm ooeffksent, as 
usually expressed, k found to vary with 
OQOGeiitratiofi. To so neeessilates the 
assiflnptkiii of some specific lektion be- 
tween activity « and atomk conoentndion 
m; In maiiy ioslanoes the ioEkmmg 
don k piobaldy adeqpiate: 

a a#* ' ' |so| 

‘ ' 

iya<»ep isitpiLiOT 
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coefiScient D varies with concentration, 
Pick’s law is usually written 



By aid of expression lo, and ignoring any 
volume change, the relation between D, a 
variable, and Da, assumed to be constant, is 

D = Dae^^ii + pu) [12] 

which permits the evaluation of jd from 
measured values of D, or the prediction of 
the manner of variation of D with con- 
centration from a value of determined by 
measurement of activity. It is to be noted 
that for an ideal solution iS == o, hence 
D = Da\ that is, there is no variation of D 
with concentration. 

The easiest method of comparison is to 
determine whether the value of 0 derived 
from activity measurements is in agreement 
with that obtained from diffusion measure- 
ments. For iron-carbon alloys, both t3T>es of 
measurement have been made. The activity 
of carbon in austenite has been measured by 
Bramley and Lord^® and also by Diinwald 
and Wagner,^® the latter reporting a value 
of ^ = o.io at 94o°C., u being expressed as 
atomic per cent carbon. The isothermal 
activity-concentration data of Bramley and 
Lord at 900® or iooo°C. correspond approxi- 
mately to 0 = 0.04. Kelley, in computing 
the' h^t of solution of cementite in 
austenite, finds that Bramley and Lord’s 
data over the temi>erature range and 
ccanposition range covered are not in dis- 
agreement with the assumption that solu- 
tions of carbon in austenite behave 
thermodynamically as an ideal solution 
iron carbide in iron. This assumption, which 
is made by many investigators, corre^nds 
approximately to the value 0.065 P (^P 
to the vidnity i per cent carbon by 
wdght). Recent measurements made by 
J- Bay in this Labc^atory {mi yet 
published) on the equIHbiitim of inaircar- 
bon alloys with HrCH* miyfcutcs lead to 


0 = 0.09 ± 0.0 1 at iooo°C. It is believed 
that this value is more accurate than the 
earlier ones. 

From the measurements of Wells and 
Mehl^® on the rate of diffusion of carbon in 
pure austenite, 0 — 0.07 at looo^C. Their 
measurements on the rate of diffusion of 
carbon in an iron containing 16 per cent 
manganese, which appear to be more pre- 
cise, correspond to jS = 0.09. The average 
agrees well within the experimental error 
with the value 0.09 from activity data. 
Thus it has been shown that in austenite 
the increase of the diffusivity of carbon with 
increasing carbon percentage is in agree- 
ment with that calculated on the h3^thesis 
that the rate of diffusion across any plane is 
proportional to the activity gradient, in- 
stead of the concentration gradient, at that 
plane. 

This single example, of course, is not 
evidence that all cases of variation of diffu- 
sivity with composition may be similarly 
interpreted; nevertheless, it demonstrates 
the value of making use of thermodynamic 
functions in interpreting diffusion phe- 
nomena. Further qualitative confirmation 
of this interpretation is offered by the fact 
that the diffusion coefficient of manganese 
in iron does not vary as much with per- 
centage of manganese as does that of carbon 
with carbon content; in fact, the mangan^ 
content must be raised by 50 per cent to 
double its diffusivity, whereas the diffusiv- 
ity of carbon in iron almost doubles between 
zero and one per cent. This would be 
anticipated, since the solid sc^ution of 
manganese in austenite a{^)roadhtes ideality 
much more <^)sely than does the sdiid solu- 
tion of carbon in 7 Iron. 

SUIOCAEY 

I. It has been ^lown that the rate of 
growth and compomtion ol an oridk sub- 
scale loaned on an afloy be predicted 
imm tbe ImmMm ^ cooestants, 

pliase xeiationg^ 
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2. The analogy between oxidic subscale 
formation and other diffusion phenomena 
frequently encountered in alloys is pointed 
out, and the physical limitations to these 
phenomena are discussed. 

3. An interpretation of the behavior of 
an alloying constituent during scaling has 
been presented. 

4. Large apparent deviations from Pick’s 
law may be expected in systems of more 
than two components, defined in terms of 
concentration. It is suggested that the 
activity gradient rather than the concen- 
tration gradient be regarded as the driving 
force” in diffusion; for since activity is 
successfully used instead of concentration 
in interpreting equilibrium, it should have 
like merit in interpreting the approach to 
equilibrium by diffusion. 


Appendix 

The author will be glad to furnish a 
mimeographed copy of the Appendix on 
request, or it may be obtained in the fonn 
of microfilm or photostat. For the two 
latter, write to the American Documenta- 
tion Institute, Science Service Building, 
1719 N Street Northwest, Washington, 
D. C., asking for Document No. 1639 and 
enclosing 28fJ for microfilm or $1.00 for 
photostat (6X8 inches). 
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Discrssiox 

(John ^farsk presiding > 

R. F. Mehl* and H. SELTZjt Pittsburgh, 
Pa. — This discussion will relate chiefly to the 
latter part of the paper, in particular to the 
treatment of Fick’s law and the comments 
concerning the gradients active in diffusion. 
This is a matter of considerable basic impor- 
tance and it will be well to inspect any sugges- 
tion of change in fundamental concepts with 
considerable care. 

The idea of emplo>ing some other expression 
than concentration in Pick’s law is not new.*^ 
WTien it was observed that the diffusion coeffi- 
cient varies with concentration, it became 
desirable to expiain this variation: if this could 
be done by the use erf some term other than 
concentration, but related to concentration, so 
that in plotting this term no variation with 
concentration would longer ensue, progress 
could have been made. This matter was con- 
sidered with care when work in diffusion at this 
institution began some 8 years ago. The 
thermodynamic quantity activity was con- 
skiered, but shortly rejected, not only on 
theoretical but also on factual grounds. 

There is no necessarj' relation between 
thermod>'namic quantities and kinetk or rate 
phenomena. It can certainly not be assumed 
that ‘‘activity gradients” have any sign^cance 
in diffusion phenomena. The attempt to meige 
thermodynamics and kinetics has led to much 
confusion. The only success apfrficatkm of 
thermodynamic activities to kxaetic problems 
has been to reactions in sotutioiis. Bbre, how- 
ever, the modem theory assumes that the rate- 
determining reactioii is the decomposition oi an 
intermediate “complex” and that the con- 
centration erf this complex is deteimixied by an 
equifibrium state. The activities thus appear 
from the usual thermodynamic expression erf 
this equilibrium. 

It b difficult to see how activities can be 
introduced logically into Fkk’s diffusion equa- 
tion, since tlxb equation b based on a statistical 
concept of the process of diffusam. The author 

* Professor of Metalhxrgy, Caraegie insMtute 
of TechnoloKy* 

t Pro f esaor of Physical Chmxnstry, CanMiiiB 
Institute of TechnologT. 

W. Just: I^u^ofX uxidi CheUabete 
Reaktion ha Festm StcfleuL IP mwfkw 
Leipais. Z937- Steixilnurf. 
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ELSsumes a hypothetical case of two metals 
.4 + in solid solution, in contact with 
another solid solution of A -f B + C, with the 
concentration of B the same in both alloys but 
with the activity of B smaller in the latter than 
the former. Hence, he says, if A and C diffuse 
with negligible rates, B will diffuse uphill into 
the A B -{■ C alloy. Thermod3niamically, 
however, the only requirement is that a homo- 
geneous alloy of uniform composition through- 
out must ultimately obtain. This, obviously, 
can be achieved by the diffusion of C, which, 
even though it has a negligible diffusion 
coefiScient, is exposed to an infinite concentra- 
tion gradient. 

Existing data appear to deny any applicabil- 
ity of activities to diffusion data. The copper- 
nickel system has been shown to form almost 
perfect solid solutions over the entire con- 
centration range.^* The value of D, however, 
varies about tenfold, a direct contradiction to 
the activity theory of diffusion. The copper- 
zinc system, in a concentration range of from 
o — )■ 22 atomic per cent of zinc, shows a fifteen- 
fold increase in D. While no activity data are 
available, it is highly improbable that a varia- 
tion in activity coefficient sufficient to account 
for this would ever appear. The data on 
activities in the iron-carbon system are too 
uncertain in view of the small variation of D 
with concentration to be of much probative 
value. 

The problem of the factors that control the 
variation of D with concentration sriU remains. 
It would appear that much more information 
concerning the nature of the solid solution state 
will be required before real advances can be 
made. 

The application of activities to interface 
reactions seems to be more confusing than 
helpful. It is artificial to say that an infinite 
concentration gradient exists at an interface 
between two phases df equilibria. In such a case 
there is no true concentration gradient, for this 
can oocor only in a ample phase. Nor does the 
Flection ci a phase from a solid solution, as in 
simple precipitation, imply “uphill** dfiffoskm. 
This matter has been discussed frequently in 
the last decade. The nucleus of a new phase 
appears at a region nmsbentarilbF exuached hy 
ooaiGesitxatioQ fmiat atnnajc scale. 

«H. Seitz: Barfoct JM. 

Ames'. Chem. Soo. 307- ' ' ■ 


When the nucleus has appeared, the usual 
concentration discontinuity as a phase interface 
is established. Growth of the nucleus proceeds 
by normal downhill diffusion in the matrix. 


L. S. D.^rken (author’s reply), — It is indeed 
true, as stated b^’ Mehl and Seitz, that the 
attempt to merge thermodynamics and kinetics 
had led to much confusion. Yet in the simplest 
terms all cases of nonequilibrium involve a 
force, a motion, and a resistance to motion. 
Often the force may be expressed as the 
gradient of a potential; under appropriate con- 
ditions this potential is the chemical potential, 
in terms of which activity is defined. That 
chemical potentials are fundamental to the 
diffusion problem is shown clearly by Jost;^^ the 
fact that no satisfactory solution of the problem 
has as yet been obtained is no evidence to the 
contrary. Stearn and E5nring,*® who have also 
pointed out the bearing of the activity coeffi- 
cient on the diffusivity, derive a relation (Eq. 
20 of their paper) giving the diffusivity D as a 
function of various quantities including the 
activity coefficient. They write that this 
correction term involving the activity coeffi- 
cient “can be added when vapor pressure or 
electromotive force data are available. For 
example, in cases where the activity plotted 
against the concentration shows a maximum or 
minimum the diffusion rate will drop to zero 
under the maximum or minimum conditions.” 
Stearn, Irish and Eyring*^ have developed a 
amilar relation (Eq. 29 of their paper) between 
diffusivity and activity coefficients in liquids. 
Fig. 2 of their paper shows the observed lelatioii 
between diffusivity and concentration as com- 
pared with that calculated from activity. They 
comment: “In spate, however, of the incom- 
pieteness of the data and the necessary crude- 
ness oi handling, the obvious correlations in 
Fig. 2 between trends of the experimental 
points and cakralated averages of 
indicate the gSDeral soix&dness of £q. dq.” 

The statesoent of Mdbtl azfed Selfz in regiaitl to 
the A-B-C alloys that “thenaod^naamicaily^ 
however, the only reqazreiXKnt is that a 


»R.F. UeUaadl^IB:. JettercTfaeMecluk^ 
tdsm of Preemitation troea Solid Soin t iooR. 
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homogeneous alloy of uniform composition 
throughout must ultimately obtain*’ is true 
only in a limited sense. It is general practice in 
experimental work to follow rapid reactions, 
or equilibria that are rapidly attained, while 
ignoring simultaneous reactions which are so 
slow as to exert no appreciable effect on the 
reaction or equilibrium under investigation. 
For example, the properties of hydrogen- 
oxygen mixtures at room temperature may be 
investigated in spite of the fact that the 
mixture is unstable. A majority of organic 
compounds are thermodynamically unstable, 
yet their properties, reactions and equilibria 
with other substances are quite properly 
investigated in spite of the fact that in suffi- 
ciently long time such compounds mi g ht 
decompose by reactions quite different from 
those of immediate interest. Likewise, if, in a 
given alloy, one diffusion process is reasonaUy 
rapid and another very slow, it is quite proper 
to Gcmduct an experiment on a time scale such 
that the rapid diffusion process may be investi- 
gated and the slow one ignored. For example, in 
measuring the diffusion water from one 
solution to another throu^ a semipermeable 
membrane, the diffusion of the solute (or 
solutes) through the membrane is commonly 
ignored; this is entirdy ji^tiffabk provided the 
diffusion <d the sohite Is slow enough to be 
inappredable in the time of faeasnrement The 
theriziod3mamic requirem^t that both sides of 
the memliHrane most eventually come to the 
kieiitical oomposititHi, though correct, is not a 
fruitful principle In such cases. 

The modified form of Fkk’s law (£q. 9) g^ven 
in the present paper was developed by reason- 
ing similar to that of Jost with the additiona! 
hypothesis (similar to that of E3ning) that the 
molality (as wd! as the driving Imoe) is a 
function of the activity. The author is nndor no 
ittusaons that it is exact; moreover, this equa- 
taon is ai^piicable only over a Emited range of 
coooentratifxi, as is stated dearly in the paper. 

The data on capper-mdul alloys, died by 
MM md Seka as evadence that diffiusivity is 
i^ooBstaBt in an ideal system, do not hy any 
.means pKWve thdr point. The daim that these 
aiecys ana lied 

m M phase «ia^am, iddch, 
that hath iqnid 

iMi Wmm aa'lml e mmrnMm nut aMray 
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indicates that any departure from ideal behav- 
ior is, very roughly, the same in each. The 
activity cannot be evaluated from such data 
alone, unless one phase be a pure component. 
The statement by Mehl and Seltx that in this 
system the \’alue of D varies tenfold is also 
somewhat imsleading, in that it implies that D 
varies with composition over the whole range 
whereas it is in fact constant within the experi- 
mental error over the range o to 60 per cent 
copper.'* The co{^>^-xinc alloys, for which 2 ? is 
stated to vary fifteenfdd, is cited as another 
example of a system in which the variation of 
diffusivity cannot be accounted for by a varia- 
tion oi activity. As a matter of fact, the exact 
opposite is true, since these alloys provide an 
excellent illustration oi a system in which the 
change in diffusivity is accounted for by the 
change in activity. Thus, the data on the vapor 
pressure d zinc in brass have been reviewed and 
discussed by Johnston,** who showed that 
between 15 and 45 atomic per cent of zinc the 
activity coefficient changes by a factor of 3.5. 
A plot of these data indicates that up to 35 
atomic per cent zinc the activity may satisfac- 
tcmly be jrqE>resented by the form of Eq. 10, 
with ^ about ao6. Insertii^ this value of 
in £q. z 2 it is found that between zero and 
20 atomic per cent zinc the diffusivity would be 
expected to vary by a factor of sH^tly over 7. 
T^ is in good accord with the measured dif- 
fushrities of Rhines and Mehl.* From Fig. 9 of 
their paper the diffusivity of copper at S4o^C is 
aboutic 6 X sq. era. per sec. when the 
araount of zzuc is small, but rises to idioiiit 
45 X sq. cm. per sec. at so at owrit per 
cent zinc; tlm ratio of these two is a lm os t 
identical with the predicted vahie of 7. The 
scatter of the expesimental data on the dfif- 
fusivity prevents comparison at the other two 
tmaperatores invest%ated. 

T^ author does not pretend to have given 
anytime approadmig a final answer to the 
prd>lefn of dlffiisioii in metab; in the last sec- 
tion of the paper he merely attempted to point 
ont the bearing of the thennodjnnamk pw* 
tenrial, henoe, aedvi^, on d i ffushm . 
phenomeaaa, a relation that he feeb Is weft 
substantiated by the wori: cited. 

» R. P. Mehl: Trams. A.LMJR (mM ^ 

n* * f ‘ ' 

* J. J ohiMto u* Trimr. 



Weight Change as a Criterion of Extent of Decarburization or 

Carburization 

By R. W. GuitRY* 

(New York Meeting, February 1942) 


When a steel in the austenitic state, with 
all its carbon in solution, is maintained, at 
constant temperature, in contact with a gas 
that removes the carbon from the surface, 
yet without otherwise altering the composi- 
tion of the steel, the change in weight of the 
specimen, after any period of exposure, is a 
direct measure of the amount of carbon it 
has then lost. The purpose of the present 
paper is to show how, by application of 
established mathematical reasoning based 
on the fundamental diffusion law and on 
certain postulates, this loss of weight yields 
a complete picture of the distribution of 
carbon throughout a specimen of regular 
shape after any period of exposure, with 
all the accuracy required in any practical 
occurrence of decarburization. Precisely the 
same is true for the gain in weight during 
the reverse process of carburization, or for 
the gradual gain or loss of any element, so 
long as the steel comprises only a single 
phase at temperature, provided always that 
the experimental conditions conform to the 
postulates. The change in carbon content 
from surface to center of the specimen is 
always continuous, when everything is in 
solution, even though under the microscope 
the decarburized zone (or carburized rim) 
may appear to be sharply defined. 

The experimental procedure is described 
and some typical results are presented, 
which are then interpreted by application 
of the diffusion law. 

Manuscript received at the office of the Institute 
Nov. 13, 194I* Issued as T.P. 1470 in Metals Tech- 
nology, June 1942. 

* Research Laboratory, United States Steel Cor- 
poration, Kearny, N. J. 


Experimental Procedltie 

Initially an endeavor was made to follow 
the gain of weight during the process of 
carburization in a hydrogen-toluene at- 
mosphere, but it was soon found that the 
specimen became coated with graphite, 
which could not be removed without some 
loss of metal; therefore it was decided to 
continue carburization imtil the steel was 
saturated throughout, to remove all graph- 
ite from the surface of the specimen, and 
then to follow the loss of weight during 
decarburization in a moist hydrogen 
atmosphere at the same temperature as 
that used for carburizing. 

The carburizing procedure has been 
described in an earlier paper it suffices to 
state here that the carburization lasted 
about 140 hr. at 76 o®C. (i 76 o°F.) and 
44 hr. at iiio°C. (2030®F.), these periods 
being long enough — on the basis of the 
calculations presented later — to ensure that 
the specimen was about 99.9 per cent 
saturated at each temperature. The speci- 
men was a cylinder about 3.8 cm. long and 
0.475 cm* lu diameter; the materials were 
carbonyl iron, a commercial low-metalloid 
iron, and a steel with 3.6 per cent nickel 
and the usual proportion of other elements. 

The fully carburized specimen, after 
cooling at the top of the furnace tube, was 
placed in a lathe and sandpapered to re- 
move ail graphite; then the diameter was 
measured with a micrometer caliper, and 
the initial weighing (corresponding to com- 
plete saturatk>n) was made. By means of a 

1 References are at tbe end oi tbe paper. 
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molj^bdenum holder, it was suspended in 
the furnace, through which was now passed 
purified hydrogen saturated \\ith water at 
room temperature. After appropriate inter- 
vals it was raised in the furnace and cooled 
in this atmosphere, then weighed. The tem- 
perature was never lowxr than that used for 
carburizing, but occasionally was slightly 
higher. With the specimen there was a 
similar cyfinder, previously completely 


rate of carbon loss, but was substantially 
realized early in the run. All of the lo runs 
made on any of the three original materials 
Welded concordant results at each tem- 
perature; two t>'pical series of experimental 
results, both on the carbonyl iron, are 
presented in Table i. They are expressed, 
for reasons that \vili appear later, in terms 
of u' against f a®, where w is the loss 
of weight up to the time /, Wi the loss of 


Table i . — Observed Values of wfwi at Various Vt^ues of t {in Secofids)^ Compared with 
Vahies Calculated from a Mean Value of 


(I) 

/ X 10-3. 
Seconds 
Observed 

(25 

Observed 

U) U' 

C“ed j !• 

(5: 

Observed 

l6» j 

Difference, j 
C'jI. 4 - Col. s 

(7) 

Col. 6 as 

Per Cent 
of Col. 5 


Radius of cylinder a = 0.242 cm.; 

Ki = 0.0737 gram; 



Temperature, 958°C. (i756°F.i; Dm = 2.3 X lo"" sq. ) 

cm. per sec. 


3.6 

0.0611 

O.OI4I 1 0.260 

0.257 

0.003 

1.2 

9.0 

0.153 

0,0352 ' O.38S 

0.388 

0-000 

0.0 

20.1 

0.341 

0.0784 0.530 

0.541 

0.009 

1-7 

26.4 

0.449 

0.103 0.613 

0.62S 

—0.015 

-2.4 

sr.o 

0,866 

0.199 ; 0.779 

0.769 

0.010 

1.3 

75.9 

1.29 

0.297 ; 0.877 

0.849 

0.028 

3.3 

133.8 

2.27 

0.522 ' 0.966 

0.933 

0.033 : 

3 5 

215-5 

3-66 

0.842 1 0.995 

0.976 

0.019 

1.9 

284. 

4.S. 

1. 1 1 0.999 

0.991 

0.008 

0.8 



Radius a = 0.240 cm.; = 

0.0983 gram; 




Temperature, iii3°C. (203S°F.>; Dm « ii.o X 10“^ sq.. 

cm. per sec. 


1.80 

0.0312 

0.0343 1 0.385 

0.378 

0.007 

1.9 

5-40 

0.0935 

0.103 ! 0.613 

0.607 

0.006 

1.0 

12.6 

0.218 

0.240 0.827 

0.801 

0-026 1 

3.2 

27.0 

0.467 

0.514 i 0.96s 

0.933 

0.032 

3.4 

50.4 

0.872 

0.960 0.997 

0.986 

o.oir 

l.i 

72.0 

1.24S 

1.37 0.999 

■ 0.996 

' 0.003 i 

0.3 


decarburized, the purpose of which was to 
make possible correction for loss of weight 
by vaporization of iron; this correction was 
small, the rate of loss being about 0.0023 
and 0.004 mg, per hour, at pfio^C. (i76o°F.) 
and iiio®C. (203o°F.), respectively, for the 
size of specimen and rate of gas flow used. 
At 96 o®C. the rate of flow of moist hydrogen, 
initially about 450 c.c. per minute, was 
lessened to about no c.c. per minute, 
toward the end of the run; at iiio°C. the 
corresponding rates were 810 and 240. The 
aim of this adjustment of flow was to keep 
the surface of the steel completely de- 
carburized throughout the run; this may 
not have been quite achieved at the very 
start, for this would require a very large 


weight after infinite time, and o is the 
radius of the cylindrical specimen. Thus 
wi corresponds to saturation with carbon 
at the temperature, and the ratio w/wu 
derived directly from experiment, rq)re- 
sents the fractional saturation of the speci- 
men as a whole at the time i, a being of 
course constant for any given specimen. 

Our task now is to derive from this frac- 
tional saturation at any instant the cor- 
responding distribution of carbon contact 
from axis to surface of the spedmec. This is 
accomplished by appropriate integration of 
the fundamental equation that di^es D, 
the diffusion coefladent; though the mathe- 
matical analysis is rather comf^ex, the 
final results are simple and, when ImcHight 
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together into a table or diagram, are 
readily applied toward the solution of a 
variety of practical problems. For the 
present, w^e anticipate the results derived 
later, by pointing out that, since in the 
case of carbon diffusing in iron D varies 
with the carbon content,^ we must use a 
mean value Dm because at any instant 
there is a wide range of carbon content 
within the specimen from axis to surface; 
and that, with the value of Dm given in 
Table i, we are able to reproduce the 
observed values of w/wi with a difference 
nowhere greater than 3.5 per cent, these 
differences being tabulated in columns 6 
and 7. This degree of accuracy of predic- 
tion by use of a single value of Dm — which, 
moreover, is close to what would be chosen 
from the data of Wells and Mehl — ^is ample 
for practical purposes; and permits us to 
extend the results to other regular shapes 
and sizes of specimen, to any time interval, 
and to any temperature within the stable 
austenite range. 

Interpretation of Experimental 
Results by Application of 
Diffusion Law 

The fundamental law defining the diffu- 
sion coefficient D at any constant tempera- 
ture is 


where dc/dx is the concentration gradient 
(in this case, change of carbon content 
with distance x from the center of the speci- 
men) of the diffusing substance at any point 
in the sample, and dc/Bi is the rate of 
change of concentration with time at the 
same point. 

This differential equation can be inte- 
grated, and so brought into usable form for 
direct comi>arison with e^jeriment, if the 
folk) wing postulates are made: 

I. That the initial carbon content is 
uniform throughout the qjecimea; it need 


not correspond to saturation with carbon, 
though it does in our experimental work. 

II. That the carbon concentration at the 
surface {x ^ a) ^ is a constant (ci) from 
beginning to end of the process of decar- 
burization; this implies that as fast as the 
carbon reaches the surface by diffusion 
outward, it is there immediately brought 
to the concentration Ci by the atmosphere 
in contact with the specimen. 

III. That D, at any one temperature 
level, is independent of carbon content c. 

The first integration gives the carbon 
distribution through the sample at any 
time after the start of the treatment; the 
second integration of this distribution over 
all values of x from zero to a, the radius of 
the cylinder, or half thickness of the plate 
or slab (large enough in other dimensions so 
that end effects may be neglected) gives an 
expression for the total amount of diffusing 
substance that has passed the surface of the 
sample at any time. Specifically, the result 
is a convergent series expressing the ratio 
w/wi (again the fractional saturation* at 
time i) in terms of the quotient Dtfa^\ 
evaluation of the expression for the cylinder 
and for the plate, respectively, yields 
results, for even values of Di/a^j brought 
together in Table z.f It will generally be 
found easier to use a graph of these func- 
tions; either a plot of w/wi directly against 
Dt/a^ (shown in Fig. i) or, for increased 
accuracy at low values of w/wu against 
■y/Dt/a. In practice, if a specimen does not 
conform exactly to either of the shapes 


* In general, if the specimen was not initially 
saturated with carbon, wi is the weight loss at 
infinite time when the carbon concentration 
would have been everywhere brought to the 
value in equilibrium with the reagent; con- 
versely, in the case of carburiaing, wi is the 
gain in weight at infinite time. 

f The reader interested in details of the 
int^rations and calculations will find them in a 
paper by D. H. Andrews and J. Johnston;* 
in one by A. B. Newman,* who gives numerous 
tabl^ and includes the restdts for the case of a 
sphere; and in one by B, Serin and R. T. 
BUn^kson.* 
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presented here, approximate calculations 
can usually be made by appropriate inter- 
pretation of the results given for the 
cylinder and the plate. 

Table 2. — Calculated Values of w/wi 
Corresponding to a Series of Values of 
the Quotient Dt/ar for a Long 
Cylinder of Diameter 2a, or 
Infinite Plate or Slab of 
Thickness 2a 

u' = Change in Weight after Time /: t:’i That 
after Infinite Time 


Dt/a* 

w/wi 

Cylinder j 

Plate 

0.005 

0.157 1 

0.078 

0.0 1 

0.216 ' 

O.I 10 

0.02 

0.300 

0.161 

0.03 

0.360 

0.193 

o.os 1 

0.453 

0.251 

O.I i 

0.606 1 

0.357 

o.is 

0.709 , 

0.438 

0.2 

0.781 

0.503 

0.3 

0.878 

0.612 

0.4 

0.932 ; 

0.698 

0.6 

0.978 

0.816 

0,8 

0.993 

0.887 

1.2 

0.9993 

0.958 

2.0 

I.OOOO 

0.994 


In the derivation and calculation of the 
corresponding pairs of values in Table 2, 
no assumption was made as to the indi- 
vidual values of i, a, or D (except that D 
is a constant); consequently the table is 
valid for any values whatever of these 
factors, provided always that the measure- 
ments are made under conditions such 
that our three postulates are valid. For a 
given value of w/wi in Table 2, / is inversely 
proportional to D for a specimen of given 
size and shape; and for given i>, / is propor- 
tional to the square of the diameter, or 
thickness, of the specimen. Consequently 
the table enables us immediately to draw 
the curve relating any of the variables by 
introducing values for the quantities that 
remain constant; since for any one speci- 
men under consideration at present, 
a, and wi are fixed, a curve can be plotted 
to give directly ti» relation betwcGi w. 


as measured, and L The specimens were 
cylinders about 10 times as long as their 
diameter; calculation from the theory 
shows that these may, for the present 
purpose, be considered as differing in- 
appreciably from an infinite cylinder. 
Accordingly, the \^lues for the cylinder, 
Table 2, would be applicable to these 
decarburization experiments, provided that 
the three postulates were valid; we have 
reason to believe that the first two were, 
but know, from the work of Wells and Mehl, 
that D is in fact not constant, but is about 
t^^ice as great when the iron is saturated as 
when it is only one tenth saturated with 
carbon at the temperature. 

In line with this it was found, for the 
cylinder tested at 958°C. (Table i), by 
inserting the value of a, assuming several 
reasonable values of D, and selecting for 
the resulting Dt/a\ a corresponding value 
of w/wi from Hg. i, that no single value of 
D would jdeld a curve coinciding through- 
out the range with the experimental points 
(Fig. 2) representing these data. For 
instance, if 27 is taken as 2.3 X 10''^ sq. 
cm. per sec., w/wi as calculated agrees 
satisfactorily with that observed for values 
of w/wi from o to 0.8; whereas if D is 
taken as 1.6 X lo”^ the agreement is good 
for values of w/wi between i and 0.9. 
Accordingly, since we are primarily inter- 
ested in the eariy stages of the process, 
where w/wi is less than 0.8, the value 
2.3 X 10“^ was chosen for Dm at this 
temperature 958®^.; the results so calcu- 
lated are compared with the experim^tal 
data in Table i, also in Fig. 2, where the 
points representing the observatkms are 
seen to be dose to the calculated curve. 
That the divergence between the curve 
for this value of Dm and the experimental 
points diould become appreciable as w/wt 
exceeds 0.7 is entirdy reasonable in view 
of the curves in Fig. 3 that represmt the 
distribution of carbem throu^out the 
spedmen at any time. 
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Gexrr-\l Coxclusioxs 

This comparison (Table i) shows that 
the whole series of observations, covering 
a hundredfold range cf time, is reproduced 
within about 3.5 per cent by assuming a 
single mean value of Z>. Now it is to be 
pointed out that, although any portion of 
the range of data for any one sample could 
be closely reproduced by choice of a single 
value of Z), in practice usually the interest 
would be in only a limited portion of the 
range; namely, the portion referring to a 
relatively short time interval, no matter 
whether the interest is in decarburization 
or in carburization. This circumstance, in 
conjimction with the fact that in practice 
the condition of postulate II (and occa- 
sionally of postulate I) would be fulfilled 
only approximately, leads us to believe 
that a single value of such as that used 
in Table i, describes, accurately enough for 
aU practical purposes, the course of the 
cun^e representing the change of weight 
of a specimen with the period of exposure, 
at constant temperature, to a decarburizing 
agent. 

The samples (Table i), originally of 
carbonyl iron, give values of Dm. of 2.3 X 
lo"^ and ii.o X 10''’ at temperatures 
958°C. (i 756°F.) and iiifC, (2035'F.). 
respectively. All samples investigated, in- 
cluding the low-metalloid iron and the 
nickel steel, gave almost identical results; 
consequently, these values of Dm. are con- 
sidered to be applicable to any steel con- 
taining small amounts of any allowing 
element, except the steels that readily 
form an insoluble carbide phase. 

It is interesting to see how the value of 
Dm that best fits the experimental data 
compares with values of D interpolated 
from the data of Wells and ^lehl. At 95S°C., 
where the carbon concentration (c) ranges 
from 1.39 per cent (namely, that in 
equilibrium with graphite)^ to zero, the 
best value of Dm. corresponds to a carbon 
content of 0.65 per cent, which is about 
47 per cent of the maximum; at 


at which the maximum carbon in solution 
is 1. 00 per cent.^ Dm. corresponds to 0.S7 
per cent C, again about 47 per cent of the 
range. This close approach to 30 per cent 
of the range, which would be the first 
estimate of the effective mean carbon 
content throughout the specimen and over 
the time interv’al, although perhaps fortui- 
tous, suggests that at an}’ temperature 
a similar mean value may be used. Since 
the measurements of Wells and ]Mehl have 
shown that (i^ the ratio of the values of 
D pertaining to two specified values of c 
is substantially independent of the tem- 
perature, and (2) for any given concentra- 
tion a plot of log D against the reciprocal 
of the absolute temperature T is a straight 
line, we felt justified in believing that values 
of Z>,, derived on the basis that the plot of 
log Dm against r/T is linear, would be 
sufficiently accurate for all practical pur- 
poses. Such values are listed in Table 3. 


Table 3. — Values of Dm for Use at Various 
Temperatures 


Deg. F. 

Deg. C. 

D, X 10’ 

1400 

760 

' 0.15 

1500 

816 

0.35 

1600 

1700 

1800 

871 

927 

< 982 

0. 77 

1. b 

i 3.0 

1900 

! 1038 

i 5-4 

2000 

1093 

: 9.1 

2100 

1149 

15.0 


On this basis can be computed, from the 
data of Tables 2 and 3, what will happen 
during the process of loss (or gain) of car- 
bon by diffusion through austenite, pro- 
vided always that all the carbon present 
is in solution.* By this means, for instance, 
what will happen to a thick piece may be 
predicted from observations on a thin 
piece; or observations over a short time 


* If in the diffusion process anything is 
precipitated — or, indeed, if any phase change 
occurs — the situation is more complex, and the 
theoretical treatment here does not apply 
directly; on this tyi)e of phenomenon, see a 
paper by L. S. Darken,* 
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may be utilized to tell how long an interval 
will be required to achieve any specified 
level of carbon content (e.g., substantially 
complete saturation or elimination of 
carbon — the required interval being far 
longer than it is commonly assumed to 
be). It should be mentioned that when wi 
corresponds to saturation, the value of Wi 
to be used need not be determined experi- 
mentally but can be computed from the 
solubility with respect to graphite or 


and the plate at round values of w/wi; 
when expressed in these terms,* they are 
independent of the value of D or of t. 
In this figure the abscissa is expressed in 
terms of the ratio x/a, where x is the dis- 
tance from the center and a the radius 
of the cylinder or the half thickness of the 
slab; the ordinate is the quotient (c — Co)/- 
{ci — Co), where Co is the initial (uniform) 
concentration of carbon, Ci is the constant 
carbon concentration maintained at this 


Table 4. — Carbon Distrihutioii 


Value of x/a 


“ ie/wx , 0.9s 1 0.9 0.8 ; 0.7 0.6 j 0.5 I 0.3 0.0 

: ! ; ! 1 

, Values of ^ ~ — for CYLI^'DER (Rod) of Radius a 

Cx — Co 


O.I 

! 0.43s i 

0.097 

0.006 

0.001 ; 

0.000 

0.000 

0.000 

0.000 

0.2 

0.726 1 

0.475 

O.II 2 ; 

0,025 1 

0.010 

0.002 1 

0.000 

0,000 

0.3 

; 0.823 

0.653 

0.363 i 

0.160 1 

0.059 

0.016 

0.001 

0.000 

0.4 

0.875 

0.755 

0.525 ! 

0.330 ! 

0.185 

0.095 I 

0.023 

0.003 

0.5 

0.908 1 

0.821 

0.647 , 

0.483 ! 

0.342 

0.230 1 

0.095 

0.035 

0,6 

0.931 

0.864 

[ 0.732 1 

0.605 

0.483 j 

i 0.378 i 

0.228 

0.140 

0.7 

' 0.950 1 

0.901 

i 0.805 

0.712 

0.619 

I 0.535 i 

0.405 

0.320 

0.8 

0.96S 1 

0.937 

1 0.873 j 

0.81 1 

0.750 

, 0.695 1 

0.605 ! 

0.541 

0.9 

0.984 1 

0.96S 

0.937 ! 

0.904 1 

0.S74 

0.S47 ! 

0.800 

0.767 


For Slab of Half Thickness a 


O.I 

, 0.703 

1 0.842 

0.433 

O.IOO 1 

0,020 1 

0.004 

0.000 

0.000 

0.000 

0.2 

0.688 

0.420 1 

0.223 J 

0.105 

0.045 

0.007 

0.000 

0.3 

0.890 

0.787 

0.590 

0.420 

0.282 

0.180 

0.063 

o.ois 

0.4 

0.918 

0.S42 

0-690 : 

0.550 

0.422 

0.320 

0.177 

0.090 

0.5 

0.935 

0.874 ! 

0-754 ' 

0.640 i 

0.536 

0.443 

0.305 

0.223 

0.6 

i 0.950 j 
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carbide, as the case may be, at the 
temperature.^ 

Moreover, the fortunate circumstance 
that the assumption of a mean value of 
D makes it possible to reproduce the experi- 
mental data likewise makes possible the 
computation of the distribution of carbon 
within the specimen at any value of i or 
of w/wi (w'hich are, of course, not inde- 
pendent variables if D and a are fixed). 
This is readily done, on the assumption 
that D is constant, by appropriate sub- 
stitution in the first integrated form of the 
fundamental differential equation. The 
results are presented in Fig. 3 for the rod 


surface, and c is tfie local concentration 
at the distance x\ and the curves are drawn 
for a series of equidistant values of w/wi. 
Although evaluated under the assumption 
that D is constant, the curves in Fig. 3 
have been shown, by the laborious process 
of numerical integration, to agree closely 
with the corresponding distribution that 
prevails in an actual specimen where D 
varies with carbon concentration. Thus, 
with the aid of these curves, measured 
values of the ratio w/wi are transformed 
directly into a measure of the thickness 
of the “decarburized zone,” for any 
^>ecified limiting carbon content at the 
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inner boundar>' of this zone. Because the 
scale of Fig. 3 may be too small for certain 
applications, the numerical data on ^vhich 
the curves are based are given in Table 4. 

The general conclusion, therefore, is that 
the data in the several tables or figures 
make it possible to describe, with ample 
accuracy for practical purposes, the prog- 
ress of any decarburization reaction 
pro\dded the initial concentration of 
carbon (co) was uniform throughout the 
piece and the surface concentration (ci) was 
constant throughout the period (postulates 

1 and II) ; and they apply equally to any 
cylinder or slab at any temperature in the 
austenitic range. 

.Application to Process of 
Carburization 

Although up to this point consideration 
has been given primarily to the process of 
decarburization, it has been intimated that 
the theory’ presented pertains as well to the 
reverse process of carburization. Thus, Table 

2 and Fig. x can be applied directly to calcu- 
lations of the carburizing process by now 
considering w to be the 'weight gain after 
time t, and uh the ultimate weight gain 
after infinite time. The carbon distribution 
is calculated from Table 4 under the same 
definition of terms as before: c* is the 
uniform initial concentration, ci the con- 
stant surface concentration, and c the local 
concentration at distance a: from the center; 
but (c — Co) and (ci — Ca) now have posi- 
tive values, although their ratio, given in 
the table, is positive in either case. 

It is to be borne in mind that, as before, 
Tables 2 and 4 and Fig. i are strictly 
applicable only when: (i) the initial' con- 
centration is uniform, (2) the surface is 
maintained at constant carbon concentra- 
tion, and (3) D is independent of carbon 
concentration. The conditions required by 
these three postulates are met, or approxi- 
mated, as in the process of decarburization. 
Since the data from a few preliminary 
carburization runs seem to be fitted reason- 


ably well by the value of Dm already given, 
and since this value corresponds, as shown 
earlier, to about half-saturation ^'ith car- 
bon, it is believed that the values of Dm in 
Table 3 can be applied to carburization as 
w'ell as to decarburization. 

The usefulness of this general method of 
interpretation of phenomena depending 
upon diffusion is illustrated by a pair of 
examples that show how to apply it readily 
as a means of solving a specific problem. 

The first problem is to determine the 
carbon distribution in a >2-in, plate 
(a = 0.635 cm.), originally of veiy’ low 
carbon content, say zero, after it has been 
carburized for 3 hr. at i8oo°F. First of all, 
let us calculate the value of Dt/a-, Con- 
verting to the proper units, t = 10,800 sec., 
d = 0.635 cm. and, from Table 3, at this 
temperature is 3.0 X io~^ sq. cm. per sec.; 
Di/a^j therefore, is 0.0080. Since at such a 
lo'w value of Dtja^ Fig. i does not jdeld a 
sufficiently precise value of w/wi, a similar 
plot of w/wi is used against \/Di/a, w’hich 
shows that for the sample in question the 
fractional saturation w/wi is o.io. Assum- 
ing that the carburizing atmosphere main- 
tained the surface at substantial saturation 
with cementite, at this temperature about 
1.56 per cent C,^ the carbon distribution 
throughout the sample after 3 hr. at i8oo®F. 
is as shown by the curve for w/wi = o.i in 
Fig. 3&, 'where is now zero and ci = 1.56 
per cent. The actual carbon content c at 
any point from the center {x = o) to the 
surface (z = a) is no-w apparent; obviously, 
it is very small when x/a is less than 0.6; 
that is, at a depth greater than o.i in. from 
the surface. 

The second problem is to find the time 
required at i7oo°F. to decarburize a 
0.375-in. rod, originally i.o per cent carbon, 
to such an extent that at a distance of 
0.015 below the surface the carbon 
concentration will be 0.5 per cent, with a 
certain commercial gas w’hose decarburizing 
power is not known. First, a preliminary 
test is made to ascertain the decarburizing 
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power of the gas, under conditions as nearly 
as possible the same as will be used later for 
the commercial treatment. Accordingly 
a weighed piece of the o.375dn. rod about 
2 in. long, that is, long enough so that the 
end effect will be relatively smaD, is placed 
in the gas at ijoo'F. After a period of 
one hour the weight has dropped from 
2S.4000 grams to 2S.3724 grams, or 
iv — 0.0276 gram. For this test piece, 
the value of Dt d- is computed to be 
0.00254, since a — 0.476 cm., t — 3600 sec. 
and D (from Table 3) is 1.6 X io““ sq. cm. 
per sec.; and a graph of the theoretical 
iL\ d'l against \'Dt, a for a cylinder shows 
that this corresponds to u' ivi = o.iio. 
Inserting the measured w’eight loss we 
find that T£’i = 0.0276 o.iio = 0.251 gram, 
corresponding to a loss of 0.251(100)^ 2S.40 
= 0.8S5 per cent of carbon from the original 
I per cent carbon sample; thus the surface 
of the test sample was, in effect, maintained 
by the decarburizing gas at a carbon con- 
centration of 1. 00 — 0.SS5 = 0.115 per 
cent. This is an average surface concentra- 
tion, and it is not implied that this value 
remained absolutely constant throughout 
the period; in general, it would be well, 
whenever possible, to expose the test 
sample for, roughly, the same length of time 
as ■Rill be used later for the real treatment. 

With a knowledge of the carbon con- 
centration that our atmosphere is capable 
of maintaining on the surface of the speci- 
fied sample, it is a simple problem to 
calculate the time required to produce the 
desired carbon distribution. In this exam- 
ple, Ce == i.o per cent, ci = 0.115 per cent, 
and at the distance 0.015 in. below the 
surface c = 0.5 per cent, corresponding to 
(c — Cm) = 0.565; and x/a is 

(0.1875 “ o-oi5)/o.i 875 = 0.92; according 
to Fig. 3a these conditions correspond to 
w/wi = 0.2. Fig, I (or, more conveniently, 
a graph of w/wi against \/ Di/a) indicates 
that this state will be reached when is 
0.0085; again inserting -values of D and a 
as before, we find the time of treatment 


iSr 

i to be 12,100 sec., or about 3 hr. 20 
minutes. 

SuiniARY 

Experimental obser\'ations of the loss in 
weight of a steel specimen after various 
time inteiY’als during a decarburization 
process at constant temperature, show*, 
w’hen interpreted on the basis of an inte- 
grated form of the fundamental diffusion 
law. that, at any one temperature, in spite 
of the fact that the diffusion coefficient of 
carbon in iron varies appreciably with 
carbon concentration, the absolute weight 
loss can be predicted within 3.5 per cent by 
the use of a properly selected mean value of 
this coefficient. The mean coefficient so 
derived, values for which are given for a 
series of temperatures from 1400® to 
2ioo“F., agrees veiy' closely with that inter- 
polated from the measurements of Wells 
and Mehl for a carbon content correspond- 
ing to half-saturation at the temperature. 

By the use of this mean coefficient, in 
conjunction with other data presented in 
tables and figures, the amount and dis- 
tribution of carbon that would be present 
after any time interv’al can be calculated for 
a steel c>"linder or plate maintained at 
constant temperature in a constant car- 
burizing or decarburizing atmosphere, 
provided that certain easily realizable 
experimental conditions obtain, and that all 
the carbon in the steel is and remains in 
solution. 
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DISCUSSION 

(A. B, Greninger presiding) 

C. Wells* amd R. F. Mehl,* Pittsburgh, 
Pa. — The object of the present discussion is 
primarily to evaluate the usefulness of the 


during carburization to reach a constant value 
of carbon concentration than for surfaces 
covered with graphite. 

Some time ago !Mehl and Wells calculated 
concentration-penetration curves, taking into 
account the variation of D with carbon con- 
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Fig. 4. — REL.A.TIOX BETW’EEN SURFACE COMPOSITION AND TIME WREN CARBURIZING IS DONE IN 
V.UHOUS HYDROCARBONS. 

A graphite layer was observ'ed on specimen surfaces carburized in CO -F toluene, CO + benzene, 
and CO -h nitrogen. Data -were taken from papers by Bramley and by co-authors. Normal com- 
mercial carburizing times usually are betw’een three and eight hours. 


results obtained by the author as applied to 
commercial carburizing practices. 

It has long been recognized that if the three 
postulates given b\" the author w’ere correct it 
w’ould be possible to calculate accurately from 
the method he used not only variations of 
compositions in carburized cases and variations 
of thicknesses of cases with temperature and 
time, but also average D \^ues as w’as prac- 
ticed by Dunn.’" Unfortunately, how^ever, at 
least tw’o of the postulates are incorrect, for 
actually the carbon concentration at the 
surface is a constant from the beginning to 
the end of either the decarburization or 
carburization process, and D is nat independent 
of carbon concentration. A plot of surface 
composition against time of carburizing as 
observed by Bramley and co-authors f is showm 
in Fig. 4. The figure shows that it took longer 
for specimen surfaces not covered wdth graphite 

* Carnegie Institute of Technology. 

^ Dunn: Jnl. Chem. Soc. (1926) 129, 2973. 

t References to series of papers by Brandey 
and co-authors are given in paper by Wells and 
Mehl: Trans, A.I.M.E. (1940) 140, 305. 


centration (not done by the author), and as- 
suming that the surface concentration remains 
constant during carburization. Comparisons 
between the calculated curves of Mehl and 
Wells and the experimentally determined 
curves of Bramley and co-authors showed the 
agreement to be poor w’hen short times of 
carburization were considered and good when 
long times were considered, w’hich simply means 
that if the total time of carburization is suffi- 
ciently long the surface concentration can be 
assumed constant without causing an appreci- 
able error in the results obtained, but if the 
time of carburization is short the assumption is 
unwarranted. Commercially carburizing times 
are usually relatively short (3 to 8 hr. at about 
i7oo°F.), except in the carburizing of armor 
plate, when the times may extend to two or 
three weeks, and it is believed that curves 
calculated on Gurry’s assumptions w’^ill in gen- 
eral not agree with those determined experi- 
mentally when relating to carburizing times 
covering the range used in general commercial 
carburizing practices. It was the failure to get 
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good agreement between calculated concentra- 
tion-depth curves and experimentally deter- 
mined curves obtained under conditions 
normally used in industry* that convinced Mehl 
and Wells that predictions of the distribution 
of carbon in carburized steels at given times 
and temperatures cannot be made accurately 
until the solution of Fick’s law of diffusion 
includes conditions that allow for: <'i' the 
change of surface composition with time and 
(2) the change of J? with concentration. The 
relation between D and concentration is already 
known, but the relation between surface com- 
position and time of carburization has not yet 
been worked out in terms of the factors con- 
trolling it. 

Commercially there are other factors that 
make it difficult to calculate accurately con- 
centration-penetration curves directly appli- 
cable to general carburizing practice, for not 
only does the surface composition tend to in- 
crease with carburizing time but it may be 
varied from time to time during carburizing, 
b}’ the practice of changing the atmosphere 
periodically to eliminate soot deposited on 
articles being carburized. Again, in pack car- 
burizing the time of bringing the charge to 
temperature may be long compared with the 
time at the carburizing temperature, in which 
case temperature \'ariation must be considered 
as a factor in determining carbon variation and 
case thickness. Furthermore, the effect of alloy- 
ing elements present in many carburizing steels 
no doubt have an appreciable effect on the 
surface composition, and therefore on effective 
carburizing. 

For the present, it is doubtful whether one 
can do better than accept the curves available 
showing composition variations and case 
depths in carburizing steels when packed- 
carburized [A.S.M. Handbook (1939!^ 1038- 
1039, Figs. I and 2] or gas-carburized 
Handbook (1939 ) 1041, Fig. 5] at various car- 
burizing temperatures and times. Such data 
give sufficient information to estimate closely 
enough for all practical purposes about what 
depths of case and what composition \*ariations 
to expect under the carburizing conditions 
usually present in commercial practice. 

R. W. Guury (author’s reply), — The stated 
object of the discussion by Wells and Mehl is 
“to evaluate the usefulness of the results ob- 


tained by the author as applied to commercial 
carburizing practice.’’ This is a question in 
which the author is likewise greatl>- interested, 
since the practical limits to the use of his 
method have not as yet been established, but it 
must be pointed out that the only acceptable 
ground for evaluation is direct test and that 
the matter can hardly be regarded as settled 
on the basis of the arguments advanced by 
Wells and ^lehl, wffiich in essence reduce to 
mere opinion. 

It is true, as Wells and Mehl have stated, 
that when the change in average carbon content 
is large, which commonly means that the period 
of carburization or decarburization is long, the 
results obtained by this method are relatively 
insensitive to a departure from the fundamental 
postulates, but that they become more sensi- 
tive as the period of exposure decreases. 
difference of opinion, therefore, arises as to the 
effective validity of postulate II for a relatively 
short period of treatment. 

In this connection, the data of Bramley and 
his colleagues cited by Wells and Mehl deserve 
some comment. It is evident from the w'ork of 
Bramley and Lawton® that in the series of 
investigations cited the rate of gas flow was in 
general so slow that for a considerable period 
after the start of a test the surface concentra- 
tion of carbon was not uniform but decreased 
along the length of the specimen with increasing 
distance from the gas inlet. It is not surprising, 
therefore, that the surface layer did not reach 
its maximum concentration of carbon until 
the sample had been exposed to the gas for 
many hours, and in such circumstances the 
author’s method admittedly might not be 
satisfactory. 

On the other hand, there are many applica- 
tions in which conditions are much more favor- 
able. For example, in the preliminar\’ work of 
the present investigation a comparison of the 
amount of carbon absorbed in half an hour 
with the result of a numerical integration indi- 
cated that under the conditions of test the 
sxirface must have become substantially satu- 
rated with carbon within a few minutes. More- 
over, the commonly observed formation of iron 
carbide on the surface of a specimen that has 
been carburized for a relatively short time 

s Bramley and Lawton: Iron and Steel Inst., 
CarnegU Schol, Mem. (2927) 16, 35. 
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indicates that carbon is being supplied to the 
surface faster than it can diffuse into the metal. 

A suitable atmosphere during decarburiza- 
tion likewise results in the removal of carbon 
at such a rate that the surface concentration is 
in effect rapidly reduced to zero, a typical 
example of such an atmosphere being moist 
hydrogen.® In the present work, calculations 
based on data obtained after an exposure of 
}2 hr. indicated that the surface was al- 
most completely decarburized within a few 
minutes. 

In ^iew of these observations, it is evident 
that it is difficult, if not impossible, to decide 
a priori whether the method is or is not appli- 

* Bramley and Allen; Engineering (Jan. 22, 
1929); (Feb. 19, March ii, 1932J, 


cable. The onl\' trustworthy basis for judgment 
is direct test. The author does not claim that 
his method will work in every case but the 
evidence available indicates that it is appli- 
cable in enough cases to w’arrant its consid- 
eration. 

In the matter of the variation of D with 
carbon content, it is only necessarj* to repeat 
that direct test has shown that the use of a 
mean coefficient enables the representation of 
the observations over the whole range from 
saturation to complete decarburization with an 
accuracy of 3.5 per cent, which is deemed ample 
for many purposes. Should much greater accu- 
racy be required, resort must be had to some 
more complex method. 



Rate of Nucleation and Rate of Growth of Pearlite 

Bv Frederick C. Hull,* Robert A. Colton, f and Robert F. Mehl.J Member A.I.M.E. 

(XeTT York Meeting, February 1942I 


It is known that pearlite forms from 
austenite by a process of nucleation and 
growth, and that the rate of formation of 
pearlite may bs described by a rate of 
nucleation and a rate of growth^*- The 
manner in wrhich these two quantities oper- 
ate to produce the observed isothermal 
reaction cur\’e has been analyzed in a paper 
published in 1939.® Tw’o tj-pes of process 
w’ere described: (i) that in which nucleation 
occurs at the grain boundaries of the parent 
phase, with the nodules growing toward 
the centers of the grains, initially as hemi- 
spheres and then after impingement as 
roughly radial-columnar structures; and 
(2) that in which nucleation occurs gen- 
erally, w'ith the nodules growing to full 
spheres until impingement with other 
growing nodules restricts growth. Both 
cases are met in the formation of pearlite 
from austenite (Fig. the former, 

occurring near the knee of the S-cun’e, has 
been named “grain-boundary transforma- 
tion,” and the latter, occurring at tempera- 
tures near Aci, has been named “group- 
nodule transformation.” 

In developing our knowledge of the fac- 
tors that determine the rate of formation 


Mncb of the material in this paper has been taken 
from a thesis submitted by; F. C. Hull to the Graduate 
Committee of the Carnegie Institute of Technology. 
Pittsburgh, Pa., in partial fulfillment of the require- 
ments for the de^ee of Doctor of Science, June 1941* 
Manuscript received at the office of the Institute 
Dec. I, 1941* Issued as T.P. 1460 in Metals Tech- 
nology. August 1942- 

* Research Engineer, Research Laboratories. 
Westinghouse Electric and Manufacturing Co., East 
Pittsburgh, Pa.; formerly Westinghouse Graduate 
Fellow in Metallurgical Engineering, Carnegie 
Institute of Technology. Pittsburgh, Pa. 

t Research Assistant, Metals Research Laboratory, 
Carnegie Institute of Technology, Pittsburgh, Pa, 
t Director, Metals Research Laboratory, and Head, 
Department of Metallurgical Engineering, Carnegie 
Institute of Technology. 

I References are at the end of the paper. 


of pearlite from austenite, it is important^*^ 
to obtain data on the rate of nucleation and 
the rate of growth of pearlite. Such data, 
w’hen obtained near the knee of the S-curv’e, 
will furnish information of use in under- 
standing the factors that afect hardenabil- 
ity; when obtained at higher temperatures, 
such data will be useful in understanding 
the beha\1or of steels that during heat- 
treatment react to pearlite.^ 

It is the purpose of this paper to present 
data on the rate of nucleation and the rate 
of growth of pearlite in dependence upon 
composition, grain size, temperature, and 
the degree of homogeneity of the parent 
austenite. The studies are restricted chiefly 
to plain carbon commercial steels.* 

Premol's Data on Rate of 
X rciEAXioN and Rate of 
Growth 

Data on the rate of nucleation and the 
rate of growth of pearlite have been pub- 
lished by Scheil and Lange- Weise,* by 
Mirkin and Blanter,**^ by Alehl,^ and by 
Dom, De Garmo and Flanigan.® It is 
difficult to interpret the data, for in most 
cases too little information is given on 
austenitizing temperatures and times, the 
state of homogeneity of the austenite 
(presence or absence of carbide, etc.), 
austenite grain size, and mode of formation 
of pearlite at the temperatures given. 
Except for the approximations of Mehl 
and the W'ork of Dom, austenite grain size 
was disregarded, though it is w’ell knowm 

* Some of the data Included here appeared in a 
much abridged form in reference 2, 
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Fig. i.—Modes of transformation of austenite to pearlite. X loo. 
ij and c illustrate grain-boundary transformation; h and d show group-nodule transformation. 
a and b are photomicrographs of steel A. Pretreated by holding ^ hr. at 875°C. and oil-quench- 
ing. Austenitized ^ hr. at 875°C., grain size No. 5. Gradient quenched and partially trans- 
formed 480 sec. at 6^°C., respectively, c and d are photomicrographs of steel B. iinealed 
I hr. at 95o°C.; austenitized }4 hr. at 875°C., grain size No. 4?^; reacted 5 sec. at 6oo°C. and 540 
sec. at 68o°C., respectively. 
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that grain size affects the rate of reaction 
and therefore presumably the rate of 
nucleation. 


Rate of Reaction as Determined by 
R-\te of Nucleation and Rate of 
Growth 

The reaction equations employed herein 
are those published earlier.® We shall 
consider, first, general nucleation as it may 
be applied to reaction near Aei and, second, 
grain-boimdaiy nucleation as it may be 
applied to reaction near the knee. Although 
nucleation near Aei occurs at the grain 
boundary, the nodule grows so much larger 
than the austenite grain (Fig. i) that the 
process operates with respect to impinge- 
ment as though nucleation were wholly 
general and it may therefore properly be 
treated as one of general nucleation.^*® 


General Nucleaiimi (Group-nodule 
T ransformation) 

The rate of nucleation is taken as the 
number of nuclei forming per unit time per 
unit volume of unreacted matrix. This 
is designated as Nv, expressed in number of 
nuclei per cu. mm. per sec. The rate of 
growi:h is taken as the rate at which the 
nodule radius increases -with time. It is 
designated as G, expressed in millimeters 
per second. A", and G may remain constant 
as the reaction proceeds, or may vary; 
analytical methods are available for cal- 
culating the rate of reaction in either case.® 
Assuming that Xv and G remain constant 
during the reaction, assuming also that 
nucleation is random without regard for 
matrix structure (vide supra) and that the 
reaction product forms true spheres up to 
the moment of impingement upon other 
growing nodules, we may write 
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where f(t) is the fraction transformed as a 


1S7 

function of time L The shape of this curve 
when plotted on a logarithmic time scale 
is given in Fig. 2. 
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Fig. 2. — Master reaction curve for gen- 

ER.U. NUCLEATION. 

If Xr varies with time ( it will be seen that 
it does), we may write 

»(0 = + a/ -j- + yt^) [2] 

and the corresponding reaction equation 
may be written 

f{t) = I - exp. 

+ ^ + ^ + [3] 

i \3 15 45 105/ i 

It has proved convenient to consider the 
rate of nucleation as constant with time 
even though it is known to vary, and we 
have relied therefore mainlj- on Eq. i. 
Departures from an ideal state of homo- 
geneity in austenite provide centers of, 
easy nucleation within the grain, distrib- 
uted at random; this leads to true general 
nucleation. Such a condition is afforded 
by the presence of deoxidation products, 
and by undissolved carbide and undis- 
sipated carbon concentration gradients,®** 
The application of Eq. i to group-nodule 
transformation involves the use of the 
quantity Xt- It is known, however,®** 
that group nodules are nucleated at grain 
boundaries. The equation may properly be 
applied, but it wDl be found that varies 
with austenite grain size. The rate of nu- 
cleation per unit grain-boundary area may 
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be derived, however, simply by dhiding 
A'r by the grain-boundar>’ area per unit 
volume, and this will be designated as 
Xfj expressed in number of nuclei per 
square millimeter per second. 

Grain-houndary Xudeation {Grain-houndary 
T ransformalion) 

For transformation near the knee of the 
S-curve, assuming that nuclei form at grain 
boundaries, that nodules grow only into 
the grain in which the nucleus appeared, 
forming hemispheres of which the shape is 
modified by impingement upon other 
nodules originating in the same way in the 
same grain,® and that X^ and G remain 
constant with time, we may derive a series 
of master curves, for the isothermal reac- 
tion in w’hich the fraction transformed 
(ordinate) is plotted against a function of 
time (abscissa) and in which the several 
curves represent different values of the 
“ shape factor,” 

The variables are thus Xt, G and the grain 
size a, defined as the grain radius in milli- 
meters. Variations in these quantities 
affect both the rate of reaction and the 
shape of the isothermal reaction curv’e.® 

Calculation of Rate of Nucleation 
AND Rate of Growth from 
Experimental Data 

Rate of Growth 

The rate of growth is determined simply 
by measuring the radius of the largest 
nodule found in each of a series of samples 
reacted for increasing time periods. Plot- 
ting this radius as a function of time pro- 
vides a curve of which the slope is the rate 
of growth G* (Fig. 3). The accuracy of the 
method depends upon inspecting samples 

♦ See full discussion in ref. 3 of the necessity for and 
usefulness of this type of plot. 


:ATE OF GROWTH OF PEARLITE 

of sufficient size, wdth a sufficiently large 
number of nodules, so that the nodule upon 
which the measurement is made — the 
largest nodule xdsible — may be taken as 
that ■which had formed at the first instant of 
reaction and had thus grown farthest; it 
depends also upon inspecting a sufficient 
number of nodules so that one among the 
nodules that had formed in the first instant 
of reaction ■will have been cut by the surface 
at its maximum diameter. Apart from 
exercising care in the extent of the inspec- 
tion of the sample, the closeness with 
which the plotted points ■will fall to a single 
curv^e will offer assurance of the adequacy 
of the measurement. The fact that the 
curv’^e is alwaj's a straight line simplifies 
the latter test. 

The curve does not always intersect the 
origin, as it should if the reaction began at 
the moment of attainment of the reaction 
temperatures and if the first stages of 
growth were equally as rapid as the latter. 
The curves presented here intersect the 
time axis close to the origin; the significance 
of the time intercept is not certain. It will 
be observed later that the rate of nucleation 
at the beginning of the reaction is very low; 
this circumstance will decrease the chance 
of finding a nodule that had formed at the 
first instant and had been cut along its 
major axis. It appears best to draw a curve 
through the plotted radii regardless of 
whether the curve passes through the origin 
or has a time-axis intercept. 

In steel H, containing i.i per cent C, the 
grain-boundary mode of transformation 
was observed at all temperatures; the rate 
of growth of pearlite was calculated from 
the radial rate of growth of the hemispher- 
ical nodules. Steels E, F and G, ■v\ffiich are 
slightly hypereutectoid, exhibited incom- 
pletely formed net^works of cementite 
around the austenite grains upon reaction 
at high temperatures; group nodules wrere 
formed and G was determined in the usual 
manner. In hypoeutectoid steel I the ferrite 
network wais continuous and quasi-group 
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nodules were formed;^ G was taken as the 
radial rate of growth of such nodules. The 
actual rate of growth of pearlite must be 
somewhat greater owing to a time lag In 
the nucleation of pearlite in adjacent 


Riik' of Xiidcaiion — Group-jiaditlc 
Transformation 

Method I. — The method by which Scheii 
and Lange-Weise^ determine the rate of 



Fig. 3. — Maximum xodule iladius \trsus time ix roRiLmox of pf.\elite in steels E, F, and 

G AT 6So~C. 

Austenitized ^4 hr. at iico'C. and transformed at 6So*C. 



SECONDS 

Fig. 4. — Number of nodules per cubic .millimeter of volume versvs time at 6So“C. 
Steel F pretreated i hr. at Srs'C., oil-quenched; austenitized hr. at iioo'C.; A.S.T.M. 
grain size No. 4I4. 


“pockets’^ of austenite. Reaction at low nucleation is, in brief, as follows: For 
temperatures suppressed the proeutectoid each of a series of partially reacted samples 
constituents. there is determined (o) an experimental 
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plane distribution curve of nodule radii, 
(6) a calculated spatial distribution curv'e, 
(c) the total number of nodules per unit 
volume, and (d) the percentage of trans- 


as to the constancy of G versus time or its 
uniformity from nodule to nodule. 

Method 2 . — All the available experi- 
mental e\Tdence indicates that the rate of 



SECONDS 

Fig. 5. — Rate of xccleation of pearlite in steel F \:ersus time at 68o°C. 

-Vr(0 expressed as number of nuclei per cubic millimeter of un transformed austenite per second; 
calculated from Fig. 4, as described in text; approximately 20 per cent transformation in 
16 seconds. 


formation. A plot of the number of nodules 
per unit volume versus reaction time (Fig. 
4) is then made and is calculated by 

dividing the slope of this curve at any time 
by «{^), the corresponding fraction of the 
austenite not transformedf (Fig. 5). 

Nx{i) can be determined in this way only 
for the beginning of the reaction. Beyond 
about 20 per cent transformation, the 
method loses precision owing to the diffi- 
culty of counting the number of nodules 
after impingement becomes serious, and 
owing also to errors in appl>ing the 
theoretical plane distribution curve to the 
odd shapes that result 'when nodules grow 
together. 

This method is very time-consuming and 
was used in only one instance for the 
determination of Nr(t). It possesses the 
advantage that no assumption is necessary 

* The rate of nucleation as a function of 
time at constant temperature, expressed as 
number of nuclei per cu. mm. of untransformed 
austenite per second. 

t Scheil and Lange- Weise based their rate of 
nucleation on a unit volume of the sample and 
did not need to correct for transformation. 


growth of pearlite is a constant for a 
given reaction temperature. This fact 
fortunately simplifies the derivation of 
N‘v{t), for the necessary data may be 
obtained from a single partially reacted 
sample and the reaction curve. Except 
for Fig. 5, all variations in the rate of 
nucleation with time were derived by this 
method. 

The plane distribution curve is found 
experimentally as before, and the spatial 
distribution curve of nodule radii is cal- 
culated by the methods outlined by Scheil.® 
The spatial distribution function, <t>iR), 
is defined in such a w’ay that <j>{R)AR is 
the number of nodules per cu. mm. of the 
sample of radius jR to + AR. It has been 
assumed that the theoretical plane dis- 
tribution curve for ScheiFs statistical grain 
shape furnishes a closer approximation to 
the curve for a pearlite nodule than would 
the curve for a sphere. 

The number of nuclei formed per cu. mm. 
of the sample (not of the untransformed 
austenite) from the time ^ to / + A/ equals 
iV,(l)«( 0 Ai. At the time the reaction is 
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interrupted, /r, these nodules will have 
attained a radius 

t)G [4] 


lack of homogeneity of the steel from one 
specimen to another than to errors in the 
method of calculation. 



Fjq, 5, — Duplicate deterjonations of St as a function of reaction time at 6So®C. by 

METHOD 2 , 

Steel G held i hr. at 875^0. and oil-quenched; austenithsed hi kr. at iioo^C.; A.S.T.M. grain 
size No. sJ'o. 


By definition, 

and since 


AR = GM 


, . ^(R) -G 

u (0 


[5] 


where the corresponding values of / and R 
are given by Eq. 4. As soon as impingement 
becomes serious, this method, like method 
I, becomes ineffective, for the reasons cited 
above. 

The results of several duplicate deter- 
minations of .Vr(l) by method 2 are plotted 
in Fig. 6.* The data from which the plane 
and spatial distribution cur\’es were cal- 
culated are listed in Table i . The scatter of 
the points may be attributed more to a 

♦ The time axis intercept of the nodule radius 
versus time curve introduces a degree of un- 
certainty into the calculations. W e have 

chosen to assume that all nuclei formed after 
this time (3.5 sec. for Fig. 6), and, therefore, 
iV* is shown as a dotted line during the incuba- 
tion period. 


Method 3.— It is ver>' laborious and for 
purposes of comparison not necessary to 
determine the variation of .Vt with time. 
If A% is assumed constant, and reaction 
proceeds by the group-nodule mode of 
transformation so that Eq. i applies, N. 
ran be calculated from a knowledge of G 
and the time for 50 per cent transforma- 
tion, employing the relation 

V^^*^o.i===o.9 16 ] 

The values of Xt appearing in the tables 
were calculated by this method. 

Grain-boundary Transformation 

Method 4. — Measurement of .Y, from a 
count of nodules on the surface of polish is 
not now' possible, for this w'ould require 
a knowledge of the theoretical plane dis- 
tribution cur\’e for hemispherical nodules, 
which is not available. It is possible that 
approximations of this distribution might 
be made, yielding values reasonably dose 
to the real values, but since this type 
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Fig. 7. — Isothermal reaction ccxvxs for steels A, B, H, I and J. 

Table 3 contams all data relative to pretreatment, austenitizing times and temperatureai and 
grain sizes. 


transformation obtains near the knee of 
the S-cnrve where the rate of reaction is 
very rapid, it would be difficult to obt^ a 
series of samples with precisely measured 
times of reaction. No attempt has been 
made to develop or apply such a method.* 

MeUwd 5. — The isothermal reaction 
curve is procured, the rate of growth deter- 
mined directly, and the grain size is deter- 
mbed. The isothermal reaction curve is 

* Dom, Lte Garmo and PUnigan** have de- 
lived a method by which can be calculated 
for grain-boundary transformatioa. It has been 
s nc ce ssfu Hy applied to a steel containing 0.93 
per cent C, 1.53 per cent Mn, 0.20 per cent Si, 
and 0,36 per cent Mo, 


htted to one of the family of master curves 
for this t3rpe of reaction, and the value of 
N» computed.* Since this method rdies 
upon an accurate reaction curve, difficult 
to obtain near the knee of the S-curve in 
plain carbon steeb, it is not generally 
useful, though probably it could be used on 
alloy steels. 

MdJufd 6. — Since experimental diffi- 
culties were too great to permit a satis- 
factory determination of Nm near the knee 
of the S-curve, a more approximate method 
was used. The noduks are assmnwd to be 
s{^ierical and the nudeation to be general 
in type; l.e., the case is assumed identical 
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with group-nodule transformation, and 
method 3 applied. Ob^dously, the method 
cannot >deld true values, but those 

Table i. — Duplicate Determinations of 
Nvit) at 6 So°C. for Steel G. 

Plane Distribution Curves or Nooule 
Radh® 


Number of Nodules in 
Marked Area 


(i division = 0.00667 
mm.) 

13 Sec. 
at 680 

13 

13 

ZI 

9 

o-i j 

30 

52 

34 

47 

38 

1-2 ! 

41 

62 

44 

64 

33 

2-3 

42 

63 

47 

52 

17 

3-4 

31 

42 

38 

25 

8 

4-5 

26 

33 

28 

12 

3 

5-6 

21 

21 

21 

6| 


0~7 

12 

10 

14 



7 -S 

7 

4 

7 



Marked area, sq. mm. . . 

2.14 

2.2^ 

2.02 

2.71 

3.23 


* Data from which Pig. 6 was calculated. 


calculated should serve for purposes of 
comparison. 

The temperature at which the transition 
from group-nodule to grain-boundary trans- 
formation occurs is the same as that at 
which the application of method 3 begins 


mercial wirebar steels, deoxidized with 
silicon. These are the steels used by M. 
Gensamer for the study of the mechan- 
ical properties of controlled microstruc- 
tures.^®'^^ They have been used also for a 
study of pearlite spacing by G. E. Pellis- 
sier, M. F. Hawkes, W. A. Johnson, and 
R, F. Mehl.*® Photomicrographs illustrat- 
ing the modes of pearlite formation in 
steel B at different temperatures have been 
published."* Steels C and D are steels made 
from a single heat, one part deoxidized 
with aluminum (D), furnishing a “fine- 
grained steel” and one part not treated 
with aluminum (C), furnishing a “coarse- 
grained” steel.^® Steels E, F, G and H are 
carbon tool steels, made with differences in 
deoxidation treatment. These steels were 
partially deoxidized in the furnace, and all 
had aluminum additions in the ladle. Steel 
I is a silicon-killed forging-grade steel;* J is 
a high-purity steel, prepared by the method 
described earlier.^* 

Isothermal Transformation Technique 

The technique employed is that described 
by Davenport and Bain.^®*^® For high reac- 


Table 2. — Sted Compositions 


Compositioii, Per Cent 


^e«i 

1 

C ! 

Si 

Mn 

P 

s 

Cr 

Ni 

A 

O.7S 

0. 18 

0.63 

0.014 

0.030 



B 

0.80 

0.24 

0.74 

0.019 

0.029 

O.OI 

0. II 

C 

0.79 

0.21 

0.62 





D 

0.78 

0,23 

0.63 





B 

1.02 

0.13 

0. Z9 

0.013 

0.0X0 

0.03 

0.03 

F 

1. 01 

0. 16 

O.IS 

0.0X1 

O.OIX 

0.05 

0.03 

G 

Z.02 

0.31 

0.26 

0.0x4 

0.0X2 

0,06 

0.02 

H 

X.ZO 

0.24 

0.26 

0.014 

O.OIX 

0.04 

0.02 

! 

0,57 

0. 10 

0.46 

0.025 

0.03 



J 

0.93 

0,002 

<0.004 

<0.005 

0.0001 

<0.0005 

0.006 


tion temperatures, in the neighborhood of 
690^ or 7oo**C., where there is no danger 
from recalesceace, pieces up to 
square were used. At lower temperatures, 
especially near the knee of the S-curve, 
wliere the poesbUity of appreciable re- 
caJbsoeiioe be csgrefuBy 

* aaSod hi ftixtlaee, ferroeilhxM) 


to yidd Nw data of no physical significance. 
This transition zone cmresponds to a value 
a^N 

the shape factor X = —7”# equal to 0,1.^ 

Experdcentai. Methods 
Makrids 

The oHnpositkm of the sleds used are 
listed m Table 2. Sleds A aad B are ooea- 
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Table 3. — Rate Data an Steels A, B, F, H. I, J 
Steel A 


As*received material (hot-rolled). Austenitired H hr. at 875®C.; A.S.T.M. grain size No. 5}^, G^in-boundarj' 


area *=* 42 sq. mm 

per cu. mm. 




Temperature of 
Reaction, Deg. C. 

Time of so Per Cent 
Reaction, Sec. 

Rate of Growth, Mm. 
per Sec., G 

Rate of Nucleation 
per Cu. Mm. of Vol- 
ume, iV» 

Rate of Nucleation 
per Sq. Mm. of Grain- 
boundary Area, Xa 

700 

2,500 

0.3 X ro~» 

6.2 X 10'* 

i-S X 10'* 

690 

400 

0.85 X io-» 

5 9 X 10-* 

1.4 X 10-* 

680 

105 

1.7 X i0'» 

z.i 

2.6 X lo-* 

660 

32 

3.8 X io-» 1 

1 It. 9 

0.2B 

640 

16 1 

6.2 X io"> i 

46. S 

Z.I 

620 

II 

8.0 X io’» 

106.0 

2.S 

600 

7.0 

9.0 X io’> 

294 

7.0 

s6o 

5.4 

8.5 X io“> 

1,130 

27 

520 

S.o 

7.0 X lo"* 

1.700 

40 

Soo 

5-0 

5.4 X 10'* 

! 6,630 

160 


Steel B 


Pretreatment: Annealed one hour at 950®C. and coded at 4® per min. Anstcnitj*«i H at 875® C. A.S.T. M. 
grain size No. 4^^. Grain-boundary area, 29 sq. mm. per cu. mm. 


710 


0.003 

X io-< 

1 


700 

6,000 

o.zo 

X I0-* 

0.51 X 10'* 

0.017 X io~» 

689 

z.ooo 

0.40 

X I0-* 

10.2 X I0“* 

0.35 X 10'* 

680 

320 

I.O 

X io“* 

1 6. 2 X lo’* 

2.2 X 10'* 

670 

IZO 

1.7 

X 10-* 

1 0.91 

0.03X 

660 

47 

2.8 

X io'» 

4.8 

0.136 

650 

25 

3.6 

X io'» 

^ 36 

1.24 

629 

10 

6.1 

X io'» 

i 274 

9.4 

600 

5 

7.9 

X 10-* 

' 2,130 

73-S 


Steel F 

Pretreatment: Held 1 hr. at 870®C. and oil-qtienched. Austenitized Jhf ^br. at iick)®C.; A-S.T.M. grain sbK 
No. Grain-boundary area » 29 sq. mm. per cn. mm. 


7IS 


0.26 X 10'* 



700 


1.9 X io'» 



690 

36 

3.0 X 10'* 

1. 5 

0.05 

680 

22 

4.7 X 10'* 

27 

0.93 

660 

10 

8.0 X 10'* 

130 

4-5 

640 

4.6 

13.0 X 10'* 

1 850 

1 29 

63$ 

3.1 

13.8 X io'» 

2,700 

1 92 

600 


15.0 X 10'* 


i 


Steel H 


As-received material (annealed), Austenitixed H 3rr. at 900®C. A.S.T.M. grain size No. 5. Grain-boundary 
area •« 38 sq. mm. per cu. mm. 


720 

4,500 

1.68 X lO'* 

0.337 

0.0089 

714 

345 

1. 17 X lo'* 

29.1 

0.77 

703 

80 

5.17 X lo"* 

117 

3.1 

691 

38 

1,7 X lo'* 

312 

5.6 

662 

6 

1. 10 X 10'* 

383 

10. 1 


Steel I 


As-received material (annealed). Austenitixed H hr. at 900*C. A.S.T.M. Grain size No. 5. Oraia-bottwlaiy 
area = 38 sq. mm. per cu. mm. 


703 

4,500 j 

0.5 X 10'* 

1.3 X 10-* 

1 3.4 X 10'* 

691 

110 

2.75 X io’» j 

0.22 

1 5-7 X 10'» 

663 

8.6 j 

5.0 X io'» j 

9.7 X 10* 

25 

637 

2.6 1 

a , 30 X 10"* 1 

13.8 X io» 

1 3.6 X 10* 


Steel J 

PttnuKX^C(>oled from the cartmrixing temperatnre. Austenitized H hr. at 87S*C. AS.T.M. grain siae No. i. 
Grain-boundary area, 9.5 sq. mm. per cu. mm. 


720.7 

71b 

689 

670 

650 

599 

547 


2,100 

o.ois X io'» 
0.072 X lO"* 

9.0 X 10"* 

9.5 X IO-* 

37 

1.95 X io‘* 

4.7 X 10-* 

4.9 X lo** 

9.6 

4.S0 X io-» 

0.8s 

9.9 X I*"* 

3.0 

5. 95 X lO"* 

39 

4.x 

2.0 

6.5 X XO"* 

300 

31 

1,3 

6.6 X 

800 

84 

13 

*7 

1.4a X lO"* 

0.S4 V 10-2 




• RMCtioo product was b a wtit e. 











196 


RATE OF NUCLEATION AND RATE OF GROWTH OF PEARLITE 


specimens were in. thick or less. With a 
clean and well stirred lead bath, there is no 
observable rise in temperature during 
reaction, and the reaction takes place 
within 5°C. of the bath temperature.^ 
During austenitizing, prior to quenching, 
the steels were held in a purified nitrogen 
atmosphere in order to prevent scaling; 
slight decarburization of the surface was 


accuracy of measurement of ±o.5°C. Long 
reaction times were measured with a stop 
watch and short reaction times with a 
chronograph. 

The percentage reaction after interrupted 
isothermal reaction was determined either 
by comparing the microstructure with 
standard charts or by planimetric evalua- 
tion of the extent of reacted areas. 


Table 4. — JRaie Data on Steels C and D at 68o°C. 

Pretrcatment: Annealed one hour at 970®C., furnace-cooled. 


steel 

Austenitized 
U hr. at 
i 6eg. C. 

A.S.T.M. 

' Grain Size 

I 

i Grain- 

boundary 

1 Area, Sq. Mm. 
per Cu. Mm. 

Time of 50 j 
Per Cent 
Reaction, 
h.i Sec. 

: 

Rate of 
Growth, Mm. 
per Sec., G 

\ 

Rate of ) 
Nudeation 
per Mm. of 
Volume, Nv 

Rate of 
Nudeation 
per Sq. Mm. 
of Grain- 
boundary 
Area, Nm 

C 

875 

4 , 

27 

93 

2.1 X io~* 

0.95 

0.035 

C 

730 


70 

18 

2.0 X io“* 

675 

9.6 

D 

875 


84 

40 

2,2 X io~» 

27.6 

0.33 

D 

1,02s 

3 

i 

120 

2.3 X io“» 

0.30 

0.016 

C 

92s 

3 

1 19 

16s 

2.2 X io~» 

0.083 

0.0044 


observed; in measurements of percentage of 
transformation, and G, the decarburized 
surface was avoided. 

Temperature measurements in both 
furnace and lead bath were made with 


Table 5. — Effect of Austenite Heterogeneity 
on Variation of Rate of Nudeaiion with 
Time^ 


Radius in Divisions 
(r division = 0.00667 
mm.) 

Minutes at iooo°C. 

15 

1 

30 1 

45 ' 

6h 

90 

Number of Nodules in 
Marked Area 

o-*x 

64 

! 

65 | 

45 

51 

40 

1-2 

84 

82 

58: 

60 

50 

2-3 

64 

77 

41 ^ 

46 

35 

3-4 

43 


34 

36 

25 

4 -S 

27 

36 

18 

21 

13 

5-6 

18 

16 

xx! 

13 

7 

6-7 

1 

7 : 

5; 

4 

4 

Marked area, sqv mm 

1.48 

1.72 

I.Toi 

1.87 

2.49 


■ Data from which Pig. 13 was calculated. 


chromei-alumei thermocouj^es calibrated 
against a platinum: platinum-rhodium sec- 
cmdary standard tberrnocouple certified 
by the Bureau Standards^ providing an 


The austenite grain size was established 
either by comparison of the grain size 
revealed by a gradient quench with the 
standard A.S.T.M. charts, or by compari- 
son of the fracture with standard fracture 
samples; these methods give essentially 
equivalent results (within K grain-sizenum- 
ber) in the range of grain sizes considered.^^ 

Experimental Results and Discussion 
Isothermal Reaction Curves 
For the purposes of determirdng the rate 
of nudeation and the rate of growth, and of 
assessing the effect of variations in austeni- 
tizing treatment upon these rates, it was 
necessary to obtain isothermal reaction 
curves over a range of temperature. A 
series of such curves for steels A, B, H, I 
and J are reproduced in Fig. 7. These 
curves can be assembled into a conven- 
tional S-curve, by reading off constant 
percentages of reaction; e.g., 2.0 and 98 per 
cent. Fig. 8 gives the S-curve derived for 
the high-purity sted J. 

ReUe of Growth 

Rates of growth wwe det^mined by 
platting the largest observed noduk radius 
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as a function of time, as stated above. 
Figs. 3 and 9 give a number of such plots, 
showing that the points fall upon straight 
lines and that in the ordinary case a smaD 
time intercept is observed. Ail of the 
values of G quoted here have been obtained 
from curves of this sort. Fig. 10 gives G 
plotted as a function of reaction tempera- 
ture for steels A, B, C, F, H and J. A, B, C 
and J are eutectoid steels and steels F and 
H are hypereutectoid. The data from which 
these curves have been plotted are given in 
Tables 3 and 4. In the neighborhood of 
57o®C. (that is, near the knee of the 
S-curve), the values of G are somewhat 
lower than they should be, for recalescence 
causes the reaction to proceed at a tempera- 
ture very slightly higher than the bath 
temperature; as stated above, the maad- 
mum difference between the temperature 
of the sample and the temperature of the 
bath is not greater than 5®C. affecting G 
but little.** 

The rate of growth is quite insensitive to 
structural variation in the austenite. Steels 
C and D, from the same heat, differing 
only in the fact that D had been deoxidized 
with aluminum and thus contained alumina 
and a small amount of residual alloyed 
aluminum whereas steel C had not been 
given this deoxidization practice and there- 
fore contained but little alumina and no 
alloyed aluminum, gave, nevertheless, iden- 
tical values of G. Fig. 9 and Table 4 give the 
data on G at 68o°C. obtained on these 
steels with various austenitizing treat- 
ments. These variations in austenitizing 
produced different grain sizes and different 
d^rees of austenite heterogeneity. The 
range in the A.S.T.M. grain size is from 
No. 3 to No. j}i; the steel austenitized at 
73o®C. contained a considerable number of 
undissolved carbide particles. Despite these 


* Owing to ttncertainty as to the nature of 

the decompoeitioii product, it was impossible 
to determine whether or not C for pemrliU 
throogh a with continued 


Structural variations in the austenite, it 
may be seen that G remains invariant within 
the experimental error. It is clear from 
these data that G is a siructure-visensitke 



S£CONCS 

Fig. 8. — S-cuxtR for high-pueity steel J. 

Austenitized H hr. at 87S°C.; grain size 
No, 1. At temperatures above 7oo®C. nuclea- 
rion was almost exclusively at the surface of the 
spedmens. 

property. This is a fcntunatc circumstance, 
for with G remaining constant at a given 
reaction temperature for a given simf^ 
carbon eutectoid steel, whatever its austen- 
itizing treatment, variations in reacticm 
rate must originate in variations in the 
rate of nudeation and the grain size, thus 
simplifying the study of the factors con- 
trolling hardenabOity. 

It is known that alloy content has an 
effect upon G.^ The effect of the manganese 
content on G at 68o°C. may be seen in the 
data listed in Tables 3 and 4. It will be 
observed that G decreases with increase in 
manganese, from 34 X miXL/sec. in 
the steel with no manganese to tj> X lo"* 
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Fig. g.— MAxnnjM nodule radius versus reaction time ax 68 o®C. 

Steels C and D annealed at 95o°C. and austenitized K at temperatures indicated. Austen- 
ite grain sizes and calculated rates of growth are listed in Table 4. It is to be noted that grain size, 
austenite heterogeneity, and deoxidation practice do not afiect G. 



Fig. 10. — Rate 01 growth of i>EAmLiTE as a function of reacxiok tejckemhure for steels 

A, B, C, F, H AND J. 

Data are listed in Tabks 3 and 4 along with pretreatment, an^enitizing time asd temperature, 
and grain lor eadi steeL 
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in the steel with 0.74 per cent iln. The 
variation of G with percentage of man- 
ganese is plotted in Fig. ii; the value for 
the high-purity alloy is not included in this 


Raie of XucJeaiion 

Variaium of X U'iik Time . — The rate of 
nucleation, expressed either as or 



Fig. II. — Etiect or manganese content on rate of growth of pearute at 68o®C. 



SECONDS 

Fig. 12. — Rate of nucleation, A%, as a function or time for steel B at 670®. 
Annealed i hr. at 9So®C.; austenitiaed H hr. at 875^0. A.S.T.M. grain siae No. 
determined by method 2. 


diagram, for it lies far above the curve 
drawn. The values of G plotted are lower 
than they would be if the steels contauned 
only the amount of manganese Hsted, for 
the residual aBoying dements invariaUy 
present in commerdal steds must act, as 
manganese does, to decreased. 


has be^ found to increase with time during 
isothermal reaction; this behavior seems 
to be genera], for it has been found in all of 
the steds for which the vanatkai of N with 
time has been measured. F%s. $ amd 6 
show for steds F and G at 68 d*C. 
The vaxialko d Jf . mth time for sted B 
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is plotted in Fig. 12 for a reaction tempera- 
ture of 67 o®C. This curve was obtained 
by method 2, in a sample that had been 
about 15 per cent transformed. It is an 
inherent dfficulty of the successive sub- 
traction method that errors originating in 
the original divisions accumulate in the 
later ones. The values of N in the later 
stages of the curves plotted therefore lose 
precision; it is impossible at the moment to 
say whether N continues to increase with 
time or assumes a constant value, or 
decreases.* 

It will be seen later that the rate of 
nucleation is markedly affected by the state 
of heterogeneity in the austenite. At the 
moment we may inquire concerning the 
effect of austenite heterogeneity upon 
the variation of N with time at constant 
reaction temperature. Steel G was austen- 
itized at iooo®C. for 15, 30, 45, 60, and 
go min., respectively. The A.S.T.M. grain 
size was found to be No. 5 throughout. 
The results of this study are given in 
Fig. 13; the data from which N, was 
calculated, in Table 5. The iV-curves have 
the same shape and appear to differ only 
in vertical displacement. This displace- 
ment is not a simple upward shift, but 
appears to be given by a constant multi- 
plying factor at any value of the time. 
Apparently austenite heterogeneities, car- 
bide, etc., do not furnish nuclei that are all 

* It is interesting that iV, has been shown to 
increase in a similar way with time for the 
recrystallisation of the solid solution of iron 
with I per cent Si; in this case there is good 
evidence that iV» passes through a maximum 

(J. K- Stanley and R. P. Mehl, p. 260, this 
vnlume). The temptation is strong to ascribe 
the increase in JV* during the formation of 
peadite to the nucleating effect of strain 
engendered by the volume increase accompany- 
ing the formation of peariite, but this reason 
can hardly be invoked to explain the analogous 
^ect ob^rved in recrystahisation, for in the 
latter the volume chausge accompanying the 
re^ of cold-work (4 per cent reduction in 
thk^kne^ by tensile eksigation) is very minor.* 
The increase of iV, with time is directly <^pposed 
to the behavior that would be predicted by 
Avrami's ”genn nuclei’* theory.**'** 


active immediately at the start of reaction, 
but, like grain boundaries, merely furnish 
lod with a high degree of probability of 
nucleation; even carbides do not act as 
‘^germ nuclei” {vide supra), 

Variaiion of N with Temperature . — Since 
N varies with time during isothermal 
reaction, a full representation of N versus 
temperature of reaction would require a 
three-dimensional plot. It is hardly ex- 
pedient to attempt to obtain the data for 
such a plot, for the determination of the 
variation of N with time at high temi>era- 
tures is very laborious, and, moreover, it is 
impossible to obtain trustworthy infor- 
mation on this variation at low tempera- 
tures (wde supra). Since much can be 
learned from comparative values of iV, as 
derived for different temperatures of 
reaction, different austenitizing treatments, 
different deoxidation treatments, and for 
different compositions, we shall employ the 
simplified calculation outlined in method 3. 
This method, when applied to group-nodule 
transformation, 3delds true average values 
for iV,; when applied to grain-botmdary 
transformation it can 3deld only approxi- 
mate average values of Nv 

The values of Nv calculated in this way 
are listed in the summary table (Table 3) ; 
since pearlite is known to nucleate at the 
austenite grain boxmdary at aU tempera- 
tures,* the rate of nudeation per unit 
grain-boundary area N* may be calculated; 
values of N, are also listed in the tables.* 
The data listed in the tables are also plotted 
in Fig. I4.t 

* iV, divided by the grain-boundary area in 
sq, mm. per cu. mm. for a given A.S.T.M. grain 
size yields iV*. (These values are tabulated in 
the Metals Handbook, 1939 Edition, page 760, 
Amer. Soc. Metals.) 

t These data have been used to check 
Avrami's** assumption of an isokinetic tem- 
perature range for the formation of i>ear!ite. 

The product G X i*.* and the ratio have 

been found to vary markedly over the tempera- 
ture range studied, contrary to the constancy 
of these quaniitaes expected the basis ol 
Avnuni’s theory. 
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Q 4 9 e to fi t 4 

SECONDS 


Fig. 13. — Rate of nucleation for steel G at 6So®C. as a fxjnction of austenitizing tire 

AT IOOO°C. 

Pretreatment consisted of holding at 87s°C. for i hr. and oil-quenching. The austenite grain 
size was A.S.T.M. No, 5 for all samples inihcatiiig that the change in S with austenitizing time 
was due to increased austenite homogeneity. determined by method 2. 



Fig. 14..— Rate of nucleation, as a function of reaction temperature for steels A, 

B, F, H, I AND J. 

Pretreatment, austenitizing time and temperature, and grain size appear in Tabic 3. N» deter- 
mined by method 3. 
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Effect of Austenite Heterogeneity upon N. 
The conversion of the cement ite-ferrite 
aggregate into austenite is a process de- 
pendent upon time. It occurs in three 


less homogeneous the austenite, with a free 
carbide particle acting as a point for easy 
nucleation, and with loci of high carbon 
concentration in austenite acting in a 



Fig. 15. — Effect of austenitizing time at 875°C. upon rate of reaction of steel B at 68o°C. 
Rates of nucleation calculated by method 3 from these curves are listed in Table 6. 


stages: (i) the formation of heterogeneous 
austenite by a nudeation and growth proc- 
ess, leaving residual undissolved carbide, 

(2) the final solution of carbide, and, finally, 

(3) the dissipation of carbon concentration 
gradients. The longer the austenitizing 


similar capadty either directly or by a 
rapid rejection of carbide partides. 

The effect of austenite heterogeneity was 
studied by austenitizing steel B at 875^0. 
for a series of time periods ranging from 5 
to 90 min. and then reacting to pearlite at 


Table 6. — Effect of Time at Austenitizing Temperature on Transformaiion Rate of Steel B 

at 680'^C. and 593°C. 

Pretiieatment: Annealed one boor at 9so®C. and cooled at 4®C. per min. G *= i.o X lO'"* mm. per sec. at 
68 o®a; 8.0 X I0“* at SPS^C. 


Time at 

A.S.T.M. 
Grain Size 

Grain- 
boundary 
Area, So. 
Mm. par Cu. 

Reaction Temperature 

eso^c. 

593 ’*c. 

m 

N, 

N» 

^.1 

N, 

Nm 

5 


57 

57 

62. s 

z. z 


2.4 X 10* 

4.2 X 10* 

10 


42 

19S 

0.43 

o.oz 


1.6 X io‘ 

3.8 X 10* 

16 

4 ?% 

35 

300 

o.oSz 

0.0023 


1.2 X 10* 

3.3 X 10* 

30 

4M 

29 

378 

O.OS 7 

0.0020 


0.85 X io< 

2.9 X 10* 

90 

3 H 

25 

420 

0 . 03 Z 

0.00084 


0.30 X to* 

2.0 X io» 


timtnient at constant temperature or the 
bigber the temperature of austenitizmg, 
the more nearly will the austenite approach 
a state of true homogmeity.^ 

There is evkknoe that suggests that the 
rate cl niKieatioii may be the greater the 


68o®C, The austenitidng treatment pro- 
vided a series of samf^ exhibiting 
uxuHssolved carbide at the shc»1;er times 
and far mmre hmm^eimesom austenite at 
the hmgir. Reactlcm curves and Nm were 
(the latter by method 3); the 
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reaction ciLr\"e3 are given in Fig. 15, and 
the values of X, and X, are listed in 
Table 6. 

The grain size increases from A.S.T.M. 


is probably the result of this undissolved 
carbide; the steady decrease of X, \sdth 
time of austenitizing from 10 to 90 min. is 
probably to be associated with the gradual 



Fig. 16. — Effect of austenitizing xntE at 875®C. upon islxte of transforication of steel B 

AT 593“C. 

Rates of nucleation calculated by method 3 are listed in Table 6. 


No. at 5 min. of austenitizing to No. 

at 90 min. Curves such as those given 
in Fig. IS have been taken ordinarily as an 
illustration of the effect of austenite grain 
size upon reaction rate.^ The true effect of 
grain size for the group-nodule mode of 
transformation is purely one of the extent 
of grain-boundary area, with decreasing 
grain size affording increasing surface area 
and a proportionally increasing number of 
nuclei. If the curves given actually repre- 
sent the effect of grain size ahne, the rate 
nucleation per unit grain-boundary area 
Nt calculated from the measured values 
of N, should be a constant irrespective of 
grain size. It is thoroughly dear that the 
values of iV, given in Table 6 are not 
constant but decrease very greatly as the 
time of austenitizing is increased. The 
higher values of IV, at the shorter austen- 
itmiig times must originate in austenite 
lieterog^i^ty. After 5 min. of austenitiz- 
ing many undissc^ved carbide partides 
were observed; alter 10 min. carbide amid 
sdH be detected, but appeared absent 
aHm: liinea. The very high value 

lf« alter $ min., mA even alter 10 min.. 


elimination of carbon concentration gradi- 
ents. It is to be emphasized, therefore, 
that the reaction curves given in Fig. 15, 
and others like them, cannot be taken as 
an illustration of the effect of grain size 
alone on the rate of reaction: Tl^y repre- 
sent, in fact, the combined effect of 
incFeasing grain size and decreasing austen- 
ite heterogeneity. 

Fig. 16 shows a group of reaction curves 
for the same steel austenitized at the same 
temperature and for the same time periods 
but reacted at 593®; Table 6 shows the Xt 
and Nt data calculated. This temperature 
of reaction was chosen because it is near tl« 
knee of the S-curve (though not quite at it) 
and the reaction curves should therefore 
be suggestive of the behavimr of the steel 
with respect to depth of hardening. It wili 
be observed that there is now far less 
variation in rate of reaction with time 
of austenitidng. Tl^ variatkm in is 
corre^ndingly small. Apparently the 
rate of reaetkm and the rate of nudeatiQii mt 
ti^ knee of the S-curve are fax less sonsHive 
to differences in austenite hetetogwiieity 
than at hi|^ tempemluies. It mgpmm 
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that little change in these quantities and 
little change in depth of hardening will be 
observed unless there are numerous small 
carbide particles left undissolved,- and it is 


A.S.T.M. grain-size variation of No. 7 to 
No. i} 4 > Here again the reaction curves 
may not be taken as an illustration of the 
effect of grain size on the rate of reaction. 



Fig. 1 7. — Effect of austenitizing temperature upon rate of reaction of steel A at 6go°C. 

Grain sizes and rates of nucleation calculated by method 3 appear in Table 7. Austenitizing 
treatments were 3^ hr. at temperatures given. 


clear that the rate of reaction at tempera- 
tures near Aei cannot be used to predict 
the rate of reaction at the knee and the 
correlated hardenabiiity. 


for the values of Ns listed vary by a factor 
even larger than that obtaining in the study 
of the effect of austenitizing time at con- 
stant temperatures.* The high value of N» 


Table 7. — Effect of Austenitizing Temperature on Rate of Transformation of Steel A 

at 69o°C. and 593°C. 

PretTeatment: Heated }4 hr. at 87S°C. and quenched in oil. G — 0.87 X lo”* mm. i)er sec. at dpo^C.; 
9.6 X lO”* at S93®C. 


Atisteni- 
tised H 
Hr at 
Deg.C. 

A.S.T.M. 

Grain 

Size 

Grain- 
bound- 
ary 
Area, 
Sq. Mm. 
per Cu. 
Mm. 

Reaction Temperature 

690®C. 

S93®C. 


N, 

N. 


iV*. 

Ns 

800 

7 

76 

87 

17.2 

0.23 

2.x 

3.8 X 10* 

0.50 X 10* 

875 

5 

3S 

504 

16 X IO-* 

4.2 X io-< 

2.4 

2.2 X 10* 

0.59 X 10* 

ZOOO j 

4 

27 

714 

3.8 X io-» 

1.4 X io‘* 

2.7 

1.4 X 10* 

0.51 X io» 

1100 

3 , 

19 

9S5 

1,1 X io-» 

0.56 X 10”* 

3.8 

0.36 X 10* 

0.19 X io» 

1200 

iH 

12 

1,170 

0.53 X iO-» 

0.44 X io“-« 

6.5 

0.041 X 10* 

i 

0.035 X 10* 


The effect of austenite heterogeneity 
upon the rate of nucleation may be studied 
also by varying the temperature of austen- 
itl^ng at ccmstant time. Such a study was 
performed on steel A; the reacti<m curves 
are ^own in Fig. 17, and the data are given 
in Ta^e 7. The temperature of austenitizing 
varied from Soo** to laQo^C.^ producing an 


after austeniti^g hr. at 8oo*^C. doubt- 
less originates in the effect of the undis- 

* Davenport and Bain" studied the effect of 
austenitising temperature upon the rate of 
transformation of a eutectoid steel at 675*^0. 
MehP has shown that the increase in grain size 
was znsufficieiat to account ior the observed 
decrease in reaction xate, in accord with the 
ffodings above. 
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solved carbide that was e\ident in a sample 
quenched to martensite; no carbide could 
be detected in samples austenitized at the 
higher temperatures, and the decrease in 


cur\'es are given in Fig. 18, and the data are 
listed in Table 7. It may be seen again that 
the different degrees of austenite hetero- 
geneity produce but a slight variation in 



Fig. 18. — Effect of austenitizing tesipeeattre upon rate of transformation of steel A 

AT 593°C. 

Grain azes and rates of nueleation calculated by n^thod 3 are in Table 7. Austenitizing treat- 
ments were hr. at temperatures given. 



Fig. 19. — Effect of deoxidation practice upon rates or transformation at 68o°C. of 
STEELS C{C.G.) AND D(F.G.) AT CONSTANT GRAIN SIZE, No. 3. 

Rates of nueleation calculated by method 3 appear in Table 4. 


N, with temperature of austenitizing 
increa^g beyond 875° is doubtless the 
result of the progressive elimination of 
carbon concentration gradients. In con- 
trast to G, it is dear, therefore, that Nm is 
markedly structure-sensUhe, 

Similar studies were made employing 
identical austenitizing treatments but with 
leactioii to pearllte at S93®C. The reaction 


the reaction rate and in N, at this lower 
temperature. 

Effect of DeoxidaHon PracHce upen N , — 
It has frequently been assumed that the 
products of furnace, ladle, or ingot deojdda- 
tion of steel may act as nuclei and thus 
ai^Meciably alter the rate of reaction at the 
knee of the S-curve and the OHrrelated 
depth ol bajnkningA There can be no quea- 
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tion that some deoxidation products do 
opverate as active nuclei, for nodules of 
fine pearlite have been observed to form at 
such particles, producing a variety of 



UPON RATES OF TRANSFORMATION OF STEELS C 
AND D AT 593“C. 

A.S.T.M, grain size No. 4 in both steels. 
Rates of nucleation calculated by method 3 are 
listed in Table 8. 

general nudeation.* The question remains, 
however, as to whether these partides alter 
the rate of reaction enough to give a 
measurable difference in depth of hardening. 

It is not an easy matter to produce an 
answer to this question by the examination 
of a series of commercial steels even though 
the full heat and deoxidation history of the 


in the state of austenite heterogeneity can 
produce variations in rate of reaction and in 
depth of hardening masking the effect 
sought. In \iew of this, steels C and D were 
selected as most suited for the analysis. 

As stated, steels C and D were made 
from the same heat, one part deoxidized 
with aluminum, steel D, yielding a nomi- 
nally fine-grained steel, and one part not, 
steel C, providing a nominally coarse- 
grained steel. These two steels were austen- 
itized to the same grain size, producing in 
both cases austenite of a high degree of 
homogeneity, and reacted at 68o°C. The 
reaction curves are given in Fig. 19, and 
the data are listed in Table 4. The iso- 
thermal reaction rate curves are but little 
affected, and, correspondingly, the values 
of iV, differ but slightly: The value of iV', is 
3.6 times greater in the aluminum-deoxi- 
dized steel that had been the more thor- 
oughly austenitized and, consequently, the 
effect of deoxidation products in increasing 
iV, seems real, though it is small. In similar 
studies at a reaction temperature of S93°C., 
steel D was still faster in reacting than C, 
but the rates of nucleation differed only by 
a factor of two. The reaction curves are 


Table 8 . — Rate Data on Steels C and I> at 593°C. 

Pretreatment: Annealed one hoiir at 970® C. Pumace-cooled. Rate of growth, G = 12.5 X lO”* mm. per 
second. 


steel 

Austenized 

A.S.T.M. 
Grain Size 

Grain-bound- 
ary Area, Sq. 
Mm. p&r Cu. 
Mm. 

Time of $0 Per 
Cent Reaction, 
t».s Sec. 

Rate of Nude- 1 
ation per Cu. 
Mm. of Vol- 
ume, Nw 

Rate of Nucle- 
ation per Sq. 
Mm. of Grain 
boundary Area 
N, 

c 

900 

4 

27 

2.3 

1 . 2 X 10* 

440 

0 i 

ifOOS 

4 

27 

r.S> 

2.6 X 10^ 

950 


samples be known, for commercial steels 
contain very sq^reciabie quantities of re- 
sidual aBo3dng elements, nidtel, chromium 
etc., about which information is nearly 
always iaddng, yet which can have a 
measurable effect up<Mi the rate of reactimi 
and upon the depth of hardening; further- 
more, c^Momerdal steels vary martediy in 
r^ponse to austenitiaing and a diiitoGnoe 


plotted in Fig. 20, and the data are given 
in Table 8. 

Summary 

I. Methods are given by the use of 
which: (o) the rate of growth of pearlite 
nodules from austenite may be measured 
and (h) the rate df nudeaticn of pearlite 
nodules from austemte may be measured 
dllber pceasd^ m 
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2. Rates of growth and rates of nuclea- 
tion were determined for a series of 10 
steels, over a range of temperatures and for 
different degrees of austenite heterogeneity. 

3. It is show’n that the rate of growth 
remains constant with time during iso- 
thermal transformation; the rate of 
nucleation increases, 

4. It is demonstrated that the rate of 
growth is insensitive to variations in 
austenite grain size and the degree of 
austenite heterogeneity; it is shown that 
the rate of nucleation is very sensitive to 
like variations. 

5. It is observed that the products of 
deoxidation with aluminum exercise a ver>’ 
minor effect upon the rate of nucleation 
per unit grain-boundary area. 

6. The effect of austenite heterogeneity 
upon the rate of transformation and upon 
the rate of nudeation is found to be far 
more marked at high reaction temperatures 
than at temperatures near the knee of the 
S-curve. 

7. The interest these results bear to 
commercial heat-tre atment is discussed. 
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DISCUSSION 

(A, B, pr€sid*m^) 

G. A. Roberts,* Pittsburgh, Pa. — Duriag 
the course ai the investigation reported in tins 
paper, the question arose as to the nature o£ the 
slight shift the rate of ntfecleation per unit 
grain-boundary area (iV«) with increasing times 
of austenitiaing at any om temperature. The 
authors eliminated the effect of grain-sise 
changes in thdr amsideration of the part 
played by austenite heterogendities In changing 
the rate of nudeatiem at suhcritical tesqiera- 
tures by dividing the rate of nuc&eatkxi per unit 
volume (4V,) by the grain-boandary area to 
obtjdn the rate of xmekatkm per uoit graiu- 
boundary area (i\r«). The data presoated thorn 
that this quantity (i^,) drifts amsideraidy with 

** Vanadittm- Alloys Steel Comp an y Oradaate 
Fellow, Carnegie Imttitiile of Te rd ta b k cr- 
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time of austenitizing when carbides are visible 
and continues to shift even when carbon con- 
centration gradients are active. It is postulated 
that perfect homogeneit}’ would require .V, to 
remain constant, but this w’ould be true only 
if there is no tendency for the grain comers 
(points of intersection of more than two grains) 
to be more active than the grain boundaries in 
producing pearlite nuclei. If this were true, a 
slight shift in the rate of nucleation per unit 
grain-boundary area (A",) would be expected, 
for the number of comers per total grain- 
boundary area w’ould decrease as the grain size 
is increased (corresponding to an increase in 
austenitizing time). 

In order not to overlook this possibility, I 
have recently completed a study on numerous 
gradient quenched samples of commercial plain 
carbon steels of the type used in this paper and 
on several samples of high-purity iron-carbon 
alloys kindly supplied by Mr. T. G. Digges, of 
the National Bureau of Standards. The results 
of this investigation show that the shift in the 
rate of nucleation per unit grain-boundary area 
(Nm) reported by Messrs. Hull, Colton and 
Mehl cannot be explained away on a basis of 
grain-corner nucleation. A statistical study re- 
veals that the comers act very similarly to the 
boundaries in nucleating pearlite, and that on 
the average the largest nodules (ones that w^ere 
nucleated first) will be found without preference 
around the grain. It is clear, therefore, that the 
methods used to eliminate grain-size changes 
throughout the papers on this subject can be 
applied without fear of introducing compli- 
cating variable. 

W. A. Johnson,* E. Pittsburgh, Pa. — ^The 
authors have mentioned several possible meth- 
ods for measuring the rate of nucleation; they 
have also suggested that an average constant 
value of the rate of nucleation is much more 
easOy measured and probably will suffice in 
most applications. I should like to suggest still 
another way in which information concerning 
the nucleation rate may be obtained. 

Several years ago Austin and Rickett®* de- 
scribed the use of “autocatalytic” and ** proba- 
bility ” graph paper for {dotting reaction curves 
portraying the rate ol transformation of austaai- 

* Westinghouse Research Laboratories* 

»»J. B. Austin and R. L. Rickett: Tratu. 
A,LM.E* (1939) 135, 3P8. 


ite. The fact that reaction curves plot approxi- 
mately as straight lines on either of these tj’pes 
of graph makes them useful for interpolating 
and for estimating the accuracy of the data. 
Unfortunately, the fact that there is no basis 
in theor>" for either of these types of plot 
severely limits their usefulness. 

An examination of the various nucleation 
curves shown in the paper indicates that they 
are represented with fair accuracy by an equa- 
tion of the form A" = Ay*. Emplo>ing such an 
expression for JV and taking advantage of the 
observed fact that G is constant, a reaction 
equation for transformation by general nucle- 
ation may be derived easily;® it is 

(f) = I — exp. 

r 1 , , 

L {x + iKx + 2)(x^3K^-h4)i 

Transposing and taking logarithms twice, we 
obtain 

81GW. 

'°®(* + l)(;r + 2)(» + 3)(» + 4) 

+ (4 + *) log i [2I 

Thus a straight line will result if the logarithm 
of the natural logarithm of the reciprocal of the 
fraction untransformed is plotted against the 
logarithm of time. 

It is possible, for convenience, to construct 
graph paper on the basis of Eq. 2 in such a way 
that w’e may plot directly percentage reaction 
versus time. Such paper will possess all the 
advantages of “probability” and “autocata- 
lytic” paper, and will in addition furnish a 
rapid means of determining the rate of nucle- 
ation as a function of time. 

A dilatometer reaction curve for steel B at 
68o°C., furnished by Dr. Hull, is shown plotted 
on this type of grajffi paper in Fig. 21. It is clear 
that the data fall rather accurately along a 
straight line. The deviation of the data at the 
beginning of the reaction is in reality small — 
the plot is greatly extended at the ends — and 
is well within experimental error. Comparing 
the measured slope erf this line, 4.27, with its 
theoretical value erf (4 4- *), x is found to be 
a 27, From the lateral position erf the line, Nm is 
found to be a.011. Thus the rate of mideation 
is if = per cu. mm, per sec. This 

equatiem yidds a rate ol nuckataon erf ao54 
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nuclei per cu. mm. per sec. at the time corre- cant. It is hoped that future workers in this 
spending to 50 per cent reaction, which may be held will test this type of plot and determine 
compared with an azrrj^t' rate of nucleation. its usefulness. 



TIME IN SECONDS — LOG SCALE 

Fig. 21.— Isothermal dilatometric tilinsporm-ktiox cur\'e tor steel B plotted on ‘‘reac- 


tion"’ gr.\ph paper. 

Sample was austenitized 30 minutes at S75“C. 


and reacted at 68o°C. 


based on the time for half reaction, of 0.034 
nuclei per cu. mm. per sec. 

No nucleation curv'e is given in the paper for 
this steel at the same temperature. However, 
all the nucleation curves given have about the 
same shape, and it is rather disturbing to note 
that all the published curves are concave up- 
ward, while the curve determined by the 
equation A” = is concave downward. 

Unfortunately, only this one reaction curve has 
been plotted in this new' way, so that it is not 
cert^ whether the anomalous result is signifi- 


F. C. Hull (author’s reply).— The authors 
are grateful to Mr. Roberts for providing the 
answer to a troublesome question. Because of 
the lack of definite information on the subject^ 
they had been forced to assume that nucleation 
at grain-boundar\' edges and corners could be 
neglected in comparison with nucleation on the 
grain-boundary surfaces. Fortunately, this as- 
sumption has been justified by the investigation 
reported by Mr. Roberts. 

Experimental difficulties limit direct meas- 
urements of the rate of nucleation to small 
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amounts of transformation. Dr. Johnson has 
now given an indirect method for estimating 
the variation of rate of nucleation with time 
for a considerable portion of the reaction. It 
appears that though W continues to increase 
with time, the rate of increase becomes much 


less than the initial rate. !Many of the experi- 
mental curves for T versus time show a tend- 
ency to become concave downward after a 
short period of time, indicating that if measure- 
ments could be made at longer times, the curves 
might have the shape found by Dr. Johnson. 



Lattice Relationships in Decomposition of Austenite to Pearlite, 

Bainite, and Martensite 

By G. V. SxnxH,* Txjnior MEitSER. axd R. F. MEHX,t Meicber A.I.M.E. 


(Xew York Meeting, 

The decomposition of austenite in 
steels, because of its immense practical 
importance, has been subjected to extensive 
study in recent years from the point of 
\’iew of the mechanism of the process.^"* 
Although much information has been 
acquired, a number of questions, princi- 
pally of theoretical interest, remain. One 
is that of the atomic-cr>*stallographic 
mechanism by which each of the various 
reaction products forms. 

The isothermal reaction products of the 
eutectoid decomposition in plain carbon 
steels (to which this study is restricted'^ 
have conveniently been classified in three 
general groupings — ^pearlite, bainite, and 
martensite. Of these several products, 
pearlite and martensite have been studied 
extensively, but bainite has received only 
scant attention. As a result, the mechanism 
of the formation of pearlite and that of 
martensite are now fairly well understood 
while a great deal of uncertainty exists 
regarding bainite. 

Pearlite 

Pearlite forms from austenite by the 
precipitation of alternate platelets of 
cementite and ferrite, which grow into the 

This paper is part of a thesis presented G. V, 
Smith to the graduate committee of ^ the Carneme 
Institute of Technology in partial fulfillment of the 
requirements for the degree of Doctor of Science. 
Manuscript received at the office of the In^itute 
Dec. I, 1941. Issued as T.P. I4S9 Metals Tech- 
nology. April 194^* 

♦Research Laboratory, L. S. Steel Con>oration. 
Kearny, X. J, ^ j -n 

t Director Metals Research Laboratory and Pro- 
fessor of Metallurgy. Carnegie Institute of Tech- 
nology. Pittsburgh, Fa. 

» References are at the end of the paper. 
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austenite matrix. The rate of reaction 
may be described in terms of a rate of 
nucleation and a rate of growth.*-* 

Alehl and Smith® have attempted to 
determine the lattice relationships existing 
between the ferrite in pearlite and the 
parent austenite. Using a pole-figure 
method of analysis, it was found that a 
limited number of ferrite orientations re- 
sulted from the decomposition of a single 
grain of austenite; it w*as not possible, 
however, to decide between two assumed 
ideal relationships, both of w'hich appeared 
to account for the experimental!}' deter- 
mined pole figure. It was definitely shown, 
however, that the relationship obtaining 
was quite different from that determined 
for the proeutectoid separation of ferrite." 
No attempt was made to determine the 
habit plane (matrix plane to which the 
precipitate lies parallel) of the pearlite 
Lamellae. 

Belaiew^ earlier had stated that the num- 
ber of directions assumed by the pearlite 
lamellae in a single grain of austenite was 
12 (no details were given) and concluded 
wrongly, as Mehi and Smith^ have pointed 
out. that the lamellae delineate the {210I 
planes of ferrite.* 

Martensite 

It is known that martensite is a transi- 
tional constituent of body-centered tetrag- 
onal lattice,® and that it forms suddenly 

• Belaiew assumed, too, the pearlite lamellae 
to be parallel to the lattice planes of ferrite 
rather than austenite. 
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by shearing movements^® (requiring no 
concentration changes) when austenite is 
cooled through a certain temperature 
region.^^ 

Kurdjumow and Sachs, using a pole- 
figure method of anal^'sis, determined the 
lattice relationship existing between aus- 
tenite and the tetragonal martensite formed 
on quenching a 1.4 per cent carbon steel. 
An assumed ideal relationship 

\lll\y^\llO}a 

[lIo]^^[lIl] a 

was found to fit the experimentally deter- 
mined pole figure remarkably well.* 

Kurdjumow and Sachs made no attempt 
to determine the habit plane but assumed it 
to be the conjugate plane, {iiiIy, of the 
lattice relationship cited above, and at- 
tempted to depict the atomic movements 
that must occur in the martensite trans- 
formation; this assumption appears now to 
have been in error, and the derived atom 
movements therefore not real. 

Mehl, Barrett and Smith^ made fre- 
quency counts of the martensite plate 
directions in several steels (including one of 
eutectoid composition) in a brief attempt 
to determine the habit plane of martensite. 
Although there was a great deal of scatter, 
the traces tended to group themselves in a 
maximum number of four, and this was 
taken as an indication that the martensite 
habit plane was the octahedral austenite 
plane. Greninger and Troiano,^® in a recent 
and more thorough study, have showm that 
martensite does not delineate the octa- 
hedral planes of austenite, but, rather, an 
irrational one. 

Nishiyami^* has reported that the orien- 
tation relationship existing between the 
martensite-like constituent that forms in 


* Mehl, Barrett and Smiths determined that 
the lattice relationship with respect to austenite 
of proeutectoid ferrite was in accordance with 
the same ideal relationship. Belaiew^* earlier 
had shown the habit plane of proeutectoid 
ferrite to be I111I7. 


an iron-nickel alloy of 30 per cent nickel 
and the original austenite is in accordance 


with: 


Jill 


More recently, Wassermann^® has con- 
firmed the Kurdjumow’-Sachs relationship 
for martensite in steel and the Nishiyami 
relationship for the transformation product 
in iron-nickel alloys. It should be pointed 
out that the difference in orientations re- 
sulting from the two mechanisms is only 
about 5°. The Kurdjumow-Sachs relation- 
ship, how’ever, leads to 24 final orientations 
from a single austenite grain, w'hereas 
the Nishiyami relationship gives but 12 
orientations. 

In further studies of iron-nickel alloys, 
Mehl and Derge^® found the actual relation- 
ship to be dependent upon the temperature 
at w’hich transformation takes place — at 
high temperatures (24o®C.) the Kurdju- 
mow’-Sachs relationship obtained and at 
subzero temperatures, the Nishiyami; at 
intermediate temperatures both relation- 
ships wrere observed. 

Greninger and Troiano^^ recently have 
determined the orientation relationship 
existing between austenite and the mar- 
tensite-like product that forms in an iron- 
nickel-carbon alloy with 22 per cent nickel 
and 0.8 per cent carbon. The relationship 
was found to be about midway betwreen the 
Kurdjumow’-Sachs and the Nishiyami 
relationships. 

To evaluate the atomic movements that 
occur in the formation of martensite, 
Greninger and Troiano analyzed the relief 
produced on a polished surface during the 
formation of martensite. It was concluded 
that a martensite plate is formed through 
the operation of two homogeneous shears, 
the first along an irrational plane of the 
matrix lattice (which is the habit plane of 
the martensite plate) and the second along 
a low-index plane of the martensite lattice, 
accompanied by a small dimensional 
readjustment. 



G, V. SillTH AND R. F. MEHL 


The lattice relationship of martensite 
with respect to austenite in a eutectoid 
steel has not been reported. 

Bainite 

Bainite is the name given to the struc- 
ture or structures that form on isothermal 
transformation at temperatures inter- 
mediate between the pearlite and the 
martensite temperature ranges. 

Davenport and Bain,^ w'ho first fully 
described these structures, suggested that 
in the formation of these intermediate 
structures there is a tendency for “the 
allotropic change to sweep across a grain 
ahead of carbide separation," the carbide 
separating as particles — not lamellae. 

Reasoning from the extrapolation of the 
cur\’e of interlameliar spacing of pearlite 
versus temperature it has been proposed 
that bainite is nucleated by ferrite.* 

Greninger and Troiano^® have deter- 
mined the habit plane of bainite when 
formed at \'arious temperatures, finding a 
continuous variation in this plane with 
temperature. Except for bainite formed at 
45o®C., which was found to be octahedral 
in habit, the habit plane vras irrational. 

Experimental Procedure 

In order to furnish further information 
upon the atomic-ciystallographic relation- 
ships existing between austenite and its 
reaction products, experimental studies 
were undertaken to determine: (i) the 
orientation relationships between ferrite in 
bainite and the parent austenite, and be- 
tween martensite and the parent austenite; 
{2) the composition or habit plane in 
bainite and martensite (in confirmation of 
ref. 13); (3) the orientation relationships 
between ferrite in pearlite and the parent 
austenite (in confirmation and extension of 

* See reference 2 for complete argument. 
The distinction made there between “upper” 
and “lower” bainite is probably not valid, nor 
does the argument appear now to be a strong 
one. 


ref. 6's and, !4' the composition or habit 
plane in pearlite. 

Makridls and Treatment 

The steel used was a commercial steel of 
approximately eutectoid composition; 0.7S 
per cent carbon, 0.63 per cent manganese. 
0.014 per cent phosphorus, 0.03 per cent 
sulphur, and o.iS per cent silicon. 

Large austenite grains, which are neces- 
sary’ for the study of orientation relation- 
ships, were obtained by heating to an 
elevated temperature for a sufficiently 
long time. It was found that 2-hr. heating 
at a temperature of i35o~C. sufficed to 
produce the desired large grains s.^i-in. 
diameter ’. To avoid decarburization, heat- 
ing was carried out in an atmosphere of 
purified nitrogen at a pressure of about 
10 in. of mercury’. The specimens, by 
^4 hy ^2 in., were cooled to Q5o°C. and 
quenched in lead or salt baths, held at 
constant temperature, and allowed to 
remain until completion of the reaction. 
The times necessary' for completion were 
determined by metaDographic examination 
and were found to be comparable with 
those given by the published S-cur\’e. One 
specimen w’as allowed to transform to 
coarse pearlite by cooling in the furnace. 

A nalysis of Orkniation 

The determination of the lattice rela- 
tionship in the eutectoid decomposition of 
austenite is beset with certain difficulties: 
first, with respect to the determination of 
the orientation of the parent cry’stal; and, 
second, wfith the respect to the determina- 
tion of the orientations of the resultant 
products. The parent solid solution cannot 
be retained unchanged at room temperature 
to permit determination of its orientation, 
for, if transformation at constant tempera- 
ture is only partial, martensite is formed in 
the final cooling (which would introduce 
added complexity). The determination of 
the orientation of an austenite grain at a 
temperature within the austenite range is 
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extremely difliciilt. For these reasons, an 
X-ray determination of the orientation of 
the parent austenite is not feasible, and 
indirect methods must be used. The prod- 
ucts of austenite decomposition, the 
orientations of which are desired, are dis- 
tributed in such a finely dispersed state as 
to preclude, or to render very difficult, the 
determination of the orientation of indi- 
vidual particles. 

Two slightly different methods, depend- 
ing upon the reaction product formed, were 
used for the determination of the orienta- 
tion of the original austenite grain, WTien 
the product of transformation was bainite 
or martensite, the orientation of the original 
austenite was determined by a measure- 
ment of the trace directions of twin bands 
which were present in the austenite grain, 
and which w'ere \isible in the reaction prod- 
uct owing to the Widmanstatten structure 
assumed by the precipitate. One or more of 
these bands, which delineate the octa- 
hedral, {ill}, planes of the austenite 
lattice,^® were traced on tw’o polished and 
etched surfaces, and plotted stereograph- 
ically to obtain one or more {iii} poles 
of the austenite lattice. This information 
when used in conjunction with trace normal 
measurement of other '‘twin bands” on 
only one surface gave the orientation of 
the original austenite grain with an ac- 
curacy estimated to be approximately i®. 

In specimens completely transformed to 
pearlite, no indication of austenite twin 
bands could be seen upon metallographic 
examination, and for this reason it was 
necessar>>^ to develop a variant of the 
former method. It was foimd that heating 
in the purified nitrogen atmosphere caused 
an etching of the surfaces, which outlined 
both the austenite grain boundaries and the 
twin bands; this etch was preserved by 
cooling to room temperature in the 
fiimace, as with the coarse pearlite speci- 
men, or (less effectively) by rapid cooling 
in salt after transformation. Measurement 
of the twin directions as described above 


gave the orientation of the original austen- 
ite grain. 

The only method available for the deter- 
mination of the lattice relationship existing 
betwreen austenite and its reaction products, 
pearlite, bainite and martensite, is that of 
the X-ray pole figure, and accordingly this 
method of analysis was used.* For a pole- 
figure analysis, the specimen is oriented 
wdth respect to the primary X-ray beam in 
a number of positions sufficient to allow 
reflections to occur from crystals of any 
possible orientation wdthin the specimen. A 
stereographic plot is made of the reflections 
from a particular family of planes to show 
the distribution of the orientations present 
within the specimen. f 

White radiation from a tungsten-target 
X-ray tube (of the Coolidge type) operated 
at 37 kv. and lo ma. was used. Transmis- 
sion Laue exposures w^ere taken at intervals 
of lo® through a total angle of ±60°. 
Exposure times varied 8 to 12 hr. Pole 
figures w'ere prepared for the {no} 
ferrite planes; no attempt was made 
to determine the cementite orientations. 
(Comments on this latter point will appear 
later.) 

The habit plane of the various reaction 
products was determined stereographically 
by measurement of the trace directions on a 
single surface of polish of completely 
reacted specimens, the orientations of 

* Greninger and Troiano^^ have successfully 
determined by X-ray diffraction methods the 
orientation of a single martensite plate formed 
in an Fe-Ni-C alloy. The martensite in this 
alloy forms in sufficiently large plates to per- 
mit such a determination; this is not true of 
the reaction products of plain carbon steel. 

t The pole-figure method of evaluating 
lattice relationships is subject to certain limi- 
tations, depending upon the exactness and 
precision of the orientation relationship. 
Single spots or regions on the X-ray photogram 
are caused by diffraction from a number of 
separated crystal units, and may be interpreted 
erroneously if the scatter is sufficiently great; 
the reflections from groups of crystals that 
differ in orientation by only a few degrees may 
appear on the X-ray film to have risen from 
one group of crystals of which the orientation 
is a mean of the actual orientations. 
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which had been determined for the pole- 
figure studies. 

Experimental Results 
Lattice Relationships 
Bainite 

Bainite Formed by Isothermal Trans^ 
formation at 45o^C. — The time necessar>’ 
for completion of reaction in a single cr>’stal 
of austenite quenched to 4So“C. was found 
to be less than 1^2 ^nin. Because of the size 
of the specimens and of the short time 
necessary’ for transformation, it is probable 
that the specimen did not react isother- 
mally at the bath temperature; this, how- 
ever, in dew of the results as a whole, is 
relatively unimportant. ^letallographic ex- 
amination failed to reveal any nodular 
pearlite; the results of the pole-figure 
analysis likewise indicate that no pearlite 
was present (pearlite will be shown to have 
an entirely different relationship) for all 
the diffraction spots were accounted for by 
one orientation relationship. 

The results of the pole-figure analysb, 
after rotation into one quadrant of the 
stereographic projection to concentrate the 
data, are shown in Fig. i. The three comers 
of the quadrant represent the cube, [100], 
directions in the original austenite. The 
triangles give the positions of the ferrite 
{iiol poles required by the ideal lattice- 
orientation relationship proposed by Nishi- 
yami, cited. The lines represent the 
observed reflections. It is felt that the 
experimental observ^ations agree more 
closely with this relationship than mth the 
Kurdjumow-Sachs relationship (which is 
the only other simple ideal relationship that 
approximates the observ'ed orientations). 

In order to provide stronger eddence, 
several X-ray exposures were taken with 
the specimen oriented with respect to the 
incident beam in such a manner that the 
reflection circles passed through the region 
shown in Fig. 2 (the reflection circles 
limiting the region investigated are showm 


^15 

as dashed arcs*. In the diagram, the ferrite 
iiioj reflections resulting from the Xishi- 
yami relationship are shown as triangles 
and those from the Kurdjumow-Sachs 


Fig. I. — One qc.adrant of ferrite (iioj 

POLE FIGURE FOR B.\INITE FORMED BY TR.\NS- 
FORM\TION AT 450' C. 

Triangles represent positions of ‘iioj poles 
for Xishiyami relationship. Lines represent 
observ’ed reflections. 

relationship by circles. With the specimen 
oriented in this manner, four diffraction 
spots should be observ'ed if the Xishiyami 
relationship is fulfilled and five should be 
obser\’ed if the Kurdjumow-Sachs relation- 
ship is fulfilled. Fig. 3 is a reproduction of 
an X-ray photogram, w'hich show's only 
four spots (bracketed) for the 45o°C. 
specimen when oriented in the manner 
described, thus confirming the Xishiyami 
relationship. The reflections from several 
such photograms taken at intervals of 2" 
are plotted as full lines in Fig. 2. 

Bainite Formed by Isothermal Trans- 
formation at — Single-cr>'stal speci- 

mens held for 5 min. at 350^0. were not 
completely transformed, but 10 min, was 
sufladent for completion of the reaction. 

One quadrant of the pole figure deter- 
mined for the i no j ferrite planes is shown 
in Fig. 4. Here again the triangles, repre- 
senting the required positions for the 
Xishiyami relationship, appear best to fit 
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the experimental data. The amount of 
scatter appears to be somewhat less than 
for the product formed at 45 o°C. 



Fig. 2 . — {no} ferrite reflections for 

450°C, BAINITE IN REGION LIMITED BY DASHED 
ARCS OF CIRCLES. 

Triangles give positions of {no} poles for 
Nishiyami relationship and circles for Kurd- 
jumow-Sachs relationship. Lines represent 
observed reflections. 



POLE FIGURE FOR BAINITE FORMED BY TRANS- 
FORMATION AT 35o°C. 

Triangles represent positions of {no} poles 
for Nishiyami relationship. Lines represent 
observed reflections. 

X-ray exposures taken at particular 
settings, as described, showed four spots, 
Fig, 5, to confirm the Nishiyami relation- 


ship. The configuration of the X-ray photo- 
gram is identical with that for the 45o®C. 
specimen, which is an indication that the 



BAINITE. 

Innermost streaks are {no} ferrite. 



BAINITE. 

orientation relationship with respect to 
austenite is the same in the two instances. 

Bainiie Formed by Isoihermd Trans- 
Jormation ai 25 o®C. — ^The time necessary 





G. V. SMITH AND R. F. MEHL 


for completion of reaction at 25o"C. was 
approximately ijo hours. 

One quadrant of the experimentally 



Fig. 6. — One qu.ujilvxt op ferrite ;iio| 

POLE FIGURE FOR BAIXITE FORMED BY XR.VX5- 
FORMATION AT 250“C. 

Circles represent positions of JiioS poles 
for Kurdjumow-Sachs relationship. Lines repre- 
sent observed reflections. 



Fig. S. — OxE qu.\dr\nt of |iioi ilultexstte 

POLE FIGURE. 

Circles represent positions of JiioJ poles 
for Kurdjumow-Sachs relationslup. Lines repre- 
sent observ’ed reflections. 

determined pole figure is shown in Fig. 6; 
the circles give the positions of the jiiol 
ferrite reflections demanded by the Kurdju- 
mow-Sachs relationship. This relationship 


appears to fit the observations best, as 
shown more con^cingly by the X-ray 
photogram of Fig. 7, vnth the specimen 



oriented as in the earlier instances. Five 
distinct streaks are e\ndent. 



^Iartensite 

The specimen used for the analysis of 
orientations in martensite was quenched in 
oil. Some concern was felt as to w hether the 
tetragonal lattice of martensite would 
still be present after the grinding and 
polishing performed to reduce the thick- 
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ness of the specimen so that transmission ation in intensity of individual streaks A 
Laue photograms might be prepared. An ' t5^ical photogram is reproduced in Fig 
oscillation photogram with cobalt Ka ' ii. It seems certain that many of these 
radiation, however, revealed the presence streaks were caused by difFraction from 



Fig. io. — Represent attv'e photomicrograph 

of COARSE PEARLITE. PiCRAL ETCH. X 150O. 


of a tetragonal lattice of axial ratio 
- = 1.032. (According to the investigations 

(i> 

of Hagg,^® the axial ratio of martensite in a 
steel of 0.80 per cent carbon should be 
I-035-) 

One quadrant of the experimentally 
determined pole figure is shown in Fig. 8. 
The circles, representing the Kurdjumow- 
Sachs relationship, appear to fit the obser- 
vations satisfactorily. X-ray exposures 
taken at definite positions showed five 
streaks (Fig. 9). 

Pearlite 

Pearlite Formed by Cooling in Furnace — 
Coarse Pearlite . — ^A photomicrograph repre- 
sentative of the pearlite structure obtained 
by cooling in the furnace is shown in Fig. 
10. Apart from orientation differences, the 
X-ray photograms differed from those of 
bainite and of martensite by a greater vari- 



cementite (see below). It was found, more- 
over, that in contrast with bainite and 
martensite, movement of the specimen in 
its own plane caused changes in the relative 
intensities of the streaks — occasionally new’ 
streaks appeared or old ones disappeared. 
This seems to indicate that a region of 
ferrite of a single orientation is greater 
in size than for the lower-temperature 
products. The reflections were sharper than 
those obtained by Mehl and Smith.® 

All of these streaks, whether weak or 
intense, were plotted in a pole figure, one 
quadrant of which is shown in Fig. 12. 
(It will be shown that it is almost impossi- 
ble to distinguish between reflections from 
a number of families of cementite planes 
and reflections from the ferrite {110} 
planes.) The circles and triangles of the plot 
give the positions of the {no} ferrite poles 
resulting from the two ideal relationships 
previously proposed.® The circles are for 

the relationship: and the 

triangles for the relationship: 
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lS2l]y^{SS^}^ 
[33117/' [3 2 1]« 


Owing to the scatter in the data, it is 
difficult to decide between the two rela- 



Fig. 12. — One quadrant of jiioj ferrite 

POLE FIGURE FOR PE.ARLITE FORMED IK FUR- 
NACE COOLING. 

Circles and triangles show jirol positions 
resulting from two ideal relationships given in 
text. 

tionships, though the results app>ear slightly 
to favor the relationship represented by the 
circles. It was observed that in general the 
most intense diffraction streaks, when 
plotted on the projection, fell at positions 
near the circles of the diagram, and that 
the streaks weak in intensity plotted to 
other positions. 

Fearliie Formed by Transformation at 
5So°C . — Fine Fearliie . — ^It was felt desir- 
able to study both coarse and fine pearlite 
(whereas ]Mehl and Smith* had studied 
only the former) in order that the cr>’stal- 
lographic data for pearlite might be made 
more complete. 

The pearlite employed was relatively 
fine, formed by reaction at 580° C. for 
45 sec., a time sufficient to permit complete 
transformation. Metallographic examina- 
tion at 2500 diameters revealed that 5 to 
10 per cent of the surface area was com- 
posed of resolvable pearlite. Undoubtedly, 
owing to the size of the specimen and the 


rapid reaction rate, the specimen did 
not transform isothermaOy at the bath 
temperature. 

The X-ray photograms of this specimen 



showed the streaks to be much more 
diffuse in appearance than for any of the 
earlier specimens. A t\’pical photogram is 
showm in Fig. 13. One quadrant of a 
Jiioja pole figure plotted to one degree of 
intensity (the stronger of two estimated 
degrees) is shown in Fig. 14; the circles 
and triangles represent the same relation- 
ships as plotted in Fig. 12. The results 
again appear to be in better agreement 
with the relationship represented by the 
circles than with that represented by the 
triangles. 

Disposition of the Cementite 

A determination of the orientations of 
the cementite in the various reaction 
products with respect to the parent phase 
would be welcome, for it would complete 
the cr\’stallographic information for these 
transformations. Cementite exists in pcarl- 
ite as alternate lamellae separated by 
ferrite, and in tempered martensite as 
discrete particles or globules, but some 
confusion exists as to its mode of distribu- 
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tion in the bainites; it would likewise be 
pleasant to have further light upon this 
latter point. 

The experimental determination of the 



Fig. 14. — One qu.\dil\nt of {110} ferrite 

POLE FIGURE FOR FINE PE.\RLITE. 

Circles and triangles show {iioj positions 
resulting from two ideal relationships given in 
in text. 

cementite orientation relationships by 
X-ray diffraction methods is difficult, and 
the authors’ efforts in this direction were 
not successful. It is to be expected that the 
reflections from the cementite of a eutec- 
toid steel should be somewhat less intense 
than those of ferrite because of the small 
structure amplitude of the carbon atom 
(compared to iron), the complexity of the 
orthorhombic cementite lattice, and be- 
cause cementite occupies less volume in the 
reacted steel than does ferrite. ^loreover, 
consideration of the possible cementite 
reflections that may occur reveals a multi- 
plicit\% with many of the reflections coinci- 
dent with reflections of ferrite, Hendricks®® 
has observed, for example, that strong 
reflections from a cementite crystal oc- 
curred at d values (interplanar spacings) of 
1.97, 2.01, 2.03, 2.06, and 2.10A.; the d 
value for {iroj ferrite is 2.02. In pole- 
figure work, it is almost impossible to 
distinguish (except possibly in intensity) 


between diffraction streaks from ferrite 
{iioj planes and those from a number of 
cementite planes. 

In the 'work described in the preceding 
section, it w^as found that all of the diffrac- 
tion streaks on the X-ray photograms of 
bainite could be accounted for by reflection 
from ferrite; the coarse pearlite, however, 
provided some streaks that might have 
originated from cementite. Such e\ndence 
may be found in the X-ray photogram of 
Fig. II ; the inner reflection circle, {no}, 
shows a slight difference in the position of 
the absorption edge (the sharp intensity 
change) on the various streaks. This 
beha'vior was observed in a number of 
photograms for this sample (and to a some- 
what less pronounced degree in the fine 
pearlite specimen), but it was not observed 
in any of the photograms of bainite or 
martensite. A difference in absorption 
edge of this sort can be caused by diffrac- 
tion from more than one lattice or by 
a large “grain size” in the specimen (two 
crj’stals of like orientation separated by a 
slight distance may reflect to different 
positions). The latter possibility seems 
unlikely in view of the fineness of the struc- 
ture. More convincing proof that this 
possibility can be excluded was obtained 
by moving the specimen in its own plane to 
find that the displaced absorption edges 
still occurred. This observation, it is felt, 
offers rather strong proof that cementite 
reflections of sufficient intensity to be 
■visible on the X-ray photogram — and 
thus render difficult the determination of 
the orientation relationship for the ferrite 
— did occur in the pearlite specimen. 

If it is accepted that cementite reflections 
are observed in X-ray diffraction from 
pearHte, it is then reasonable to inquire 
wffiy they were not observed for bainite. 
Long exposures (48 hr. as compared to the 
usual S to 12 hr.) were made of all the 
samples (including pearlite and martensite) 
to determine whether the cementite reflec- 
tions might be observed in the photograms 
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of bainite and whether any new streaks 
might arise in the pearlite photograms, Xo 
new streaks were observ’ed for the pearlite 
but (Fig. 15) new streaks, much less intense 



Fig. 15. — ^X-R.\Y PHOTOGRAM FOR 45o'C. 

BAINITE. Exposure 4S hours. 

Note streaks of low intensity in region of 
ferrite {110} reflection circle. 

than the original ones, appeared for bainite: 
no new streaks appeared in the photograms 
of martensite. These new streaks from 
bainite exhibited about the same relative 
intensity for all the bainite specimens. 

The martensite specimen was tempered 
for i2-hr. periods at increasing tempera- 
tures in internals of 50" C. Some slight 
indication of the presence of low-intensity 
streaks was observed for tempering at 
2oo°C. Streaks were clearly e\'ident for 
tempering at 250^0., and were of the same 
relative intensity as those for the bainite 
specimens. It seems e\'ident that these low- 
intensity streaks must represent diffraction 
from the cementite in the various reaction 
products. 

The low intensity of cementite reflections 
in bainite and in tempered martensite is 
probably to be attributed to the difference 
in the mode of distribution of carbide in 
these structures compared with that in 
pearlite. A small particle size should cause a 
reduction in the intensity and sharpness of 
the diffraction streaks. The carbide present 


in the tempered martensite structure (for 
low tempering temperatures — up to 250'C.) 
must be in a veiy finely dispersed state. A 
high degree of dispersion of the cementite. 



M\RTENSITE STRUCTURES. 

then, might be said to be the reason for the 
low intensity of the cementite streaks in 
the tempered martensite, and since the 
intensities of the streaks for the bainites are 
comparable with those for the tempered 
martensite, and much less than those for 
pearlite. it is not unreasonable to conclude 
that the cementite in the bainite structures 
is in a fairly fine state of dispersion, much 
finer than that in pearlite and similar to 
that in tempered martensite. 

A finite and limited number of orienta- 
tions of cementite was found in each of the 
samples — coarse pearlite, bainite, and 
tempered martensite — ^as shoum by expo- 
sures taken with the specimen moved in 
its own plane. By comparison of the posi- 
tions of the streaks, it was determined that 
these orientations were identical for the 
45o"C. and 35o"C. bainite specimens and 
for the 250'C. bainite and the tempered 
martensite specimens. 

Orientation 

Bainite and Markmiie . — An average of 
some 10 to 15 measurements of each trace 
direction (the deviation from the average 
was ± 2® at the most and generally was less) 
was used for the evaluation of the habit 
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plane for each of the structures. The results 
are shown in the unit stereographic tri- 
angle of Fig. i6. They are in good agree- 
ment with those of Greninger and Troiano.^* 



Fig. 17. — Study of habit plane in pearlite. 

Large circles give positions of austenite { 100} 
poles; small open circles give positions of 
austenite I521I poles; small filled circles give 
positions of austenite {722} poles. Trace nor- 
mals are shown as dotted lines. Dotted circle 
represents angle subtended by range of pearlite 
spacing measured. 

Pearlite * — An attempt was made to 
determine the habit plane for pearlite by 
trace-normal studies. The pearlite used 
was formed on slow cooling. Only the fine 
straight lamellae were measured. In the 
plot of Fig. 17, the measured trace normals 
are shown as dotted lines on the stereo- 
graphic projection of the austemte matrix 
(whose cube poles are given by the large 
circles). Earlier investigations^*^* have sug- 
gested that the habit plane of proeutectoid 
cementite may be {521 or {722)7, and in 
view of the determined lattice relationships 
for ferrite in pearlite (which indicate 
cementite to nucleate pearlite — see dis- 
cussion below) the poles of these families of 
planes were plotted on the projection; 

* The authors are indebted to Mr. R. A. 
Colton, of the Metals Research Laboratory, 
for assistance in this analysis. 


!52t!7 poles are shown as small open 
circles, l722}.y poles by small filled circles. 

An attempt was made to limit the num- 
ber of poles involved in the solution by 
considering the angle subtended by the 
range of pearlite spacing used for measure- 
ments.* This angle was found to be 55*; 
it is plotted in Fig. 17 as a dotted circle 
concentric with the basic circle. 

Because 22 traces are involved, it appears 
that some 24-plane family is a solution. 
By combining adjacent traces it is possible 
to reduce the number of traces, but reduc- 
tion below 12 traces appears improbable. 
Many of the trace normals are satisfied 
by some pole of the { 521 } ^ family and some 
by a pole of the {722)7 family. It is not 
possible, though, because of the scatter, 
to say that the 24-plane family {521 is 
the habit plane of pearlite, because a 
great many other families of planes may 
have given similar solutions. 

Metallographic Observations Con- 
cerning Formation of Bainite 

A brief metallographic study was made 
in an attempt to decide whether the bainite 
structures form by a process of nucleation 
and growth or 'whether the plates spring 
full-formed from the matrix lattice as they 
do in the transformation to martensite. 
It is felt that the metallographic studies 
to be described provide proof that the 
bainite structures form by a nucleation and 
growth process at aU temperatures bet-ween 
that at which pearlite forms and that at 
which martensite forms. 

The steel used is the same as that for the 
earlier work. The austenitizing treatment 
consisted in holding for hr. at 900® C. 
Reaction was performed in a lead or salt 
bath and the specimens were quenched in 
water after holding for various times at the 
reaction temperature. 


♦ Since the pearlite was formed over a range 
of temperatures, this angle can be only an 
approximation. 
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The photomicrograph of Fig. iS illus- 
trates the characteristic feathery-like bain- 
ite that forms at temperatures immediately 
under the knee of the S-cur\’e. This struc- 


limited regions* a definite proof would 
require a statistical consideration of sizes 
on the plane of polish. 

This difiiculty is not encountered ^*ith 



Fig. iS. — Structure illustratixg progress or tr.\x 5 formation at495"C. Xitaletch. X 1500- 


ture was found in a specimen reacted at 
495®C. for 3 sec. Transformation is ven* 
rapid at this temperature — a specimen held 
for 8 sec. was completely transformed — and 
it is unlikely that the specimen reacted at 
this temperature; numerous nodules of 
pearlite were observ^ed. The characteristics 
of the structure shown in Fig. iS suggest 
strongly that bainite produced at high 
temperatures forms by a process of nuclea- 
tion and growth: (i) it protrudes toward 
the center of the grain from the grain 
boundary — nucleation in processes of nu- 
cleation and growth is predominantly at 
the grain boundary; (2) the plates narrow 
to a wedge point, resembling proeutectoid 
ferrite, which is known to form by nudea- 
tion and growth. More condusive proof 
w’ould be fumbhed by a demonstration 
that the sizes of the reacted regions increase 
with increased reaction time; metallo- 
graphic study seemed to show this to be 
true, but because the structure for such 
high reaction temperatures is confined to 


bainite formed at lower temperatures, for 
reaction proceeds more generally through- 
out the austenite grain. Figs. 19 and 20 
illustrate the progress of transformation 
at 250^0. for holding times of 6 and 10 
min., respectively. The length and thick- 
ness of the plates are clearly seen to increase 
with increased holding time, a definite 
indication of progressive growth. 

Figs. 21 and 22 show' the progress of 
transformation at 200' C. A striking differ- 
ence is to be seen betw'een the structures 
of Figs. 20 and 21; the “needles^' have 
become thicker for the lower temperature. 
However, with increased holding time at 
2oo“C., narrow needles," similar to those 
of the 25o”C. bainite. are seen to form 
(Fig. 22), while the number of thick 
^'needles" remains approximately the 

• Feathery bainite fonns largely if not ex- 
clusively at the austenite grain boundaries in 
the form of bundles of plates, and only at such 
high reaction temperatures that recalescence 
permits the formation of pearlite after only a 
small amount of bainite has formed. 
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same. The temperature of 2oo''C. is within 
the martensite temperature range,^^ there- 
fore it seems likely that the thick plates are 
actually martensite, which formed on cool- 
ing or very rapidl\’ at the bath temperature. 


between habit and orientation relationship, 
first discussed in the study of the Widman- 
statten figure formed on the precipitation 
of alpha brass from beta,-^ is pronounced 
in the case of bainite.* 



Fig. 19. Fig. 20. 

Figs. 19 xsd 20 . — Bainite formed on holding at 25o®C. Nit.al etch. X 750. 
Fig. 19. Held for 6 minutes. Fig. 20. Held for 10 minutes. 


and which has had time to temper and 
become visible. The thinner plates, which 
form with increased holding time, then, 
represent a structure of the bainite tj^pe 
forming by a process of nucleation and 
growth. This is in conformity with the 
dilatometric curves of Davenport and 
Bain,^ which show two stages of trans- 
formation for temperatures in the neighbor- 
hood of 200°C. 

Discussion of Results 

Although this is essentially an experi- 
mental paper, several of the findings 
deserve comment. Most striking, perhaps, 
is the dear showing that even though the 
habit (composition) plane of bainite 
changes markedly with the temperature of 
formation, the orientation relationships 
between the ferrite in bainite and the 
parent austenite are nearly fixed (the orien- 
tation difference between the Nishiyami 
and the Kurdjumow-Sachs relationships is 
but 5°) This apparent lack of correlation 


It is now certain that the orientation 
relationships may be relatively simple but 
that the habit plane may be relatively 
complex. And it is clear, moreover, that 
the atom movement or shearing mechanism 
that converts the lattice of the parent 
phase into the lattice of the resultant phase 
cannot be chosen with certainty on the 
basis of the orientation relationship alone. 
Greninger and Troiano^® pointed out that 
the habit plane of bainite formed at low 
temperatures approaches that of proeutec- 
toid cementite whereas that of bainite 
formed at high temperatures approaches 
that of proeutectoid ferrite, suggesting that 
the cementite lattice exerdses a preponder- 
ant effect in the former case and the ferrite 
in the latter. Yet it will be observed that 
the orientation relationships change but 
slightly throughout. The matter evidently 
is complex; apparently different sets and 

♦ See discussion of habit and orientation 
relationship by Sachs and by Mehl in the dis- 
cussion of ref. 13. 
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different sequences of shearing operations 
are required to give a variation in habit 
plane while maintaining a similar orienta- 
tion relationship (cf. ref. 17'), but the prin- 


ciples that determine the selection of 
these shearing mechanisms are not well 
understood. 

The orientation relationship of ferrite in 
pearlite (both fine and coarse') with respect 
to the parent austenite is quite different 
from that exhibited by bainite and by 
martensite, and it will be well to explore 
this difference. 

The orientation of ferrite in bainite with 
respect to austenite for bainite formed at 
high temperature, and the habit plane of 
this bainite, are identical crj’stallographi- 
cally \rith those for proeutectoid ferrite. 
Proeutectoid ferrite, and bainite also, form 
by a process of nucleation and growth; 
since proeutectoid ferrite is necessarily 
nucleated by ferrite, it may be concluded 
that ferrite nucleates bainite formed at 
high temperatures. It is interesting that 
the size of the ferrite particles in bainite 
appears to be much greater than for ferrite 
in pearlite formed at temperatures just 
above the S-curve knee, as shown by 
microscopic evidence,* and as shown herein 


by the relative intensities of X-ray diffrac- 
tion. It is not possible, acconiingly. to 
extrapolate the dimensions of the ferrite 
in pearlite to lower temperatures, as sug- 


gested earlier.® Cementite, however, shows 
the opfMDsite beha\'ior: the X-ray reflections 
from cementite in pearlite are much 
stronger than those from cementite in 
bainite: the particle size of cementite in 
bainite must be very small indeed.* There 
is ample reason to believe^ that ferrite 
precipitates first in bainite as a super- 
saturated solid solution and that cementite 
precipitates later from this supersaturated 
solid solution. The platelike structure of 
bainite argues for this point of view, for 
platelike structures are normal in reactions 
when a single constituent forms. 

The circumstances attending the forma- 
tion of pearlite are quite different. The 
orientation relationship between ferrite in 
pearlite and the parent austenite precludes 
the operation of ferrite as the nucleating 
agent, and thus points to cementite as the 
nucleus.® After nucleation, growth is 
bipartite. With cementite and ferrite grow- 

♦ See comments on this point based on elec- 
tron-microscope photomicrographs of bainite, 
ref. 3. 



Fig. 21. Fig. 22. 

Figs. 21 A2m 22 . — Structure resulting trom holding .\t 2cx3'C. Xit.vl etch. X 750 
Fig. 21. Held for 15 minutes. Fig. 22. Held for 50 minutes. 
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ing concomitant^, platelike structures 
do not form; this seems to be generally 
true. The lamellae of pearlite frequently 
are wa\y, and this must be attributed, 
it would seem, to factors inherent in bi- 
partite growth. This robs the direction of 
the lamellae of precision in ciystallographic 
position, though the study of the orienta- 
tion of the plane of the lamellae included 
here at least suggests that the plane is of 
high index, as would be expected if the 
habit were determined by the precipitation 
of cementite. 


iano. The habit plane varies markedly \\ith 
the temperature of reaction though the 
orientation relationships remain nearly 
fixed. 

6. The habit plane in pearlite was 
studied stereographically. The plane could 
not be determined but the evidence points 
to a plane of high index. 

7. ]Metallographic studies suggest that 
bainite forms by a process of nucleation and 
growth. 
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determined earlier for coarse pearlite.® 
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mined. The diffraction from cementite in 
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in tempered martensite; this is taken as 
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bainite formed at several temperatures and 
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Hardenability Calculated from Chemical Composition 

By M. a. Gros 53 L\ky,* Member A.I.M.E. 

(New York Meeting, Febraarj- 1942) 


Abstr,\ct 

The hardenability of most steels can be pre- 
dicted within TO to 15 per cent provided the 
complete chemical composition is known, in- 
cluding incidental'’ elements; and provided 
the as-quenched grain size is known; and pro- 
vided, finally, that the composition and heating 
temperatures for hardening are such as to result 
in austenite free from carbide particles. In 
the method proposed herein, the steel is con- 
sidered as ha\dng a base hardenability due to 
its carbon content alone (the hardenability of 
a “pure steel’’ of the given carbon content, 
without any other elements), and this base 
hardenability is multiplied by a multiplying 
factor for each chemical element present. After 
multiplying all these together, the final product 
is the hardenability. Grain size may be taken 
into account either in the base hardenability or 
after the multiplication. Hardenability is stated 
in terms of ‘ideal critical diameter”, namely, 
the diameter of bar, in inches, that will just 
harden all the w^ay through (absence of un- 
hardened core) in an “ideal” quench, and the 
calculation may also be related to the Jominy 
test. 

The data bring out certain features rather 
clearly. For example: 

1. It is quite useless to attempt to predict 
hardenability unless all elements, including 
“ incidentals,” are known; thus an ‘‘incidental ” 
chromium content of 0.20 per cent increases 
the hardenability by about 50 per cent. 

2. The relative effectiveness of different 
alloys is sometimes unexpected; thus molybde- 
num when calculated in this way appears to be 
of the same order of effectiveness as manga- 
nese, rather than much more powerful, as w'ould 
appear to be common experience; observe that 

Manuscript received at the ofiBce of the Institute 
Dec. I, 1941. Issued as T.P. 1437 in Metals Tech- 
nology, June 1042. _ . ^ 

♦ Dirrotor of Research, Camegie-Imnois Steel 
Corporation, Chicago, 111 . 


an increase from no manganese to 0.20 per cent 
Mn provides a multiplying factor of 1.67, and 
an increase from no moly^bdenum to 0.20 per 
cent Mo protides a factor of 1.63, an increase 
of over 60 per cent in each case. However, if to 
a steel containing 0.50 per cent ^In there is 
added “20 points of manganese,” the factor 
is raised from 2.65 (for 0.50 per cent Mn) to 
3.35 (for 0.70 per cent Mn\ or an increase of 
only 26 per cent. Thus the first small addition 
of an element has a much more powerful 
percentage effect than an equal further addition 
when some is already present, and in most cases 
the effect of moh’bdenum is considered in rela- 
tion to a steel in which molybdenum is absent. 

3. If two elements are equally effective, a 
greater hardenability’ wnll be obtained by using, 
for example, 0.5 per cent of each than by using 
i.o per cent of either of them alone. 

4. A knowledge of the as-quenched grain 
size is essential for precise work, since a differ- 
ence of only’ one grain size number (say No. 7 
instead of No. 6) makes a difference of almost 
10 per cent in hardenability’ (in these units); 
this, however, does not apply to certain steels 
of high hardenability. 

It should be emphasized that in chromium 
steels (over 0.30 per cent Cr) and chrome- 
molybdenum and chron^-vanadium steels, un- 
dissolved carbides are likely’ to be present in 
the steel as quenched, and that in such cases 
the charts can indicate only a maximum pos- 
sible hardenability, whereas the extent of 
hardening actually obtained may be much less. 
Thus tests on a number of chrome-molybdenum 
steels have indicated a degree of hardening 
amounting to only 50 to 63 per cent of the 
maximum possible, and in chromium steels 
from full hardening (100 per cent) down to as 
low as 70 per cent. On the other hand, when 
the amount of such elements is small (Cr under 
0-30 per cent. Mo up to 0.25 per cent in the 
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absence of Cr, and V up to 0,04 per cent), the 
charts provide reasonable approximations. 

The precise figures on the charts are 
suggested as tentative, subject to some modifi- 
cation as more data accumulate, but the funda- 
mental concept appears to be supported by 
tests made on a wide variety of steels, a few 
of the correlations being shown in Fig, i. 

Introduction — The Use op the Charts 

For those who may “^fish to calculate the 
hardenability of steels, without going 
through the intricacies of the derivations of 
the charts, it may be said at the outset that 
the actual calculation of hardenability by 
this method is extremely simple. It involves 
merely reading a factor from a chart for 
each chemical element present in the steel, 
and multiplying these factors together, the 
product being the hardenability. The latter 
is expressed as “ideal critical diameter,” 
Dif which has been defined® as the diameter 
of bar that just hardens all the way through 
in an ideal quench. 

By wray of explanation and review, it 
may be said that “hardening aU the way 
through” means that the bar appears 
fully hardened throughout when judged by 
a fracture or etch test; the critical diameter is 
just hardened through, so that any larger 
size would show an “unhardened core” in a 
fracture or etch test. This means that the 
critical diameter is just half -hardened at the 
center {50 per cent martensite). The 
“ideal” quench is a perfect quench, in 
which the outside of the bar is instantly 
cooled to the temperature of the quenching 
medium, a condition that is never qmte 
attained in practice, it is true, but which is a 
very useful reference point, as will presently 
be illustrated. To sum up, then, the calcula- 
tions in this paper will estimate the harden- 
ability of a steel in terms of “ideal critical 
diameter, Di”, which is the diameter of a 
bar of that steel that will just harden all 
the way through (as judged by fracture or 


‘ References are at the end of the paper. 


etch test) in the severest possible or ideal 
quench. This may be stated also in terms 
of the Jominy test by using Fig. 27 for 
conversion. 

Suppose a steel has the chemical com- 
position shown in Table i, its as-quenched 
grain size being Xo. 7 (A.S.T.M.). The 


Table i. — Example of Readings from Charts 


1 

Element | 

Percent- 
age in 
Steel 

Factor 


0.50 

0.90 

0.020 

0.24 

4.00 

I 05 

0 98 

1 . 10 



Sulpuur 

0.029 
0. 10 

Silicon 

Nickel 

0. 2S 

I 10 

Chromium 

0.30 

0.05 

0.05 

1.70 

1 . 16 

Molybdenum 

Copper 

1.02 


Product 


2.40 




factors shown in the last column of this 
table were read from the charts. Thus on 
the carbon chart, Fig. 18, at 0.50 per cent 
carbon read up to the line for grain size 
Xo. 7 and the value shown at the left is 
foimd to be 0.24 in. On the manganese 
chart, Fig. 14, the factor for 0.90 per cent 
Mn is found to be 4.00. Similarly, for 
0.020 per cent P, the factor on the phos- 
phorus chart, Fig. 4, is found to be 1.05, and 
in similar manner the factor is found for 
each element present. 

These factors in the last colunm of the 
table are simply multiplied together, and 
the product is found to be 2.40. This means 
that the “ideal critical diameter” is 
2.40 in.; or, in other words, it is estimated 
that a bar of that diameter of the stated 
composition at the stated grain size will 
just harden all the way through (absence of 
unhardened core) in an ideal (severest 
possible) quench. 

For the behavior in any actual quench, it 
is necessary, of course, to know at least 
approximately the severity of quench em- 
ployed. Thus still water is known to have a 
quenching severity approximately E = 0.9 
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to JJ = i.o, and Fig. 2 shows that the steel 
of Table i in such a water quench would 
just harden through in a bar of about 
iH-in. diameter. This is found in Fig. 2 
by reading the value 2.40 in. on the base 
line of abscissas marked Z>/, reading straight 
up until it intersects the diagonal line for 
severity of quench, which (at the upper 
right) is marked i.o, and from the inter- 
section reading at the left the value 1.55 in. 
Or a moderately agitated oil quench is 
known to have a severity about E = 0.4. 
In Fig. 2, again upon reading from the 
abscissa Dj at the value 2,40, directly up- 
ward till it intersects the diagonal H == 0.40, 
and reading from the intersection over to 
the ordinate at the left, indicates a value 
about 1.05 in., meaning that in such an 
oil quench the steel of Table i would just 
harden aU the way through (absence of 
unhardened core) in a bar a little over an 
inch in diameter. 

A section at the end shows the relation 
of these data to the Jominy test, Fig. 28. 
In the present instance, the ideal critical 
diameter having been estimated as 2.40 in., 
consult Fig. 28 and find that this corre- 
sponds to a “Jominy distance” of about 
0.36 in. Therefore, when such a steel is 
tested in a Jominy test, it would be half- 
hardened at about 0.36 in.; or, in other 
words, the hardness will have dropped off to 
about 48 to 50 Rockwell C at about 0.36 in. 
from the end of the Jominy bar. 

Development op Formula and Charts 

A number of formulas have been sug- 
gested in the past for expressing the effects 
of elements on the strength, hardness or 
hardenability of steel. Among the more 
recent ones are that by Herty^ for a hard- 
ness factor, and those by Bums, Moore 
and Archer® and Bums and Riegel® for 
hardenability. 

In all prior proposals (as far as we are 
aware), the effects of the different elements 
were considered to be additive — ^that is, a 


quantity was assigned for each element and 
the sum total represented the value sought. 
The scheme of multiplying, however, has 
been used in the computation of strength as 
a function of carbon and manganese con- 
tent. The present system is based on the 
concept that a pure iron-carbon alloy (a 
“pure steel,” other elements entirely 
absent) has a certain hardenability, and 
that each additional element (Mn, Si, etc.) 
is represented by a multipl3dng factor by 
which the base hardenability is multiplied. 
The total hardenability of the steel would 
then be the product of all the factors, one 
for each chemical element present in the 
steel, with a proper correction for grain 
size. 

It may be mentioned that the due to this 
behavior was obtained in two circum- 
stances: (i) In stud3dng the effect of very 
small additions of elements, it was striking 
that the hardenability was increased more 
than would be expected from a mere addi- 
tive effect, and (2) in studying the effect 
of grain size, it had already been foimd® 
that a change in grain size introduced a 
multiplying factor for the hardenability. 
The following discussion indicates how the 
factors for alloys were developed. 

Carbon 

The proposed system begins with the 
hardenability of pure iron-carbon alloys, 
then applies a multiplying factor for each 
other element present. In the development 
of the data, however, pure iron-carbon 
alloys were not available, so it was neces- 
sary to develop first the factors for the 
elements commonly present in steel. The 
development of the carbon data will be 
foimd following the section on manganese. 

Phosphorus 

Coming, therefore, to the multiplying 
factors to be used for the different aIlo3dng 
elements, it will be recalled that the present 
scheme involves the hypothesis that the 
presence of a certain amount of chemical 
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(alloying) element multiplies the harden- hardenability would be 5 per cent greater 
ability by a certain factor; as, for example, than if no phosphorus were present. In the 



Fig. 3. — Efpect of phosphorus content on hardenability, determined experimentally. 



Fig. 4. Multiplying factor for calculation of effect of phosphorus on hardenability. 

that the presence of 0.020 per cent P in experimental work on phosphorus, the 
any steel would introduce a multipl3dng effect of phosphorus was studied® in each of 
factor of, say, 1.05, meaning that the two steels, adding phosphorus to successive 
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ingots SO that in each series the steels were 
identical except as to phosphorus content. 
The two steels had different hardenabilities, 
thus affording an opportunity to test the 
hypothesis of a “multiplying factor’’; 
that is, in the steel of greater hardenability, 
the numerical increase in Dj due to phos- 
phorus should be greater. The compositions 
of the two steels were as shown in Table 2. 


This increase from 1.574 to 1.980 is an 
increase of 26 per cent in the value of Dj, 
for a phosphorus addition of 0.100 per cent. 
An increase of 26 per cent means, of course, 
a multiplying factor of 1.26, which is the 
factor shown in Fig. 4 for a phosphorus 
content of 0.100 per cent. 

A question might well be raised as to how 
good the evidence is that the relationship is 


Table 2. — Steels for Study of Effect of Phosphorus 


Composition, Per Cent 

Average 
Grain Size 
No. 

Ideal Diameter, 
Di 

C 

Mn 

P 

S 

Si 

Ni 

Cr 

Cu 

0.62 

0.98 

0.020 

0.018 

0.22 

0.0$ 

0.05 

0.02 

4-5 

1 . 95 

0.62 

0.98 

0.038 

0.018 

0.22 

0.0s 

0.05 

0.02 

4-5 

1.99 

0.62 

0.98 

0.056 

0.018 

0.22 

0.05 

0.05 

0.02 

4 .S 

2.08 

0.62 

0.98 

0.077 

0.018 

0.22 

0.05 

0.05 

0.02 

4 .S 

2.22 

0.62 

0.98 

0.097 

0.018 

0.22 

0.05 

0.05 

0.02 

4-5 

2.38 

0.63 

0.94 

0.031 

0.027 1 

0.20 

0.03 

0.05 

0.02 

7 

1.71 

0.63 

0.94 

0.047 

0.027 

0. 20 

0.03 

0.05 

0.02 

7 

1. 81 

0.63 

0.94 

0.067 

0.027 

0.20 

0.03 

0.05 

0.02 

7 

1.86 

0.63 

0.94 

0.086 

0.027 

0.20 

0.03 

0.05 

0.02 

7 

1. 91 

0.63 

0.94 

0.104 

0.027 

0.20 

0.03 

0.05 

0.02 

7 

1.97 


From the quenching experiments, the 
hardenabilities were deduced in terms of 
ideal diameter, and the results are plotted 
in Fig. 3 as ideal diameter Dj against phos- 
phorus content. Two straight lines, one for 
each steel, are drawn to represent the 
increase in hardenability due to phos- 
phorus. The slopes of these lines are such 
that the increase due to phosphorus is the 
same percentage in the high-hardenability 
steel as in the low-hardenability steel, and 
the points are not too far from these 
straight lines. Indeed, of the 10 points 
plotted, the one farthest away from either 
of the lines is less than 2.5 per cent away 
from the line in terms of i>/, which certainly 
is within the limits of expected experi- 
mental error. Fig. 3 thus provided the 
basis for Fig. 4, which shows the effect of 
phosphorus on hardenability in terms of a 
factor. For example, in Fig. 3 the extra- 
polated line at 0.0 per cent P shows a 
value Z)/ = 1.574 2.nd the same steel at 
0.100 per cent P shows a value Di = 1.980. 


a straight line as shown in Fig. 4. To this it 
can only be replied that with the data at 
hand a straight-line relationship expresses 
the factors as well as any other form of 
curve that might be drawn, and the ac- 
curacy of hardenability testing is not 
suf&ciently good to warrant drawing small 
deviations that might be indicated. Fur- 
thermore, for manganese, to be described 
later, the straight line drawn in that case 
has been tested and found valid for a large 
number of heats at the extreme high end of 
the range, indicating that even with such 
large amounts of that element the straight- 
line relationship is still valid. It is true that 
for silicon and some other elements a 
curved line is indicated, in which the ele- 
ment becomes less effective as larger 
amounts are added, so that at large amounts 
the curve lies below the straight-line 
relationship, but the data indicate a 
straight-line relationship to be valid in 
many cases. 
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Sulphur The tests were carried out on steels of the 

Sulphur lessens the hardenability of compositions shown in Table 3. The data 
steel, and it is presumed to act in this are shown in Fig. 5 as Di vs. sulphur 



Fig. 5. — EeFECT or sulphur content on hardenability, DETERmNED EXPERIMENTALLY. 



Fig. 6. — Multiplying factor for calculation of effect of sulphur on hardenability. 

manner because it forms a manganese content, the most probable straight line 
sulphide (IMnS), thus removing some of the is again drawn through the points, and 
manganese from the hardenability effect the resulting factors are shown in Fig. 6. 
which otherwise the manganese might have. Since sulphur lessens the hardenability. 
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the factor will always be some fraction less 
than i.oo. 

It may be pointed out that the amount 
by which sulphur reduces the hardenabihty 


order of 2 per cent are used. The curve 
shown in Fig. 8 is suggested as a probable 
dose approximation, since it combines the 
effects of the small amounts in Fig. 7 with 


Table 3. — Steels for Study of Effect of Sulphur 


Composition, Per Cent 

Average 
Grain Size 
No. 

Ideal Diameter 
Vi Corrected 
to No. s 
Grain Size 

c 

Mn 

P 

S 

Si 

Ni 

Cr 

Cu 

0.6s 

0.86 

0.019 

0.027 

0.22 

0.04 

0.06 

0.02 

6.2 

1.70 

0.65 

0.86 1 

0.019 

0.047 

0.22 

0.04 

0.06 1 

0.02 


1.665 

0.6s 

0.86 

0.019 

0.06s 

0.22 

0.04 

0.06 j 

0.02 

6.2 

1. 66s 

0.6s 

0.86 I 

0.019 

0.084 

0.22 

0.04 

0.06 

0.02 

6.2 

1.63 

0.65 

! 0.86 

0.019 

1 0.104 

i 

0.22 

0.04 

0.06 1 

0.02 

6.2 

1.60 


Table 4. — Steels for Study of Effect of Silicon 


Composition, Per Cent 

Average 
Grain Size 
No. 

Ideal Diameter 
Di at No. 5 
Grain Size 

C 

Mn 

P 

S 

Si 

Ni 

Cr 

Cu 

0.61 

0.8s 

0.017 

0.02s 

0. 16 

0.06 

0.0s 

0.02 

S 

1.64 

0.61 

0.8s 

0.017 

0,02s 

0. 19 

0.06 

0.0s 

0.02 

S 

1.72 

0.61 

0.8s 

0.017 

0.02s 

0.24 

0.06 

0.0s 

0.02 

S 

1.76 

0.61 

0.8s 

0.017 

0.02s 

0.28 

0.06 

0.05 

0.02 

5 

1.80 

0.61 

0.8s 

0.017 

0.02s 

0.33 

0.06 

0.0s 

0.02 

5 

1.87 


is less than would be the case if aU of the 
sulphur were combined with manganese. 
In other words, this indicates that the 
entire amount of sulphur is not present as 
predpitated partides of MnS indusions, 
meaning by inference that some of it 
probably is present as FeS and some of it 
possibly even dissolved. 

Silicon 

Again following the same procedure, 
results for silicon were obtained® from 
experimental ingots of the compositions 
listed in Table 4. These data result in 
Fig. 7 and thus indicate the effect of silicon 
in amoimts up to about 0.35 per cent. 
However, this element is sometimes present 
in much larger amounts^ notably in the 
silicomanganese steels, and a number of 
calculations were made on such steels. 
The results are shown in Table 5, and 
indicate that silicon is proportionately 
much less effective when amounts of the 


the apparent lesser potency of the large 
amoimts shown in the table. 


Table 5. — Effect of Silicon on 
Silicomanganese Steels 


Steel 

Silicon 
Content, 
Per Cent 

Apparent 

Hardenability 

Factor 

Silicomanganese 

A 

1.88 

1.72 

B 

1.90 

1.72 

C 

1.76 

1.43 

D 

2.09 

1.70 

E 

1.93 

1.77 


Nickel 

The steels with nickel additions in the 
mold were tested as before, the composi- 
tions of the ingots being as shown in Table 6. 
These data resulted in Fig. 9 and the factors 
deduced from Fig. 9 are shown in Fig. 10. 
The accurate data extend to only 0.24 per 
cent Ni, and an extrapolation is suggested 
in Fig. 10 up to almost 2 per cent Ni. This 
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would, of course, be utterly unwarranted Copper 

if it were merely an extrapolation, but data No quantita ive data being available on 

on steels with moderate nickel contents copper, it has been necessar>^ to use an 



0 .10 .20 .30 .40 


Fig. 7. — Effect of silicon content on blaedenability, determined experimentally. 



Fig. 8. — Multiplying factor for calculation of effect of silicon on hardenabiuty. 

below 2 per cent suggest the possible approximation. It appears, from what little 
validity of the line indicated. Data at 3 per is known of this element, that copper is a 
cent or more nickel are lacking. weak alloying element for hardenability, 
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having an effect possibly rather similar to not be added together; the proper proce- 
that of nickel. Since the copper content of dure is to use factors for the copper and the 
heat-treating steels is usually small, pre- nickel separately.) 
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Fig. 10. — Multiplyeng factor for calculation of effect of nickel on harden ability. 


sumably it would introduce very little error 
to consider copper as being the same as 
nickel and to use the nickel relationship, 
Fig. 10, for the copper as well. (Needless to 
say, the nickel and copper contents should 


Chromium 

Data for chromium were developed as for 
the other elements, tests having been made 
on ingots of the compositions shown in 
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Table 7. These data lead to Fig. ii and the solved carbides ought to be calculated for 
resulting factors lead to the lower left-hand their true lower carbon content (since less 
portion of the relationship shown in Fig. 12. carbon is dissolved in the austenite), as well 


Table 6 . — Steels with AdMitons of Nickel 


Composittoii, Per Cent 

Average 
Grain Size 

Ideal Diameter 
Di Corrected 
to No. s 
Grain Size 

C 

Mn 

P 

S 

Si 

Ni 

Cr 

Cti 

0.58 

0.89 

0,019 

0.027 

O.lS 

0.05 

0.0s 

0.02 


— 

0.58 

0.89 

0.019 

0.027 

0. 18 

0.09 

0.05 

0.02 



0.58 

0.89 

0.019 

0.027 

0.18 

0. 14 

0.0s 

0.02 



0.58 

0.89 

0.019 

0.027 

0. 18 i 

i 0.18 

0.05 ' 

0-02 



0.58 

0.89 

0.019 

1 

0.027 

0. 18 

0.24 

1 0.0s j 

0.02 


■mi 


Table 7. — Steels for Study of Efect of Chromium 


Composition, Per Cent 

Average 
Grain Size 

Ideal Diameter 
Di Corrected 
to No. s 
Grain Size 

C 

Mn 

P 

S 

Si 

Ni 

Cr 

Cu 

0.6$ 

1.04 

o.ois 

0.02S 

0.19 

0.03 

o.oS 

0.02 

6.2 

1*95 

0.6s 

1.04 

o.ors 

0.02S 

0.19 

0.03 

0.12 

0.02 

6.2 

2.14 

0.6s 

1.04 

O.OIS 

0.02S 

0.19 

0.03 

0.18 

0.02 

6.2 

2.29 

0.65 

1.04 

0.015 

0,02s 1 

0. 19 1 

0.03 

0.22 

0.02 

6.2 

2.47 

0.6s 

1.04 

O.OIS 

0.02s 1 

0.19 1 

0.03 

0.27 

0.02 

6.2 

2.66 


For larger amounts of chromium how- 
ever, the situation becomes compKcated 
because of a behavior not considered for the 
other elements described so far; namely, the 
effect of undissolved carbides. When car- 
bides are not dissolved (and this is particu- 
larly likely to be true in steel of substantial 
chromium content), the undissolved car- 
bides remove chromium from the austenite 
and therefore from its hardenability effect, 
and of course remove carbon from its effect 
as well. The crosshatched area shown in 
Fig. 12 has been drawn as a result of cal- 
culations on many chromium-bearing steels, 
heat-treated in some cases at a variety of 
quenching temperatures. Clearly, those 
heat-treated at the lower quenching tem- 
peratures will have a larger proportion of 
imdissolved carbides, and the apparent 
hardenability factor for chromium will 
therefore be less, whereas of course those 
heat-treated at higher temperatures will 
show a larger apparent effect for chromium. 
Strictly speaking, such steels having undis- 


as for their lessened chromium content, 
but this differentiation was not applied in 
Fig. 12. It is to be noted in Fig. ii that the 
values up to 0.27 per cent Cr fall very dose 
to a straight line, meaning that amounts of 
chromium up to possibly 0.30 per cent are 
completely dissolved and have their full 
effect. With larger amounts one can make a 
first approximation by assuming that at 
lower heat-treating temperatures the factor 
is likely to be in the lower portion of the 
crosshatched area, while the use of higher 
and higher heat-treating temperatures wiU 
cause the factor to approach the top of 
the crosshatched region. 

Undissolved carbides in substantial 
amounts, after hardening, are particularly 
likely to be present in chrome-molybdenum 
and chrome-vanadium steels having as 
much chromium, molybdenum and vana- 
dium as the S.A.E. 4100 and 6100 series. 
In the 4100 series, calculations of a number 
of S.A.E. 4140 steels, after hardening from 
normal quenching temperatures, indicated 
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about 50 to 65 per cent of full possible 
hardening: in other words, a fair approxi- 
mation for the probable hardening of 4140 
steels at normal quenching temperatures 


of these tests contained about 0.75 per cent 
Mn, and the amoimt of manganese that 
could be introduced by mold addition was 
of course rather limited. In this case the 



was found by calculating for maximum 
hardening, using Figs. 12 and 20, and then 
taking 50 to 65 per cent of this figure. 

When the amounts of chromium, molyb- 
denum and vanadium are small, however, 
the full effects are obtained as indicated in 
Figs. 12, 20 and 22. 

Manganese 

The evaluation of the manganese effect 
presented some difficulties because of the 
substantial amount present in all com- 
mercial heat-treating steels. Thus the 
grade of steel that had been selected for all 


total range before and after the mold 
additions was only from 0.75 to 0.88 per 
cent Mn. Table 8® gives the compositions. 
It is clear that it would be wholly unwar- 
ranted to employ the change in harden- 
ability from 0.7 5 to 0.88 per cent Mn for an 
extrapolation on the one hand down to 
o per cent Mn, and on the other hand up to 
2 per cent Mn. It was, therefore, necessary 
to use a slightly different approach. 

Up to this point the effects of all of the 
different elements present in plain carbon 
steels had been determined, including 
“residuals,” with the exception of carbon 


Table 8- — Steels for Study of Effect of Manganese 


Composition, Per Cent 

Average 
Grain Size 

Ideal Diameter 
Di Corrected 
to No. s 
Grain Size 

C 

Mn 

P 

S 

Si 

Ni 

Cr 

Cu 

0.61 

0.75 

0.021 

0.021 

0. 18 

0.04 

0.06 

0.03 

4.9 

1.46 

0-61 

0,79 

0.021 

0.021 

0.18 

0.04 

0.06 

0.03 

4*9 

1.56 

0,61 

0.83 

0 . 02 Z 

0.021 

0.18 

0.04 

0.06 

0.03 

4-9 

1.63 

0.61 

0.88 

0 . 02 Z 

0.021 

0.18 

0.04 

0.06 

0.03 

4.9 

1.69 
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and manganese. (It was necessary to know obtained for the other elements, and it was 
the efEect of manganese before the carbon thus possible to plot the estimated multi- 
effect could be determined.) It happened plying factors due to manganese for the 
that the hardenabilities of a variety of above-mentioned steels ranging from 0.2 to 



0 .20 .40 .60 .80 1.00 1.20 1.40 


Fig. 12. — Multiplying factor for calculation of effect of chromium on hardenability. 

steels, ranging from 0.2 to 1.8 per cent !Mn 1.8 per cent ]Mn. This was done as shown in 
were available, and these were used to Fig. 13. The points shown there exhibit a 
estimate the manganese effect by the fol- rather consistent ti%nd, even though 
lowing scheme. These data on manganese the individual points show undue variation, 
in the range 0.75 to 0.88 per cent were This variation is accounted for in part 
employed to obtain an approximate figure by the fact that in some of the steels the 
for the effect of manganese. This approxi- analysis was not entirely complete, data 
mate figure, when employed in conjunction not being always completely available on 
with the more precise determinations cited the “incidentals,” and in part by the fact 
above for the other elements, made it that the carbon effect was only a rough ap- 
possible to estimate approximately the proximation, as just explained. Neverthe- 
effect of carbon, by the scheme indicated less, it seemed warranted to try the points 
further on, in the discussion of carbon, in Fig. 13, by drawing a line through the 
These approximate figures for the carbon origin wnd paralld to the trend shown. The 
were used Lu conjunction with the figures resultiag line, shown in Fig. 13, was 
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then tested as to its reliabUity. It turned values were found to fall within a range plus 
out to be reliable and is in fact the adopted or minus lo per cent of the experimental 
one shown in Fig. 14. It has since been values; and, furthermore, even in these 
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mental, indicating that the departure was 
not due to the calculated manganese factor. 

Thus the assumption of a straight-line 
relationship, as indicated in Figs. 13 and 14, 
appears to be fully supported by experi- 
mental data. Incidentally, this completed 
the list of elements needed for the deter- 
mination of the carbon effect. 

Carton 

As explained previously, we seek here to 
learn the hardenability of pure iron-carbon 
alloys (other elements entirely absent). 
Data on “pure steels” were not available 
in terms of “ideal critical diameter” as 
needed here (and indeed the experimental 
dif&culties for such a measxirement would 
be very great). Fortunately, however, two 
separate sets of data could be combined to 
indicate the probable values, and the 
resulting chart for pure iron-carbon alloys 
has worked out very satisfactorily in 
practice. The two prior investigations were: 

Investigation i. — ^Hardenability tests were 
made at the U. S. Bureau of Standards by 
Digges,^ on iron-carbon alloys of high puri- 
ty. Unfortunately for the present purpose, 
however, the ideal critical diameter could 
not be deduced directly from his data. 
Digges’ experiments involved very small 
specimens (^ in, square by 0.040 in. thick) 
cooled at several rates, and he determined 
the cooling rate at which each steel was 
just fully hardened (97 to 99 per cent 
martensite). What we seek is the diameter 
of bar that, when given an ideal quench, 
will of course be fully hardened at the sur- 
face but will be just half-hardened (50 per 
cent martensite) at the center. It may be 
well to point out: (a) why Digges’ data do 
not lead directly to the units in which we 
need to define hardenability here, and ( 5 ) 
how Digges’ data nevertheless show rate of 
change of hardenability with carbon con- 
tent, usable with our own units. 

a. DiggesMata do not lead directly to the 
data needed here. For a given carbon con- 
tent, Digges gave the cooling rate (or cool- 


ing time), in the range iiio® to 930®F., that 
would just cause the steel to harden fully. 
There is no convenient way of deducing 
from these figures the size of bar that, in an 
ideal (severest possible) quench, would be 
just half-hardened at the center. For the 
latter, it would have been necessary to 
know the “half -temperature time” (from 
the quenching temperature halfway down 
to that of the quenching medium), rather 
than the time from 1110° to 93o®F., and to 
know that time for half-hardening (50 per 
cent martensite) rather than full hardening 
(97 to 99 per cent martensite). Had those 
data been given, it would have been possi- 
ble to calculate the diameters by the use® 
of the formula. 

Di = k V? 

where Di is the desired “ideal critical diam- 
eter,” Af is a known constant and t is the 
half-temperature time. 

b. Nevertheless Digges' data may be 
used to show rate of change of hardenability 
with carbon content, even when applied to 
our own units. Digges' data indicate a 
straight-line relationship between carbon 
content and “hardenability” (if we use his 
index for hardenability — ^namely, the cool- 
ing time from 1110° to 930°F., which will 
just provide full hardening). This relation- 
ship is shown in one of Digges' charts, 
reproduced as Fig. 15 herewith. Now we 
may make two assumptions which seem 
reasonable, which will enable us to check 
Fig. IS against our own observations. We 
may assume first that the time from 1110° 
to 93 o®F. is a constant fraction of the 
“haH-temperature time ” (this is not by any 
means always the case, but is probably true 
for Digges' very small specimens), and we 
may assume second that the time for full 
hardening is a constant fraction of the 
time for half-hardening. If Digges' Fig. 15 
is correct (and there are at presioit no 
theoretical indications to the contrary) and 
if the two assumptions are valid, there 
should be a “straight-line relationship” 
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between carbon content and half-tempera- But we have already concluded that a 
ture time (for half-hardening). The bearing straight-line relationship exists between 
of this on our own data may be described as carbon content and (half -temperature) 



Pen Cent Carbon 

Fig. 15. — Tlme required for iron-carbon alloys to cool from 1110° to 93o®F. when 

QUENCHED FROM I700®F. SPECIMENS WERE INCH BY O.040 INCH THICK. (DiggCS,) 



Fig. 16. — Effect of grain size on hardenablhty, in terms of ideal critical diameter Di, 


fdlows: If we square the two terms in the 
above formula, we have 

Di* = Kt 

meaning that time t is proportional to 


time, so that we now conclude that there is 
a straight-line relationship between carbon 
content and (the square of the ideal 
critical diameter). This is the supposed 
r^ationship that we can test on our own 
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data, which comprise the other source of 
information, item 2. 

Investigation 2. — In our tests,® different 
amounts of carbon were added to successive 
ingots in an open-hearth heat, these suc- 
cessive ingots therefore being identical 
except as to carbon content. The analyses 
were as shown in Table 9. 


refer again to the formula 
P/2 = Kt 

If, as Digges indicated, there is a straight- 
line relationship between carbon content 
and cooling time, then, as previously men- 
tioned, the formula indicates that there 
should likewise be a straight-line relation- 


Table 9. — higots uiih Carlon Additions 


Composition, Per Cent i 

Average 
Grain Size 

Ideal Diameter 
Di Corrected 
to No. s 
Grain Size 

C 

Mn 

1 

P 

S 

Si 

Ni 

1 

Cr 1 

Cu 

0.41 


o.ois 

0.026 

0.20 

0,07 

0.07 


i 4-6 

1.34 

0.54 


0.015 

0.026 

0.20 

0.07 

0.07 


4.6 

1.52 

0.68 


O.OIS 

0.026 

0.20 

0.07 

0.07 


S-o 

1 I. 7 S 


Table 10. — Ej^ect of Elements Other than Carbon 



Comi>osition, Per Cent 

i 

Product of 
Factors 
without 
Carbon 

Mn 

P 

S 

Si 

Ni 

Cr 

Cu 

Percentage of element 

Corresponding factor 

0.79 

3.63 



0.20 

1. 186 

0.07 

1.025 

0.07 

1. 16 

0.03 

1. 01 

S.274 


In order to ascertain the hardenability 
effect of the carbon alone, it was necessary 
first to find the effects of aH the other ele- 
ments; namely, Mn, P, S, Si, Ni, Cr and Cu 
(other elements were absent). The deriva- 
tion of these factors has been described. 
The total hardenabihty of the steels (in 
terms of P/) is then divided by the factors 
for aU of these elements, leaving as a 
quotient the derived values for carbon. 
The data are shown in Table 10. 

The grain-size correction, Fig. 16, was 
prepared from other data,® as described 
below. From the previously obtained ideal 
diameters Pj at grain size No. 5, it was then 
possible to deduce the hardenability due to 
carbon alone, as in Table ii (4th column). 

These values could now be tested to see 
whether they accord with the behavior 
shown by Digges, as cited above; namely, 
“a straight-line relationship between car- 
bon content and cooling time.” We may 


ship between carbon content and Pj* (since 
P/2 is proportional to cooling time t). In 
Fig. 17, carbon content is plotted against 
P/2 as taken from Table ii. The three 


Table ii. — Efect of Carbon Alone 


Carbon, 

Percent 

Ideal 
Diameter 
Di at No. 5 
Grain Size 

Divide by 
Factor for 
Other 
Elements 

Ideal 
Diameter 
of Pure 
Iron-carbon 
AHoy at 
No. 5 
Grain Size 
Di, In. 

Di* 

0.41 

1.34 

5.274 

0.2540 

0.0647 


1.52 

5.274 

0.2882 

0.0S31 

0.68 

1 . 75 

5.274 

0.3316 

0.1098 


points are quite dose to the straight line 
drawn in Fig, 17, but this in itself would of 
course not be sufficient evidence of agree- 
ment. A much more important feature is 
the fact that the straight line is drawn 
through the origin, indicating zero harden- 
ability at zero carbon <xmtent* It is this 


































cc 

U1 



Fig. i8. — ^Haebenability op puee iron-caebon alloys, expressed as ideal critical 

DIAMETER Pj, 
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feature that seems to show that our data 
accord with those of Digges: it is known 
that pure iron has practically neghgible 
hardenability, and we find that a straight 
line can be drawn which begins at zero, and 
which is very dose to our experimental 
points over the reasonably large range 0.41 
to 0.68 per cent carbon covered by our 
tests. Also, measurements made on some 
published curves taken with Digges’ 
instrument,^ and allowing for the differ- 
ence between full hardening and half- 
hardening as judged from isothermal 
transformation curves, give results of the 
same order of magnitude as those shown in 
Fig. 17. Digges’ work was also done on 
materials having an austenite gram size 
approximately No. 5. These several reasons 
thus indicate that the line drawn in Fig. 17 
is probably quite dose to the correct value, 
and the line has been taken, therefore, as 
the working basis for the present data, to 
show the hardenability of pure iron-carbon 
alloys at grain size No. 5. Reading a series 
of values of Dj^ from Fig. 17, and taking the 
square roots for the values of JD/, provides 
relationships between carbon and Di which 
are plotted’ as the line in Fig. 18 marked 
‘‘Grain Size No. 5.” 

Grain Size 

The other lines in Fig. 18 are judged from 
Fig. 16 as follows. Fig. 16, as mentioned, 
shows the relationship between grain size 
and ideal diameter Di, and was prepared 
from another chart developed previously.® 
In the earlier work it had been shown that 
an increase of one grain-size number caused 
a certain percentage increase in D/®, which 
means that the relationship between Di^ 
and grain size could be drawn as a series of 
parallel straight lines on semilogarithmic 
coordinate paper. If this was true, then it 
was dearly also true that the relation 
between grain size and Di (not Di^) could 
likewise he drawn as a series of parallel 
straight lines on semilogarithmic coordinate 
paper. The result is shown in Fig. 16, the 


position of the lines ha\dng been calculated 
from the earlier chart. Obriously then, the 
meaning of Fig. 16 is merely that if the 
hardenability (in terms of Di) is known for 
a steel at one grain size, its hardenability at 
some other grain size can be read directly 
from Fig. 16. As an example, a steel having 
a hardenability of 0.75 in. at No. 10 grain 
size will be foimd to have a hardenability of 
1.03 in. at No. 6 grain size. The lines in 
Fig. 18 for grain sizes other than No. 5 
were calculated in this manner from the 
original line, which was for grain size No. 5. 

It is true that Fig. 16 could be used for 
the complete steels after taking all the 
elements into account, but this would in- 
volve making the complete calculation for a 
steel at No. 5 grain size, and then correcting 
the completed steel for grain size according 
to Fig. 16. It thus provides a small short cut 
to read the carbon hardenability directly 
corrected for grain size as shown in Fig. 18. 
Inddentally, it may be pointed out that the 
austenitic grain size should be judged as 
closely as possible for accurate work. Thus, 
a designation 5 to 8 is not sufficiently close; 
the hardenability at grain size No. 5 is 
about 28 per cent greater than at grain size 
No. 8, whereas it has been shown in our 
tests that if grain size is taken into account 
properly the results predicted will usually 
accord with experiment within about 10 per 
cent. It is true that two different operators 
examining grain size may not agree within 
closer than one grain-size nxxmber; and, 
indeed, this variation could accoimt for 
some of the discrepancies found in the 
application of the present formula. 

Molyhdentim 

The test for molybdenum was again 
carried out on a series of ingots from a single 
heat, the compositions being as shown in 
Table 12. The data are plotted as before in 
Fig. 19, leading to the chart shown in Fig. 
20. The highest amount tested in this series 
was o.io per cent, and it is seen that Fig. 20 
extrapolates this line to 0.25 per cent. The 




Fig. 20. — Multiplying factor for calculation of effect of molybdenum on hardenability. 


the upper portion of this line. The line, in others having equal or greater amounts 
however, may be taken as an approxima- of chromium and molybdenum.* For dis- 
tion, as it has also shown good correlation cussion of these steels, refer to the sectkm 
in a few tests <m bighar-gN^ybdenum stedls. on chrmnimn. 
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Vanadium 

The test resiilts for vanadium are shown 
in Table 13. Plotting this in terms of Di vs. 


It is evident that vanadium in very small 
amounts is an extremely powerful element 
for hardenability, since 0.04 per cent V 


ISOOrOUENC 


VANAWUM, PERCENT 


-Effect of vanadium content on hardenability, determined experimentally. 


Fig. 22. — ^Multiplying factor for calculation of effect of vanadium on hardenability. 

vanadium content results in Fig. 21, lead- increased the hardenability by about 40 
ing to the factors for vanadium content per cent. This compares, fmr example, with 
shown in Fig. 22. about 0.18 per cent Cr or about 0.13 per 
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cent Mo for an equal increase in harden- 
ability of 40 per cent. The larger amount of 
vanadium, for example 0.08 per cent, is seen 
to have a lesser effect than 0.04 per cent, 


It is quite dear under these circumstances 
that the hardenability of a steel containing 
a substantial amount of vanadium is 
affected profoxmdly by the temperature of 


Table 12. — Steel for Test with Molybdenum 


Composition, Per Cent 

Average 
Grain Size 

Ideal Diameter 
Di Corrected 
to No. s 
Grain Size 

C 

Mn 

P 

S 

Si 

Ni 

Cr 

Cu 

Mo 

0.66 

0.97 

0.019 

0.020 

0.25 

0.03 

0-07 

0.02 

NU 

6.2 

1.90 

0.66 

0.97 

0.019 

0.020 

0.2s 

0.03 

0.07 

0.02 

O.OI 

6.2 

2.08 

0.66 

0.97 

0.019 

0.020 

0.25 

0.03 

0.07 

0.02 

0.03 

6.2 

2.Z8 

0.66 

0.97 

0.019 

0.020 

0.2s 

0.03 

0.07 

0.02 

0.0s 

6.2 

2.25 

0.66 

0.97 

0.019 

0.020 

! 0.25 

! 0.03 

1 

0.07 

0.02 

O.IO 

6.2 

2. S3 


Table 13, — Steels for Test with Vanadium 


Composition, Per Cent 

Average 

Grain 

Size 

Ideal Diameter 
Di Corrected 
to No. 6 
Grain Size 

Quenching 
Tempera- 
ture, 
Deg. F. 

C ! 

Mn 

P 

S 

Si 

Ni 

Cr 

Cu 

v 

0.58 

0 . 9 S 

0.028 

0.021 

0.17 

0.03 

0.06 

0.02 

Tr. 

6. 

1.42 

1550 

0.58 

0.95 

0.028 

0.021 

0. 17 

0.03 

0.06 

0.02 

0.008 

6.0 

I.S8 

1550 

0.58 

0.95 

0.028 

0.021 

0. 17 

0.03 

0.06 

0.02 

0.024 

6.5 

1.89 

1550 

0.58 

0.9s 

0.028 

0.021 

0. 17 

0.03 

0.06 

0.02 I 

0.039 

6.5 

2.00 

1550 

0.58 

0.9s 

0.028 

0.021 

0.17 

0.03 

0.06 

0.02 

0.083 

6.5 

1.89 

1550 

0.58 

0.95 

0.028 

0.021 

0. 17 

0.03 

0,06 

0.02 1 

Tr. 

6 . 

1.48 

1750 

0.58 

0.95 

0.028 

0.021 

0. 17 

0.03 

0.06 

0.02 j 

i 

0.083 

4.5 

2.26 

1750 


Table 14. — Steels with Aluminum Additions 


Composition, Per Cent 

Average 

Grain 

Size 

Ideal Diameter 
Di Corrected 
to No. s 
Grain Size 

Aluminum 
Addition 
in Molds, 
Lb. per 
Ton 

C 

Mn 

P 

S 

Si 

Ni 

Cr 

Cu 

“Total 

Alumi- 

num" 

0.6s 

0.87 

0.014 

0.024 

0. 14 

0.03 

0.04 

0.02 

0.003 

3-5 

1.62 

0 

0.62 

0.87 

0.014 

0.024 

0.14 

0.03 

0.04 

0.02 

0.006 

4.7 

1. 59 

H 

0.61 

0.87 

0.014 

0.024 

0.14 

0.03 

0.04 

Qi 02 

0.02 

5.8 

1. 31 


0.61 

0.87 

0.014 

0.024 

0. 14 

0.03 

0.04 

0.02 

0.04 

6.0 

1.39 

I 

0.61 

0.87 

0.014 

0.024 

0.14 

0.03 

0.04 

0.02 

0.08 

6.1 

i.S6 

2 


owing undoubtedly to the formation of 
sluggish carbides, as these steels were 
hardened from 1500®?. If the carbides are 
taken into solution, however, by heating to 
a higher temperature for the quench, the 
effectiveness of the vanadium is increased. 
For example, when the specimens were 
quenched from i75o°F. the factor for 
0.083 cent V was 1.52, as compared 
with a factor of 1.32 when the quenching 
temperature was i5oo®F. 


heating for the quench. At ordinary quench- 
ing temperatures, steels having substantial 
amounts of chromium and vanadium, such 
as the S.A.E. 6100 series, are quite certain 
to contain appreciable amounts of undis- 
solved carbides as quenched, so that they 
harden to a much less extent than the 
maximxim indicated by the charts. On the 
other hand, as with chromium, when only 
small amounts of vanadium are present the 
full hardenability effect of the vana- 















M. A. GROSSMANN 


249 


dium is obtained at ordinary quenching tion from steel when added in small 
temperatures. amounts. The test ingots with different 

1.60 

1.50 

1.40 

1.30 

1.28 

Fig. 23. — ^EpPECT op ALUmNtJM content on HAEDENABILITY, PETE-RyiNEP EXPEEIMENTALLy. 

1.60 

1.50 

1.40 

1.30 

1.20 

1.10 

1.00 

L 

Fig. 24. — Multiplyeng p actor for calculation op efpect op aluminum on hardenabiuty. 




Aluminum 

The effect of aluminum addition must be 
considered rather differently from that of 
the other elements, because of its effect on 
gr^n size and its rather complete dimina- 


aluminum additions® gave the data of Table 
14. In the first three ingots — ^namely, with 
o, H and H lb. per ton — ^the final sted 
contained very little aluminum. In the 
last two — ^namely, with i lb. per ton and 
2 lb. per ton added — ^the residual alu- 
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jtninums were as shown. It was therefore slender basis the line shown in Fig. 24 was 
Concluded that the increase in hardenability drawn. It is thus judged that aluminum is a 
fin those two steels was due to the effect powerful alloying element for hardenability, 


BOROK PERCENT ADDED 


BORON J PERCENT ADDED 


.0005 .001 .0015 

Fig, 25. — Etpect of boron content on hardenability, determined experimentally. 


ENT ADDED 


26. — ^Multiplyino factor for calculation of effect of boron on hardenability. 

fe^bminuBi present in solution as alloy, having an effectiveness possibly of the order 
toils hs^'tetability effect could therefore of chromium or manganese. The line in 
The points are plotted as Fig. 24 must not be used below about 
m fig. 23, and on this admittedly 0.02 per cent Al. 
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It may be pointed out that the fine- column, the first two steels are practically 
grained steels, made fine-grained by the identical in hardenability when corrected 
addition of aluminum, generally contain for grain size; and, furthermore, they 
in the neighborhood of 0.025 cent Al. accord almost precisely with the calculated 


MANGANESE / 


EXTENSION/ 






£0 .80 IJOO 1.20 U40 lj60 180 

Fig, 27. — ^Assembly op multiplyeng factors for a variety op elements. 


This small amount would increase the 
hardenability by possibly only 5 per cent 
or so. Such a residual aluminum content is 
brought about by the addition of possibly 
lb. per ton, but if it were deemed advisa- 
ble the hardenability could apparently be 
increased, say 20 per cent, by adding pos- 
sibly 2 lb. of aluminum per ton (in the ca^ 
of a medium-carbon steel) instead of the 
smaller amoimt required merely for grain- 
growth restriction. 

The application of the present harden- 
ability formula to these aluminum-treated 
steels brings to hght an interesting circum- 
stance. The first three steels give the results 
listed in Table 15. As shown by the third 


figure. The third steel, however, even whesi 
corrected for its finer grain aze, has much 

Table 15. — Three Steels wUh Aluminum 
Additions 


“Total 
Aluminum/' 
Per Cent 

Average 

Grain 

Siae 

Actual Di 
Corrected to 
No. s Grain 
Sise 

Calculated Di 
Corrected to 
No. s Grain 
Si 2 e 

0,003 

3-5 

1,62 

1. 61 

0.006 

4-7 

1.59 

i.SS 

0.02 

5.8 

1. 31 

1.67 


less hardenability than the other two, and 
likewise much less than the calculated 
value. It will be rememb^ed that this sled 
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received its aluminum treatment in the (where the aluminum is added in the ladle) 
mold, and it seems possible that particles do not behave in this manner, as witness, 



Fig. 28. — Chabt tor estimating ideal critical diameter trom Jominy distance, or vice 

VERSA. 



Fig. 29.~^arbon coi^nt in relation to hardness or 50 ter cent martensite structure. 

SoKd line is for plain carbon steels. Shaded portion shows range encountered in low-alloy and 
medium-alloy steels, 

of alumina, not eliminated from the steel, for example, the fact that commercial 
acted to nucleate pearlite and so lessen the steels generally conform to the present 
hardenability. Ordinary commerdal steels proposed formula. 
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Boron 

Boron is an outstandingly powerful 
element for increasing kardenability, hav- 
ing its maximum effect when adding the 
extremely minute amount of 0.0025 per 
cent. It is not possible to state the precise 
amounts actually remaining alloyed with 
the steel, since the analytical methods for 
such excessively small quantities are unsatis- 


Relation to Jomixy Enb-quexch Test 

Data on hardenability will frequently 
be available or desired in terms of the 
Jominy end-quench test (distance from the 
quenched end), rather than in terms of ideal 
critical diameter. The relation between 
Jominy distance and ideal diameter has 
already been reported,® and Fig. 28 is a 
chart showing the relationship. 


Table 16. — Steels for Study of Effect of Boron 


Compositioii, Per Cent 

Average 

Grain 

Size 

Ideal Diameter 
Di Corrected 
to No. 5 
Grain Size 

Factor 

C 

Mn 

P 

S 

Si 

Ni 

Cr 

Ctl 

B Added 

0.63 

0.94 

0.0181 

0.025 

0.19 

0.04 

0.03 

0.02 

none 

6.2 

1.69 


0.63 

0.94 

0.0i8| 

0.025 

0.19 

0.04 

0.03 

0.02 

0.0003 

6.2 

1.80 


0.63 

0.94 

0.018 

0.025 

0.19 

0.04 

0.03 

0.02 

0.0004 

6.2 

1.83 


0.63 

0.94 

0.018 

0.025^ 

0.19 

0.04 

0.03 

0.02 

0.0010 

6.2 

1.86 


0.66 

0.86 

0.014 

0.028 

0.24 

0.03 

0.04 

0.02 

none 

6 

1.68 


0.66 

0.86 

0.014 

0.028 

0.24 

0.03 

0.04 

0.03 

0.0006s 

6 

1.79 


0.66 

0.86 

0.014 

0.028 

0.24 

0.03 

0.04 

0.02 

0.00125 

, 6 

1.87 


0.63 

0.87 

O.OII 

0.026 

0.22 

0.02 

0.04 

0.02 

none 

4 .S 

1. 71 


0.63 

0.87 

O.OII 

0.026 

0.22 

0.02 

0.04 

0.02 

0.002s 

6 

2.56 

1.496 

0.63 

0.87 

0.017 

0.028 

0.17 

o.os 

0.06 

0.04 

none 

4 .S 

1.70 


0.62 

0.87 

0.017 

0.028 

0.17 

0.05 

0.06 

0.04 

0.00s 

5 .S 

2.38 

1.40 

0.61 

0.90 

0.012 

0.023 

0.17 

o.os 

0.08 

0.03 

none 

4-5 



0.61 

0.90 

0.012 

0.023 

0.17 

o.os 

0.08 

0.03 

0.0125 

5-5 

■H 

1.386 


factory. The data in Table 16 refer to 
percentages of boron added to the steel, 
the percentage recovery being unknown. 
The data for the first two heats, contain- 
ing extremely minute amounts of boron, are 
plotted in Fig. 25. This provided a probable 
factor for the small amounts, and, together 
with the factors for somewhat larger 
amounts, as noted in Table 16, provided 
the figures for the general chart of Fig. 26. 
The reason for the drop in the curve with 
the larger percentages is not yet known, 
although there is some evidence that higher 
heat-treating temperatures produce an 
increased effect, suggesting that the boron 
is at least in part possibly present as stable 
carbides. The data in Figs. 25 and 26 refer 
to a quenching temperature of i5oo®F. 

Comparison 

For purposes of comparison, the graphs 
for most of the principal alloying elements 
are assembled in Fig. 27. 


Fig. 28 makes it possible to check results 
obtained in a Jominy test against the 
predictions of hardenability using the 
present proposed charts. 

Hardness of the 50 Per Cent 
Martensite Structure 
In estimating critical diameter, the point 
of interest is the suje of bar in which the 
structure is 50 per cent martensite at the 
center, or the depth in a quenched bar at 
which the structure is 50 per cent martens- 
ite. Clearly the hardness at this point is 
due in part to the martensite and in part to 
the nonmartensitic structure. When the 
nonmartensitic portion is fine pearlite 
(nodular troostite), as in the plain carbon 
steels, there is a quite regular relationship 
between the carbon content of the steel 
and the hardness of the 50 per cent martens- 
ite point, and this relationship is shown by 
the line at the lower boundary of the cross- 
hatched r^on in Fig. 29. But as the 
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hardenability of the steel increases, the 
character of the nonmartensitic portion 
changes (often to upper bainite or other 
complex structures) and the hardness of 


hardens in any actual quench may be 
predicted by the use of Fig. 2. In order to be 
able to use Fig. 2, it is of course necessary 
to know the actual severity of quench. If it 


Table 17. — S&oerity of Quench 


i 

ou 


Brine 


0.2$ to 0.30 
0.30 to 0.35 
0.35 to 0.40 
0.4 to 0.5 
0.5 to 0.8 

0 . 9 to 1.0 

1 . 0 to I . I 

a 

Mild circtila.tiozi (or £igit8,tion) - 

2 to 2 . 2 

Moderate circulation 

1 . 2 to I . 3 

Crond r*?rr*iTla.t.inn - 

1.4 to 1. 5 

1 . 6 to 2 . 


Strong circulation 


Violent ciroiilation .. 

0.8 to I. I 

4 

5 





Table 18. — Typical Tests 


Average 

Grain 

Size 

Composition of Steds, Per Cent | 

Calculated 

Di 

Actual 

Di 

C 

Mn 

P 

S 

Si 

Ni 

Cr 

Cu 

Mo 

4.6 

0.41 

0-79 


0.026 

0.20 

0.07 

0.07 

0.03 


1.35® 

1 - 34 ® 

7 

0-63 

0.94 


0.027 

0.20 

0.03 

0.0s 

0.02 


1.58® 

1. 71® 

5 

0.61 

0.8s 

0.017 

0.02s 

0.33 

0.06 

0.0s 

0.02 


1.82** 

1.87® 

6.2 

0.6$ 

1.04 

o.ois 

0.025 

0.19 

0.03 

0.27 

0.02 


2.84* 

2.66® 

6.2 

0.66 

0.97 

0.019 

0.020 

0,25 

0.03 

0.07 

0.02 

0. 10 

2.70® 

2. S 3 ® 

7 

0.51 

I. os 

0.014 

0.029 

0.29 


0.21 

0.06 


2.10 

2.22 

5 

0.39 

1.74 

0.023 

0.021 

0.26 

O.OI 

0.13 

0.07 


2.89 

2.77 

6 

0.57 

0.68 

0.019 

0.028 

2.00 


0. 17 

0.0s 


2.2s 

2.28 

7 

0.69 

0.81 

0.014 

0.024 

0.24 

O.OI 

? 

0.08 

0.22 

2.18 

2.4 

6 

0.40 

1.70 

0.022 

0.030 

0.21 

0.21 

0.13 

0.06 

0.05 

3.15 

2.70 

7 

0.41 

1.82 

0.01s 

0.024 

0.21 

0.18 

0.09 

0.10 

0.03 

2.93 

2.77 

7 

0.41 

1. 8s 

0.019 

0.029 

0.25 

0.13 

0. 10 

0.09 

0.02 

3,02 

3.07 

6 

0.41 

1.77 

0.019 

0,014 

0.20 

0.28 

0.16 

0.07 

o.os 

3.41 

3.17 

7 

0.46 

1.88 

0.019 

0.024 

0.25 

O.is 

0.12 

0.05 

0.03 

3.42 

3.63 

6 

0,45 

2,01 

0.028 

0.019 

0.22 

0.18 

0.20 

0.06 

0.04 

4.20 

4.22 


• Referred to No. 5 grain size. 


the 50 per cent martensite point is higher. 
The crosshatched region in Fig. 29 indicates 
the range that may be encountered. In 
attempts to apply the proposed harden- 
ability formula, it is desirable to know the 
hardness of the 50 per cent martensite 
point for the particular steel being investi- 
gated, though in most cases this can be 
judged readily from the point of inflection 
in a hardness distribution curve. 

Severity or Quench 

The ideal diameter Dj denotes (as men- 
tioned previously) the aze of bar that just 
hardens fully, without an unhardened core, 
in an ideal (severest posable) quench. 
Actual quiches in practice are kss drastic 
than the ideal quench, so that the size that 
win just hardai fully is ^naHer than the 
ideal d i ame ter Dj. The size that |ist 


is not feasible to ascertain the severity of 
quench experimentally, the figures in Table 
17 may be used as a guide. 

In the original article in which some of 
the present quantitative data were re- 
ported,* the severity of quench then esti- 
mated appears now to have been too high. 
In calculating ideal diameter Dj from the 
data there given, the figure adopted here 
as representing severity of quench was in 
most cases E = 1.4, and was in no case 
higher than E — 2.0- 

RELiABnrry or Predictions or 
Hardenability 

The method pr<^>osed here for calcu- 
lating hardenability has been checked 
a^inst a csc^derable number of 

tests, employing the graphs shown, and in 
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the great majority of cases the experi- 
mental values are found to be well 
within 10 per cent of the predicted 
values. A few typical instances are given 
in Table 18. 

In the presence of substantial amounts 
of carbide-forming elements (Cr, V, etc.), 
the extent of hardening cannot be predicted 
(see discussion of those elements) although 
calculation can show the maximum possi- 
ble hardenability and suggest the probable 
behavior. 

To repeat the precautions: Be sure that 
all alloying elements are taken into account, 
including ‘‘incidentals”; ascertain the 
actual grain size at the hardening tempera- 
ture; know the severity of quench as 
accurately as possible; do not overlook 
insoluble carbides when they may be 
present. 
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DISCUSSION 

(jB. C. Bain presiding) 

A. P. Edson,* Bayonne, N. J. — For some 
time we have been concerned with the caku- 

* Intematioiial Nickel Co., Research Labora- 
t£3ry. 


lation of hardenability from the chemical com- 
position of steel, and therefore find this paper 
most interesting. However, it raises one ques- 
tion : that is, the extent to which the relations 
shown can safely be regarded as linear. The 
composition ranges covered by the actual data 
used in this paper for determination of the 
factors for the various elements seem too 
limited in most cases to justify extensive linear 
extrapolation. A sufficiently short segment of 
any curve may be successfully represented by 
a strai^t line, which quickly comes to grief 
when extrapolated. The question then arises 
whether the linearity observed in the data pre- 
sented is inherent in the relation or represents 
straight-line approximation over a very short 
range in a fundamentally nonlinear system. 
We have been accustomed to regard the influ- 
ence of alloying elements on the hardenability 
of steel as generally better represented by an 
S-shaped curve, for we have encountered 
marked curvature and even reversals of the 
effects of some elements within the concentra- 
tion limits discussed by Dr. Grossmann. 

The data for the fine-grained steel of Fig. 3 
might be somewhat better fitted by a straight 
line of lower slope, which we associate with 
steels of low hardenability, while the steels with 
4.5 grain size show the rising characteristic 
associated with low-intermediate hardenability. 
If the two sets of data shown are joined in this 
figure, by shifting the upper curve 0.07 per cent 
phosphorus to the right in order to compensate 
for the hardenability effect of the difference in 
grain aze, a combined curve represents the 
lower portion of the S-shaped hardenability 
curve. 

It is believed that the interpolated range for 
the effect of silicon in Fig. 8 is incorrect. The 
curve for this element has been found concave 
upward in its lower reaches, with a majnTrt nm 
in the interpolated range at a point determined 
by the base composition of the steel. The curve 
is somewhat similar in shape to that shown for 
boron in Fig. 26. 

In Fig. 9 and Table 6 the effect of nickel 
has been determined for residual” amounts 
only. It is our experience that the effect of this 
element is not aiwajrs a simple function of its 
concentration, and we therefore que^ion the 
rixfold extrapolation of the data shown. To 
supplement the author’s data on tins ebment, 
in Table 19 data are submitted on three closely 
amilar steels, which contain i p«r cent, 2 pear 
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cent and 3.5 per cent of nickel. Because of 
minor differences of composition and grain size, 
tlie hardenabilities of these steels cannot im- 
mediately be directly compared. However, be- 


volved. In Fig. 30 these data are plotted with 
those shown by Dr. Grossmann for the range 
0.05 to 0.24 per cent nickel. Fig. 30 immedi- 
ately reveals that these data can be reconciled 


Table 19. — Effect of Nickel 



1. 00 Per Cent Nickel 

2.02 Per Cent Nickel 

3.S0 Per Cent Nickel 

Per Cent 1 

1 

Factor 

Per Cent 

Factor 

Per Cent 

Factor 

Grain Si2e 

7 

6 

6 

Carbon 

0.45 

0.23 

0.46 

0.25 

0.4s 

0.23 

Manganese 

0.73 

3.40 

0.77 

3.4s 

0.66 

3.1s 

Silicon 

0. 17 

1. 14 

0.18 

I. IS 

0. 13 

1 . 12 

Calctilated base Di 

0.80 

0. 

99 

0. 

88 

Observed Di 

I. 

60 

2. 

SO 

3. 

10 

Nickel factor® 

I. 

80 

2. 

S 3 

3. 

— j 

52 


« Observed Dj 
Calculated base Di 


cause the base compositions of these steels 
(exclusive of nickel) fall within the ranges 
studied experimentally by Dr. Grossmann, we 
may safely calculate from his formula the 



Fig. 30, — Eppect of nickel versus author's 

EXTRAPOLATION. 


inherent hardenability of the base composition 
of each of these steels. If we now divide the 
observed ideal critical diameter of each steel 
by the Dj value calculated from its base com- 
position, we eliminate the effects of ail other 
known variables and secure factors for the 
effect of the three nickel concentrations in- 


only by an S-shaped curve in the region o to 
I per cent nickel. The author’s linear extrap- 
olation of his data is completely irreconcilable 
with the experimental points at i and 2 per cent 
nickel. All of the data shown in Fig. 30 could 
be fitted reasonably well by a straight line of 
approximately twice the slope chosen by Dr. 
Grossmann, but it is our belief that such a line 
does not represent the true relation, although 
it may provide an acceptable engineering 
approximation. The hazard inherent in extend- 
ing a narrow range of data by means of 
extrapolation based on the concept of lin- 
earity is clearly shown in Fig. 30. The assump- 
tion that the effect of copper is equivalent 
to that of nickel in the complete absence of 
confirmatory data seems equally hazardous. 
Even for manganese, for which the author 
presents numerous data, the straight-line rela- 
tion is not well established. The supplementary 
points shown in Fig. 13 indicate a general in- 
crease of hardenability with increasing manga- 
nese content, but contribute no support to the 
thesis of linearity, for they may be equally well 
or better fitted by a curve that is concave 
upward. 

Another indication of a possible S shape for 
the curve that relates composition to harden- 
ability may be secured by inspection of the 
data of Fig. i. The calculated and experimental 
values in the range shown fall fairly well along 
a straight line, but for the steeb of lowest 
hardenability the cakulated ideal critical di- 
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ameters tend to be lower tban those observed, 
while for steels of high hardenability the reverse 
is true. These data could be fitted better by the 
suggested S-curve than by the straight line 
shown. 

Indirect support for our belief in the S shape 
of the alloy content vs. hardenability curve is 
derived from a current paper by the writer.® 
In this paper on the maximum hardness de- 
veloped in steel adjacent to metallic arc welds, 
we found, as does Dr. Grossmann, that harden- 
ing is related to composition by factors rather 
than by additive increments. However, weld- 
zone hardness is shown to be an exponential, 
rather than linear, function of allo^’ concen- 
tration in the composition range of common 
engineering steels. At higher alloy levels, the 
hardening effect of changes in composition be- 
comes less until further alloy additions have 
little effect, and may even decrease hardening. 
Silicon has such an effect. We recognize, of 
course, that weld-zone hardness is not directly 
comparable to ideal critical diameter, but under 
the constant mild quenching conditions in- 
volved in welding it would seem that major 
changes in hardness should reflect changes in 
hardenability. If this is true, it becomes most 
difficult to reconcile the straight-line harden- 
ability relation proposed in this paper with the 
thoroughly curvilinear relation found for weld- 
zone hardening. 

Whatever the proper relation between com- 
position and hardenability, we should like to 
see the range of data presented by Dr. Gross- 
mann to determine the effects of the aUojdng 
elements considerably extended, if the use of 
the calculation described is not to be limited to 
“incidental” or “residual” alloy contents. 

B. F. Shepheed,* Phillipsburg, N, J. — ^Too 
many of our scientific papers merely further our 
scientific knowledge. This, of course, is highly 
desirable, but the maximum good from any 
scientific research is obtained only when the 
scientific facts are practically applied to the 
better control of quality or improvement in 
quality of machinery parts. I wish many of our 
younger Doctors of Science woidd keep this 
angle in mind. 


® A. P. Edson: Weld Hardening and Steel 
Composition. Metals and Alloys (June 1942) i 5 » 
966. 

* Chief Metallurgist, IngersoU-Rand Co. 


The present paper adds another stepping 
stone to our knowledge on the ver}- important 
subject of hardenabilit}". The calculations of 
hardenability from the chemical composition 
require, of course, the actual existence of 
samples and a complete chemical analj’sis. In 
addition, the as-quenched grain size must be 
determined, which involves hardening of speci- 
mens. Mr. Grossmann has shown previouslt" 
that the “ideal critical diameter” can be deter- 
mined by quenching several bars of var3ing 
size. It would seem that this previous procedure 
is a simpler method to determine hardenability 
than the complicated chemical, heat-treatment 
and mathematical formula described in the 
paper. The latter method would serve best to 
determine the manner in which the chemical 
composition should be altered in order to pro- 
duce a desired hardenabilitj". 

Om: attempts mam’ years ago to control 
hardenabilitj’ were based on extremely close 
chemical specifications for manganese and sili- 
con. The influence of chromium was recognized 
b}’ calling for 0.03 maximum. The steel was a 
simple carbon tool steel of hj’pereutectoid com- 
position and most of my remarks will deal with 
this material. 

In 1912 and 1913 we segregated heats of 1.05 
carbon steel hy analj’zing ever}^ bar for chro- 
mium and utilizing them in groups of 0.015 plus 
or minus chromium. We could notice the differ- 
ence between these groups on a carefully con- 
trolled, precise hardening operation. 

Of course, chemical composition alone was 
not adequate and eventually we recognized the 
influence of grain size. Man}’ specifications 
have since been prepared that use grain size 
and hardenability as a primary method of 
expressing the qualities desired, chemical analy- 
sis being relatively secondar}’. 

I look forward to an extension of this idea 
and a recognition of what I must still call 
“personality,” for lack of a better term. It is 
now quite generally recognized that steels of 
similar chemical composition may have the 
same hardenability and fracture characteristics 
at normal hardening temperatures. A profitable 
line of research would be to determine whether 
the difference in behavior between heats at the 
higher temperatures is reflected in a difference 
in service life of parts quenched from normal 
hardening temperatures wffiere this difference 
is not evidenced. 
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I divided steels, by the P-F test, into 
four groups regarding their sensitivity to 
temperature: 

1. The ones that were relativel}^ insensitive 
to increase in case depth and increase in grain 
size. 

2. The ones that were extremely sensitive 
and increased rapidly in both depth of hardness 
and coarseness of grain with slight increases in 
quenching temperature. 

3. The steels that increased rapidly in pene- 
tration but did this with relatively small in- 
creases in coarseness of fracture. 

4. The very rare type that was relatively 
insensitive to penetration but coarsened in 
grain rapidly. 

We regularl}^ buy large quantities of a tool 
steel that shows very little increase in pene- 
tration or coarseness of grain over a quenching 
range of iso®F. 

Dr. Grossmann mentioned that the harden- 
ability of hypereutectoid could be predicted 
only if the carbides were taken into complete 
solution. This work would require quenching 
temperatures that would be impractical. I do 
not know how extensively he has investigated 
this phase, but the undissolved carbides in 
hypereutectoid steels have considerable influ- 
ence upon the hardenability. 

Certain heats of the simple carbon steels of 
the same chemical composition have what I 
call a “stubborn” characteristic; that is, they 
require in a prehardening, normalizing treat- 
ment a considerably longer soak at temperature 
to produce similar structures. 

If these steels are not given this longer soak 
at temperature, the hardenability will be differ- 
ent. Our soaking time for the prehardening 
normalizing quench must be considerably longer 
than necessary for normal heats in order to 
take care of a relatively small percentage of the 
so-called “stubborn” heats. It is much easier 
to add this extra time than to determine which 
heats are “stubborn” and handle them 
individually. 

From the discussion of the severity of quench, 
it might seem that less severe quenches could 
be used to neutralize or compensate for higher 
hardenability. This is not the most desirable 
way of controlling the finished product. Any 
reduction in the severity of quench carries 
with it the definite possibility of soft spots on 
parts of intricate section. The best way to con- 


trol depth of hardness is to use a ver}^ severe 
quench and the minimum hardenability ma- 
terial that will give the depth desired with this 
quench. Hardening strains can be taken care of 
in other ways. 

J. B. Austin,* Kearny, N. J. — ^I should like 
to ask Dr. Grossmann whether he has compared 
the multiplying factors for the different ele- 
ments on the basis of atomic per cent rather 
than weight per cent; that is, on the basis of 
the presence of an equal number of atoms of 
alloying element. 

H. J. French, t New York, N. Y. — ^I would 
like to ask a question concerning a detail that 
does not seem to have been mentioned in the 
paper. It relates to the control necessary when 
a given degree of hardenability is secured, not 
by additions of one or two alloying elements but 
from a combination of smaller additions of 
.many elements, the majority of which may be 
oxidizable in molten iron. Have we under oper- 
ating conditions in open-hearth steel manu- 
facture the controls necessary to expect 
consistent adherence to a minimum harden- 
ability without wasting alloys? 

G. F. Comstock, t Niagara Falls, N. Y. — 
The method of calculating hardenabilit}^ 
described in this interesting paper should be 
useful in many instances when steels of fairly 
surular composition have to be compared 
rapidly. For comparing steels of very different 
analysis, however, the various precautions 
noted by the author should be carefully fol- 
lowed, and probably other instances of inter- 
related effects, such as that of sulphur on man- 
ganese, will be found as experience with the 
method develops. The factor for titanium, for 
instance, if that is eventually worked out, will 
probably be found to depend on the carbon 
content of the steel, as well as on the heat- 
treatment and possibly on other alloys. 

The writer’s experience agrees with the 
author’s in regard to the remarkable effective- 
ness of small quantities of boron on harden- 
ability, but not in the influence on grain size 
as reported in Table 16. As shown in another 

* Research Laboratory, U. S. Steel Corpo- 
ration. 

t International Nickel Co. 

$ Titanium Alloy Manufacturing Co. 
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paper, boron has been found to promote a 
tendenc}' toward coarser grain size, at least in 
aluminum-deoxidized 0.40 per cent carbon 
steels. The tendency was marked when ferro- 
boron was used, and could also be distinguished 
to a very slight degree in steels treated with 
complex deoxidizers containing boron together 
with the grain-refining elements titanium and 
aluminum. 

M. A. Grossmann (author’s reply). — With 
regard to the so-called linear relationship 
questioned by Mr. Edson, our position is as 
follows: There is at present no accepted exposi- 
tion of the mechanism whereby alloys increase 
the hardenability; hence there is no theoretical 
reason to expect a particular form of line or 
curve; much less is there any occasion to believe 
that all elements would behave similarly. It 
seemed best therefore to draw the relationships 
in the manner suggested to us by the data; 
namely, a straight-line relationship for six of 
the elements and some form of curve for five. 

With reference to the specific case of phos- 
phorus, further data seem to indicate more than 
ever that a straight-line relationship is valid up 
to 0.100 per cent P. We are much interested in 
the comments on silicon and hope the precise 
data may be published. With regard to the 
hazards of extrapolation, we agree, of course, 
with Mr. Edson, and therefore have nothing to 
add to the reservations already made in the 
body of the paper. With regard to nickel, we 
feel constrained to point out that the data of 
his Table 19 disregard the “incidental” 
elements chromium, copper and molybdenum, 
which are therefore necessarily included in the 
so-called nickel factor. Perhaps this is wh}^ we 
have not been able to check his high nickel 
values. Some recent data seem to indicate a 
moderate upward trend in the nickel curve, up 
to a multiplying factor of about 3.0 for 3.5 per 
cent nickel. 

We appreciate Mr. Shepherd’s stimulating 
discussion. We agree, indeed, that the best way 
to arrive at a hardenability value for a piece of 


10 G. F. Comstock: this volume, page 408. 


steel is to “dunk” it in water and obtain an 
actual measurement and that the chief value 
of anj" “formula” is to estimate what chemical 
modification is needed for a desired change in 
hardenability. 

With regard to Mr. Shepherd’s well-known 
P-F test, the researches he suggests would 
indeed be informative. As to calculating the 
hardenabiliU" of hj’pereutectoid steels, we 
agree and even emphasize that undissolved 
carbides have an effect on the hardenability, 
and we therefore have no reason to believe that 
the proposed formulas would appl^’’ with any 
precision in such cases. As to “stubborn” heats 
with their carbides of probable slow rate of 
solution, and with regard to severity of quench, 
we agree with the tenor of Mr. Shepherd’s 
remarks. 

Following Dr. Austin’s suggestion, we have 
plotted some of the factors against atomic per 
cent instead of weight per cent, and have not 
been able to discover any regular pattern of 
relationship, which means only what it says: 
We have not been able to discover it. 

Mr. French raises a question about the 
necessary’ control in open-hearth steel manufac- 
ture in order to avoid wasting alloys, when 
using small amounts of a number of alloys. 
This is complicated in peacetime by the relation 
of the hardenability effect of the various alloys 
to their cost. To anj^one mathematically 
inclined, we recommend this as an exercise, 
which we have found to be fascinating but far 
from simple. In wartime, when utmost use 
must be made of aE alloys, possibly current 
experience with National Emergenc}^ (N. E.) 
steels (many of which contain small amounts of 
several alloys) may provide data as to adequacy 
of control in manufacture. 

We note with interest Air. Comstock’s 
recommended precautions with regard to the 
interplay of elements. With regard to boron, we 
too have noted that there is sometimes a 
coarsening of the grain, though there is some- 
times refinement. We w-ould also agree that the 
titanium effect wili probably be found to 
depend on the carbon content as well as the 
heat-treatment. 



Recry steillization of Silicon Ferrite in Terms of Rate of Nucleation 

and Rate of Growth 

By J. K. Stanley* and R. F. MEHL,t Member A.I.M.E. 

(New York Meeting, February 1942) 


The recrystallization of cold-worked 
metals is studied ordinarily by determining 
the temperatures required for complete 
recrystallization to occur within a given 
arbitrary time period, usually within 15 
min. to 2 hr. The results obtained are con- 
ventionally assembled in a three-dimen- 
sional diagram relating this temperature 
to the amount of cold-work (percentage 
deformation) and the resultant grain size, 
though sometimes other modes of repre- 
sentation are employed.^ Such three- 
dimensional diagrams are not complete, 
for the number of variables exceeds the 
number represented. 

The process of recrystaJlization is char- 
acterized by a time-rate, a fact that is not 
portrayed upon ordinary recrystaUization 
diagrams. It is known that recrystalliza- 
tion consists in the formation of new nuclei 
and the growth of these nuclei, a process 
that continues until the matrix is com- 
pletely consumed and the original set of 
grains entirely replaced by the new. This 
knowledge is old.^ Truly heterogeneous 
reactions invariably proceed by nucleation 
and growth; the decomposition of eutectoid 
solid solutions provides an example about 
which much is known, ^ and freezing, 
originally studied by Tammann, provides 
the classic example. Although recrystal- 
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lization is not a heterogeneous reaction 
within the orthodox meaning of the term, 
the mechanism of the process is the same. 

As in eutectoid inversion and freezing, 
it should be possible- to study the rate of 
isothermal recrystallization as a function 
of time, and it should also be possible to 
analyze the isothermal reaction curve into 
the component rates of nucleation and 
growth that determine them.* Other 
methods, not employing the rates of 
nucleation and growth, have been used to 
represent the rates of such reactions, but 
these in general have been artificial and 
have not led to progress. The theory 
of recrystallization is not in advanced 
state; if recrystaUization data were ob- 
tained in terms of the rate of isothermal 
recrystaUization, and in terms of the rate 
of nucleation and the rate of growth of 
recrystaUized grains, and in particular if 
the temperature coeflGLcients of these rates 
were measured accurately, an adequate 
theory should be more readily developed.®^ 

Such an effort requires proper experi- 
mental technique, but especiaUy requires 
suitable methods of mathematical analysis 
to convert measurements made upon a 
surface of polish into values for the rate of 
nucleation and the rate of growth and to 
combine these into a rate of isothermal 
recrystaUization. These methods are now 
avaUable for the case of three-dimen- 
sional recrystaUization (recrystaUization of 


* See discussion of this by R. F. MehH and also 
by W. A. Johnson and R. F. Mehl.® 

tThis objection can be raised to the method by 
Rothe* and that by E. Piwowarsky.’’ 
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massive pieces);® methods for the case of 
two-dimensional recrystallization (recrys- 
tallization of thin sheets where the diam- 
eter of the recrystallized grain is much 
greater than the sheet thickness) will he 
presented in the present paper. 

The rate of recrystaUization at constant 
temperature is the greater, the greater the 
degree of cold- work; it is the greater, the 
higher the temperature; and it is also 
the greater, the smaller the original grain 
size .^*2 In some cases, crystal recovery, 
intruded between the cold-work and the 
recrystallization, has been observed to 
decrease the rate of recrystallization (pide 
infra). Finally, the rate frequently is 
changed by variations in composition, 
whether large or small. ^ These are the chief 
variables affecting the rate of recrystaUiza- 
tion; they are, accordingly, also the varia- 
bles that must be considered in analyzing 
the rate of recrystaUization into the com- 
ponent rate of nucleation and rate of 
growth. The present paper wiU provide an 
account of the determination of the rate of 
nucleation, N, and the rate of growth, G, in 
the recrystaUization of alpha iron vrith i 
per cent Si in solid solution, recrystallized 
at a single temperature after a single degree 
of cold- working; it wiU furnish methods by 
which the effect of the enumerated varia- 
bles may be ascertained. The phenomenon 
of grain coalescence, occurring essentiaUy 
subsequent to actual recrystaUization,^ 
wUl not be considered. 

Prior Work 

A number of measurements of the rate of 
growth of recrystaUized grains have been 
made; there have been few attempts to 
measure the rate of nucleation, and in gen- 
eral they have not been satisfactory. 
Concomitant measurements of the rate of 
nucleation and the rate of growth, and a 
determination of the corresponding iso- 
thermal recrystaUization curve, obviously 
are required if the measurements are to 
throw much light on the recr3rsta]lization 


process. There are no cases where this 
desideratum has been attained. 


Rate of Growth 

Polanyi and Schmid® measured G for the 
recrystaUization of strained single cr^-stals 



Fig. I. — Silicon ferrite before recrys- 
tallization. Etched with Nital. X 100. 


of tin and found G to decrease with time. 
Hanemann® reported G to be constant with 
time in alpha iron. Van Arkel and van 
Bruggen,^® working with polyay’^stalline 
aluminum, and van Arkel and van Ams tel,^^ 
working with polycrystalline tin, stated 
that the rate of growth increases with 
deformation and temperature but did not 
actuaUy measure G. Kamop and Sachs^® 
determined G for polycrystalline aluminum, 
finding it to remain constant with time, and 
approximated the effect of temperature and 
percentage deformation upon G for the 
recrystaUization of copper. Komfeld and 
Pawlow^® measured G for polyaystalline 
aluminum (wire), finding G constant with 
time and unaffected by prior recovery. 
They foimd that the curve of the radius of 
the recrystaUized grain plotted against 
time intercepted the time axis at a positive 
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Fig. 2. — Progress op recrystallization at 77o®C. in silicon ferrite after 4 per cent 

ELONGATION IN TENSION. EtCHED WITH 10 PER CENT NiTAL. X 6.6. 

Fig. 2(1, 25 minutes. Fig. 25 . 70 minutes. Fig. 2c. 100 minutes. Fig. 2<i. 120 minutes. Fig. 2e 
150 minutes. Fig. 2/. 190 minutes. 
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value, providing an ^‘induction period.” anistropy in G for polycrystalline aluminum 
Kornfeld^'* later reported that G varies with and reported that G varies exponentially 
direction in a sample of aluminum wire with temperature. Komfeld and Scha- 
bearing a preferred orientation. Komfeld marin^® reported on studies of G in single 




and Sawizki^®'^® pointed out that the final 
grain size upon recrystallization is depend- 
ent upon the cooperation of N and G, and 
measured G for alpha ferrosilicon (0.6 per 
cent Si), tin, and cadmium, finding G 
constant with time. Komfeld and Scha- 
marin^^ found G in polycrystalline alumi- 
num to remain constant with time and to 
increase as the prior strain is increased. 
Kornfeld and Pawlow^® again studied the 


crystals of aluminum, fibading G not affected 
by recovery, as did Collins and Mathew- 
son.2° Ivemova^^ reported G in the recrys- 
taJlization of steel to be unaffected by 
aluminum and vanadium additions. IMasing 
and Staunau^^ measured G for the recrystal- 
lization of zinc sheet, finding G constant 
with time. Schmid and Boas*® compared the 
rates of growth for polycrystalline tin^^ and 
the growth for a single crystal of alumi- 
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and find the growth to be greater in 
the polycrystalline material. 

Rate of Nucleation 

Karnop and Sachs^^ made an approxima- 
tion of N in polycrystalline copper and of 


Materials for Present Tests 

The analysis of the isothermal reaction 
curve in terms of N and G is much facili- 
tated if the recrystallized grains grow to 
approximate spheres, for the geometrical 



Fro. 5. — Photomicrograph taren normal to sheet, showing new grains appearing at 

SHEET SURFACE. CROSS SECTIONS OF TWO SHEETS SHOWN. EtCHED WITH $ PER CENT NiTAL. X lOO. 


its variation with temperature and percent- 
age deformation. Kornfeld and Schamarin^^ 
and Komfeld^® determined N for the 
recrystallization of polycrystalline alumi- 
num, using a somewhat questionable 
method of analysis derived to apply to 
small samples, finding N to increase with 
time, to be decreased by prior recovery, and 
to increase with increasing deformation. 
Komfeld and Pawlow^® report N in poly- 
crystalline aluminum to be decreased by 
prior recovery, and Komfeld and Scha- 
marin^® report iV in a single crystal of 
aluminum to be increased by prior re- 
covery. Ivernova^i approximated N in 
steels with aluminum and vanadium addi- 
tions, finding that these alloys increase N, 
Collins and Mathewson^® report recovery 
to lower N in the recrystallization of single 
crystals of aluminum. 


considerations involved in developing the 
generalized reaction curve are simpler. 
Silicon ferrite was chosen for this first study 
because it has been shown that under suit- 
able conditions the recrystallized grains 
grow into unusually perfect spheres (p. 147 
of ref. 7). It has frequently been observed 
that metals generally develop recrystallized 
grains of a multitude of irregular shapes. 
The experimental determination of N and 
G is facilitated by simple surface studies on 
thin sheet, and the data are valid when the 
diameter of the recrystallized grain is much 
greater than the thickness of the sheet. 

The silicon ferrite used had the following 
composition: silicon, 1.04 per cent; sul- 
phur, 0.009; phosphorus, 0.010; manganese, 
0.035; carbon, 0.006. 

This material was prepared from electro- 
lytic iron and high-purity silicon; the iron 
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was melted in an induction furnace under 
hydrogen and the silicon was added. The 
melt was cast, cleaned, forged, and hot- 
rolled to strip 0.100 in. thick by 1.25 in. 
wide. This strip was cleaned and cold-rolled 
to o.oi 2 in. thick (88 per cent reduction) in 
several steps without intermediate anneal- 
ing. This was cut to 12-in. lengths and 
stacked and the sides of the stack were 
milled accurately to give the strip a ^vidth 
of I in. with accurately parallel sides. 
Throughout the cold-rolling and milling 
care was taken to avoid heating. A hole was 
drilled through one end of the stack to 
permit arrangement upon a horizontal rod; 
the strips were then annealed, in hydrogen 
that had been passed over hot copper and 
then through an activated-alumina drier, 
with 3^-in. separation between adjacent 
strips, at 825^0. for 25 hr. This provided a 
grain size of x\.S.T.M. number 7, 60 grains 
per square millimeter of surface. The struc- 
ture produced is shown in Fig. i. 

Methods of Test 

Cold-work was performed by elongation 
in tension. This type of cold-work is the 
simplest, uncomplicated by gross com- 
plexities in flow and attendant macrostress 
patterns. The deformation was applied to a 
7-in. gauge length; the sample was held in 
Templin grips, affording a high degree of 
axialityin loading, and the load was applied 
slowly by hand ; elongation was measured by 
dividers. The uniformity of elongation was 
measured at a series of i-in. lengths and 
found constant to 5 per cent. 

The elongated pieces were cut with a 
jeweler’s saw into i-in, squares, the strip 
held between two pieces of soft wood. Care 
in this operation is important, for excessive 
distortion during cutting obviously will 
introduce a variation in rec2y’'stalHzation 
behavior. 

These final samples were annealed for 
recrystaUization as soon after the cold- 
rolling as possible, for it was observed that 
aging for 30 days at room temperature 


produced a rapid decrease in the rate of 
nucleation. Evidently, in this material the 
rate of reciy^staUization is sensitive to 
recover>\ 



Q> Q 

Fig. 6. — Sketch of typical composite 

KECRYSTALLIZED GRAINS. 

An attempt was made initially to procure 
the desired data by repeated anneals of a 
single sample; this is attractive for a num- 
ber of reasons — for example, the rate of 
growth could be measured simply by 
observing the increase in diameter of a 
single grain after each of a series of periods 
of growth. This proved impossible, for the 
growth was observed to be irregular, and in 
some grains to have been entirely arrested; 
apparently the etching required to reveal 
the grain structure after each period of 
growth penetrated along the surface of the 
grain and impeded its subsequent growth. 

This difficulty necessitated a statistical 
approach. Several samples of identical 
treatment were included in each anneal. 
Each sample was coated with a magnesia- 
acetone paste and packed with others, the 
pack held together with fine iron wire. 
Several such packs were prepared. Indi- 
vidual packs were tied to wire holders and 
w’ere dipped into a lead pot for recrystal- 
lization. The temperature of the lead pot 
assumed a constant value in one minute 
after immersion and remained constant to 
±3°C. A pack containing several samples 
was withdrawn from time to time, and 
cooled in Sil-O-Cel to avoid distortion. 
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Each sample removed was cleaned and 
etched in lo to 15 per cent Nital to reveal 
the grain structure. 

After etching, each sample was photo- 
graphed at a magnification of 6.6 diameters 



Fig. 7. — Recrystalltzaiion in partly 

DEFORMED SAMPLE. TiME OF RE CRYSTALLIZA- 
TION 120 MINUTES. Etched with 10 per cent 
Nital. X 6.6, 

(Fig. 2) and the outlines of the recrystal- 
lized grains were traced on transparent 
paper. The area of the recrystaUized grain? 


was determined by a planimeter in. 
around the edges of the photograph was 
disregarded, for irregularities in recrystal- 
lization appeared there originating from 
the distortion of cutting). This area plotted 
against time provided the isothermal 
recrystallization curve. Fig. 3. The number 
of recrystallized grains to be used in 
calculating N was counted at each time 
interval. Seven to nine samples were used 
for each time period of recrystallization. 

Analytical Methods and Results 
Structures 

The structures produced on isothermal 
recrystallization at 77o°C. after 4 per cent 
elongation in tension, at six time periods, 
are shown in Fig. 2. It is not an easy matter 
to recognize a recrystallized grain shortly 
after its birth, for it must be appreciably 
larger than the matrix grains in order to be 
identified with certainty (Fig. 4). The new 
grains first appeared nearly always at the 
surface of the sheet, Fig. 5. When such a 
grain had grown through the sheet it 
naturally exhibited a larger area on the side 
of the sheet where it had first appeared but 
the use of a large number of samples (seven 
to nine for each time period) suppressed 
errors from this source. The recrystallized 
grains frequently were not single crystals 
but showed a composite structure (Fig. 6)J 
A study of the orientation relationships 
subsisting among the separate parts en- 
closed by the outer boundary would be 
interesting and instructive; each separate 
part within each composite was counted as 
a single grain. Samples that had not been 
given the full 4 per cent deformation 
exhibited an interesting phenomenon (Fig. 
7); this material has been observed to 
display an elongation at constant load at 
the yield point of 3 per cent, forming 
Liiders lines. In samples where this elonga- 
tion had not been completed throughout, 
recrystallization occurred in the deformed 
regions and displayed a sharp boundary 
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between this and the adjacent un deformed 
region. 

Data 

The rate of nucleation N, representing 
the number of nuclei formed per unit of 
time per unit of \mtransformed area, was 
obtained by the following procedure. The 


gives the rate of nucleation for the whole 
area, uncorrected for the fraction of the 
area recr^’-stallized; this rate, divided by 
the fraction of the material recrystallized at 
that instant in time, gives the true rate of 
nucleation N as a function of time (Fig. 9). 
The original data and these derived values 
are listed in Table i. 


Table i. — Recrystallization Data 





Number of 
Rec^staUized ' 
Grains 
per Sq. Cm. 

1 


Sample 

No. 

Time, 

Sec. 

Fraction 

Recrystallized 

Uncorrected 
for Percentage 
Recrystal- 
lization 

i 

i Nurnber of 
i Nuclei Formed 
j per Sec. 

I per Sq. Cm. 

Radius of 
Largest Grain, 
Cm. 

I 

600 

0 . 0002 

0.2 

3.1 X 10-4 , 

i 3.1X10-* 

0.006 

2 

1,200 

1,800 

0.001 

I.O 

4-6 : 

i 4-6 

O-031 

3 

0.002 

0.8 

6.7 

[ 6.7 

0.049 

4 

2,400 

0.007 

5-3 

8.6 

8.6 

0.043 

;; 

3.000 

0.013 

2.6 

13.0 

1 13. 1 

0.068 

6 

3,600 

0.013 

2.9 

18.2 

IS. 8 

0.05S 

7 

4,200 

0 .OS 3 

5-3 

26.8 

28. 2 

0.095 

8 

4,800 

0.070 

5-3 

33-2 

37.4 

O.I18 

9 

S.400 

0.236 

II. 4 

40.0 

49 - S 

0.134 

10 

6,000 

0 . 29 S 

10. 0 

40.0 

54.8 

O.171 

II 

6,600 

0.321 

II. 5 

40.0 

65.6 

0.162 

12 

7,200 

0.434 

13.8 

i 36.8 

70.8 

0.172 

13 

7,800 

0.596 

18.8 

i 33.9 

80.6 

0.173 

14 

8,100 

0.621 

16.9 

i 32.0 

82.0 

0.217 

IS 

8,400 

0.677 

20.5 

j 26.1 

84.3 

0.214 

16 

9,000 

1 0.898 

22.3 

19.4 

88.3 

0.226 

17 

9,600 

0-750 

19.4 

13.2 

lOI.O 

18 

19 

20 

10,200 

10,800 

11,400 

0.883 

0.984 

1. 000 

21.7 

8.6 

107. S 



Table 2. — Typical Variatiofi in Data 
Used in Obtaining Values for Table i 


Sample 

No. 

Time, 

Sec. 

Fraction 

Re- 

crystal- 

lized 

Number 
of Re- 
crystal- 
lized 
Grains 
per 

Sq. Cm. 

Radius 

of 

Largest 

Grain, 

Cm. 

Average for set 





No. 12 

7,200 

0.434 

13-8 

0.172 

Individual 

values: 


4-1 IS 

7,200 

0.775 

14. 5 

0.166 

5-133 

7-200 


0.497 

0.435 

13.5 

16.2 

7-201 


0.503 

16.0 

0.197 

7-202 


0.394 

13.6 

0,200 

7-214 


0.198 

12.2 

0.148 

7 - 2 IS 


0.238 

10.5 

0.150 


number of recrystallized grains per square 
centimeter of surface was coimted for each 
recrystallization time interval. These values 
were plotted against time (Fig. 8). The 
slope of this plot, determined graphically, 


It is interesting to note in Fig. 9 that the 
values of N are low initially and then 
increase, the end of the curve beginning to 
turn downward, suggesting that N may in 
fact pass through a maximum. It is not 
possible to demonstrate this by direct 
measurements of iV, for the nucleation 
curve loses precision at greater degrees of 
recrystallization, but indirect means may 
be employed. If a distribution curve of 
the frequency of occurrence of recrystal- 
lized grains in different size groups should 
show a maximum in a partly recrystallized 
specimen, it may be concluded that N 
passes through a maximum. Such a curve 
was prepared from one sample and a 
pronounced maximum was observed (Fig. 
10), supporting the view that N does pass 
through a maximum. From a grain-size 
distribution of this sort, the rate of nudea- 
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tion can be determined as a function of 
time from a single specimen. 

The rate of growth is obtained simply 
from the diameters of the largest recrystal- 
lized grains at each period of recrystalliza- 


second. This curve may be represented by 
an equation of the type 

r = G{t- c) [i] 

where r is the radius, G the rate of growth, 



Fig, 8. — Number oe recrystallized grains in dependence upon time op recrystallization 
(uncorrected por percentage recrystallization). Many samples. 



Fig. 9. — Rate op nucleation as punction op time. Many samples. 


tion, on the assumption that the largest 
grain in any sample had formed at the first 
instant of reaction; the slope of this curve 
is the rate of growth G expressed as the 
number of centimeters of radial growth per 


t the time, and c a constant — the intercept 
on the time axis. The curve given in Fig. ii 
supplies constants for this equation 

[2] 


r = 27 X io-®(« - sss) 
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The intercept on the time axis, c, 555 sec. 
in this case, sometimes designated as an 
incubation or induction period, may repre- 
sent a time period of inactivity or may 
merely represent failure to observe grains 
nucleated at the first instant of time. 

It has been shown that an analytical 
expression for the rate of reaction in terms 
of the rate of nudeation and the rate of 
growth is of considerable usefulness with 
it, if the rate of reaction and either N or G 
are measured, the other may be calculated. 
Since G is usually more readily measured 
than Nj and less subject to variation with 
structural changes,® ordinarily it would be 
measured and N calculated. It becomes 
important, then, to derive the expression 
for the rate of recrystallization in terms of 
N and G. 

It appears safe to assume® that the 
nuclei formed during the first 6000 sec. in 
Fig. 9, that section of the iV-curve during 
which N increases with time, will play a 
dominant role in determining the rate of 
recrystallization, and those formed later a 
minor role. This section of the curve may be 
represented by a simple exponential of the 
type 

N = aexp {&;} [3] 

where t is the time, and a and h are con- 
stants. The values of a and h have been 
evaluated for Fig. 9 by the method of 
averages, as follow's: 

a = 2.2 X 

b — 6 X 10“^ 


The general analytical expression, de- 
rived in the appendix, is 


f{t) = I — exp 


^ — 27rG% 


\h 2 



The values of a and 5 , from Eq. 3, and 
the value of G may be substituted in Eq. 4 
and a calculated isothermal recrystallization 
curve obtained, which may be compared 


with that measured (Fig. 3). The agree- 
ment is fair; sources of error originate in the 
assumption that the rate of nudeation may 
be expressed by Eq. 3, in the variableness 



DIAMETER CCM) 

Fig. 10. — ^Distribution of grain size 

IN SAMPLE 40 PER CENT RECRYSTALLIZED 

(120 minutes). 

of measured N, and in the assumption used 
in deriving Eq. 4 that each composite 
nodule (Fig. 6) constitutes a single grain, 
w’hereas each part of the composite grains 
was counted in determining N, A small var- 
iation in N sufficient to give a = 18 X 10“^ 
and & = 1.3 X 10"'^ wrould give a very 
close agreement between the calculated and 
the experimental curves. 

For gathering data concerning the effect 
of the many variables on the rate of 
nudeation, the simplifying assumption 
may be made that N does not vary with 
time. For this case the reaction equation 
becomes (see Appendix) : 

If the reaction curve is measured and G 
determined, N may be calculated. This will 
yield an average value of N, which should 
suffice for purposes of comparison. 

The values of N listed were obtaiued on 
samples recrystaUized immediately after 
cold deformation, for it was found that 
storage at room temperature induced re- 
covery, low^ering N appreciably. A typical 
example showed the number of grains per 
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square centimeter of the sample (as in 
Fig. 8) upon recrystallization for 30 min. 
was 5.5 when recrystahization was per- 
formed immediately after cold-working and 


analytical methods given in the appendix, 
and to Miss M. Ferguson, of the Westing- 
house Research Laboratories, for the 
preparation of the photomicrographs. 



Fig. ti. — Radius op iargest grains as function of time. 


1 .6 when 30 days had been allowed to elapse 
between cold-working and recrystaUiza- 
tion. Apparently recovery^^ decreases N in 
this material. 

Summary 

1 . Methods are given by which the rate 
of nucleation and the rate of growth during 
recrystallization may be determined, and 
by which the isothermal recrystahization 
curve may be calculated from the rate of 
nucleation and the rate of growth. 

2. These methods are applied to the 
recrystahization of silicon ferrite with i per 
cent Si at 77o°C. after 4 per cent deforma- 
tion by elongation in tension. 

3. The rate of nucleation is found to 
increase with time, probably passing 
through a maximum; the rate of growth 
remains unchanged with time. 

4. Recrystahization affords an isother- 
mal reaction curve similar to those of other 
processes of nucleation and growth. 

5. Recovery preceding recrystahization 
decreases the rate of nucleation in silicon 
ferrite. 
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Appendix 

This is a modification of the analytical 
method for general nucleation given 
earlier® to apply to “two-dimensional” 
reaction in sheets where the diameter of the 
reacted nodule is many times the thickness 
of the sheets, and where an exponential 
variation of N with t is assumed. 

The area of circle Ai, the nucleus of 
which formed at time T, is, at some later 
time, t: 

Ai = irGKt - F)2 

where G is the rate of growth. Differentiat- 
ing to obtain the rate of change of A with 
dAi = 27 rG^(/ — T) dt 
The effective increase in area is: 

== dAiu(t) 

= 2 TG^(i — T)u(t) dt 

The number of nuclei formed in a short 
time dT, at some time T, is: 

dn = dT 

and the total increase in area of all circles 
due to such nuclei is 

dAz = dAz dn 

therefore: 

dAz = dt(t - T) dT 




DISCUSSION 


271 


and 

^ = 2wG^a^Mi)ii - T) dT 

The total effective rate of growth of all 
circles nucleated from T = o to T = Hs: 

^ (t - T) dT 


-\nu{t) = 2 irG^-X (- - Q + C 


tG2-V , 


ti(t) = e ^ 


tG^N , 


/(J) = I - e 3 

References 


= 22rG»a«(/) ( ^ - p) 

The fraction transformed is i — -«(/), or 
the rate is: 

—du{t) 

~~dt~ 

Thus 

-du{t) t 

which becomes: 

From the condition that «(/) = i when 

/ == o, C is found to be — ^ 

0 

Then 

2^rG^g /g^* i\ 

^(/) w 2 ^ 

And since the fraction transformed is 
I — w(/), the expression becomes: 

27rG-a /e^< ht^ i\ 

m = I - e 2 s; 

The derivation of the reaction equation 
for constant N and G is given below; the 
several steps will be made obvious by 
comparison with the preceding derivation: 

= irG^t - TY 
dA\^ 2TrG^{t — T) dt 
dA 2 = 2 TG%t — T)u{t)dt 
du = NdT 
dA 3 “ dA 2 dfi 

dAz = 27rGWu{i) dt {t - T) dT 
^ = 27rGW«(/)(/ - T) dT 

^ = 2icGmu[t) {t - T) dT 
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DISCUSSION 

(A. B. Greninger presiding) 

S. E. Maddigan,* Waterburj', Conn. — One 
of the major problems in a recrystallization 
study is the choice of a sampling method. 
Unfortunately, it seems that most sampling 
methods are subject to criticism. A statistical 

* Research Physicist, Chase Brass and Cop- 
per Co. 
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method like that used here would seem to be 
preferable usuall}^ to that of following the 
course of a single sample through repeated 
anneals. One of the objections to the latter 
method is that the observed reactions occur on 
an air-metal interface w’here conditions un- 
doubtedty are different from those in the 
body of the metal. This objection can also be 
raised in the present wmrk. 

The grain size used was small compared with 
the sheet thickness, so that nucleation might be 
considered as random. However, as the authors 
themselves point out, nucleation occurred first 
at the sheet surface, indicating that conditions 
at the air-metal interface were widely different 
from those in the metal body. This is to be 
expected, since not only do we have the addi- 
tional interface term in the free energy expres- 
sion, but also the strain energy" is different at 
the sheet surface because of the lack of re- 
straint in one direction during the stretching. 
Furthermore, according to Koehler,^® disloca- 
tions tend to be drawn to the specimen surface 
and this presumably would affect the nucleation 
rate. As a result of these factors the nucleation 
rate determined here might be considerably 
different from that for the body of the metal. 

The question of an incubation period is one 
that would merit considerable further study. 
.As the authors point out, the positive intercept 
on the time axis in Fig, 1 1 may be due to diffi- 
culties in observations. However, it is possible 
that there is an actual delay as observed in 
some phase changes such as the phenomenon of 
supercooling. In the latter case, during freezing 
the phase with higher free energy seems to 
develop a metastable state until such time as 
statistical fluctuation or some other cause 
provides the activation energy to produce the 
transition at some single point. This seems to 
act as a trigger mechanism to start the reaction 
in other parts of the system. From the academic 
standpoint at least, this is a question that needs 
to be investigated. 

In distinguishing betw-een new grains and 
unrecrystallized matrix it is advisable to have 
either a very small initial grain size, as used 
here, or a sufficiently large initial grain size so 
that the new grains can be identified by their 
smallness compared -with the old. This latter 
method would be preferable in studying the 
early stages of the reaction. However, there 

Koehler: Phys^ Rev. (1941) 60, 397. 


would be still an initial time period when the 
best microscope could not detect new grains. 
This problem would seem to be worthy of the 
electron microscope. It should be mentioned in 
passing that if the whole curve in Fig. n needs 
to be shifted because of observational error, the 
same applies to Fig. 8. This might lead to a 
better agreement between calculated and 
experimental values. 

The lowering of N by recovery is funda- 
mentally important to the theory of recrystal- 
lization. The whole subject of nucleation 
centers and of recovery is largely speculative, 
and deserves to be reconsidered at frequent 
intervals. From recent papers on dislocation 
theory, internal friction, etc., one is led to the 
possibility that dislocations are responsible not 
only for work-hardening but also for nucleation 
in recry"stallization. Koehler has indicated the 
possible existence of a more or less regular 
lattice of dislocations of about 100 A. spacing 
superimposed on the finer lattice of the metal 
atoms. Perhaps the units of this dislocation 
lattice act as nuclei; the lack of complete 
regularity would cause some cells to be more 
probable as nuclei than others. Perhaps, on the 
other hand, the motion of dislocations caused 
by annealing is the mechanism that starts 
growth of the nuclei. At any rate, evidence 
exists that processes that cause a decrease in the 
number of dislocations also cause a decrease 
in the nucleation rate. 

P. A. Beck,* Reading, Pa. — For the first 
time, accurate measurements have been made 
to determine the rate of nucleation during 
recrystallization as a function of time. The 
most interesting and most astonishing result 
of this work is that the rate of nucleation 
monotonously increases with time. This is aU 
the more surprising because a decrease in the 
number of nuclei by recovery at room tempera- 
ture was established by the authors. The fact 
that the rate of nucleation actually increases 
with time must be the result of some other 
effect, perhaps a particular distribution of the 
incubation periods. I hope that the authors may 
be induced to give us their thought on this 
subject. 

It would be extremely interesting to have 
such rate of nucleation and rate of growth 

* Metallurgist, The Beryllium Corporation 
of Pennsylvania, 
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curves established by the method developed by 
the authors for varying conditions of tempera- 
ture and deformation. Such exact data will give, 
for the first time, a deeper insight into the 


this curve gives the uncorrected rate of 
nucleation. The maximum of the grain-size 
distribution curve should correspond to the 
maximum of this slope. However, the maximum 



Fig. 12. 


causes of the variation of grain size with 
recrystallization temperature. It is to be hoped 
that the authors will be able to extend their 
studies in this direction. 

It is interesting to see that the phenomenon 
of selective recrystallization along the Liiders’ 
lines occurs with i per cent silicon ferrite. This 
phenomenon was first found with tin and 
described in a short publication in 1929 (Beck: 
Ztsch.fur Physik). (See Fig. 12.) 

There is here a question that requires further 
clarification. It is stated in the paper that a 
maximum in the grain-size distribution curve 
(Fig. 10) should correspond to a maximum in 
the true rate of nucleation N versus time curve 
(Fig. 9) . According to the grain-size distribution 
curve, after 7200 sec. of recrystallization the 
grain size wnth highest frequency was 0.18 cm. 
With the value of the rate of linear growth 
given by the authors, G = 27 X io~® cm. per 
sec. (Fig. ii), the age of these most frequent 
grains can be calculated to about 3300 sec. 
This places their date of birth at 3900 sec. after 
the start of recrystallization. It is readily seen 
in Fig. 9 that N has no maximum at 3900 sec. 
As a matter of fact, N has no maximum at all as 
far as the data go. Fortunately, there is really 
no need to expect a maximum in Fig. 9. Instead 
of with N, the grain-size distribution curve 
should be properly compared with the uncor- 
rected rate of nucleation. This is obvious if we 
consider that the decrease in the rate of forma- 
tion of recrystallized grains toward the end of 
the process (toward the small diameters in 
Fig. 10), which is due to the decrease of unre- 
crystallized area, finds expression only in the 
uncorrected rate of nucleation curve. 

Fig. 8 gives the total number of recrystal- 
lized grains per square centimeter. The slope of 


of the slope of the curve in Fig. 8 lies around 
6000 sec. instead of at 3900 sec., as could be 
expected from Fig. 10. To make these con- 
siderations somewhat more quantitative, com- 
pare the grains of maximum frequency with 
those half their size. The latter grains, of 0.09 
cm. diameter, are only one third as numerous as 
the o.iS-cm. grains, according to the grain-size 
distribution curv^e (Fig. 10). Their date of birth 
can be calculated to 4550 sec. after the start of 
recr>’stallization and, according to the higher 
slope of the curve in Fig. 8 at this point, they 
should be roughly 50 per cent more numerous 
than the grains of o.i8-cm. diameter. Here then 
is a contradiction worth some attention. Possi- 
bly Fig. 10 relates only to a single specimen and 
does not represent true average conditions, as 
does Fig. 8. In this case its significance is 
doubtful, and it should be replaced by a curve 
giving the average grain-size distribution in all 
seven or nine samples of identical treatment. 
Such a curve might achieve better agreement 
with Fig. 8. 

J. K. ST.A.XLEY AXD R. F. Mehl (authors’ 
reply) — Dr. Maddigan raises the point that the 
observed reactions in the thin material em- 
ployed (w’hich might be considered a twm- 
dimensional S 3 ’stem) occur on the air-metal 
interface, and that the results undoubtedl\’ 
would be different in the body of a “three- 
dimensional” metal. We are aw^are of this limi- 
tation in the results, but the two-dimensional 
model was accepted because the recr^’stalliza- 
tion of thin sheet is a matter of considerable 
commercial importance; the mathematical 
methods used are limited to this special case. 
The wrork is continuing, with comparable 
experiments under w’ay on thick samples, both 
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of iron-silicon alloys and of high-purity 
aluminum. 

The incubation period observed is puzzling 
in many ways. It was noted b}^ Kornfeld, 
though we have distrusted his measured values 
because he employed small samples and may 
have missed the first recr>^stallized grain, thus 
obtaining values too high. In the past we have 
been skeptical of the reality of the induction 
period in this and generally in polyphase reac- 
tions, but this now seems unwarranted in view 
of recent results, including the present and 
those on the formation of pearlite from austen- 
ite. It now appears to us that both the induction 
period and the increase in the rate of nucleation 
with time must be an inherent characteristic of 
such nucleation and growth processes, and that 
any valid theory w’ould include both. While 
such a theory might now' be devised, it appears 
to us that the sounder approach w'ould be first 
to develop a considerable body of experimental 
data. Such w’ork should succeed in defining the 
relationship betw'een recovery and rate of 
nucleation, a matter now in a sorry state. Both 
Dr. Maddigan and Dr. Beck have commented 
on this. 

Dr. Beck has read into the data of Fig. lo a 
significance w’e did not intend. Fig, lo w'as 
introduced primarily to indicate in a qualitative 


manner that the nucleation curve must have 
gone through a maximum as indicated in Fig. 8, 
and secondarily to show' the kind of distribution 
curve of grain size we found experimentally. 
Fig. lo by itself without supporting evidence 
does not prove the inconstancy of the rate of 
nucleation, for even with a constant rate of 
nucleation a maximum in the grain-size dis- 
tribution curve is found.® 

One of the causes of difficulty is that in 
samples treated identically the maximum as in 
Fig. lo occurs at different times and is of differ- 
ent magnitude. That this might be the case can 
be inferred from the variability in Table 2. For 
an accurate grain-size distribution curve, an 
average for all samples must be statistically 
derived. With such a wide spread in the data, a 
rigorous treatment is hardly justified. The 
specimen used for preparing Fig. 10 is only one 
of over 200 studied. Another difficulty in 
assaying the data is the effect of impingement 
of the growing grains in the matrix, which 
again varies in the several samples. The mathe- 
matical treatment of this impingement effect is 
extremely difficult, and since no attempt w'as 
made experimentally to study this phenomenon, 
we are at a loss on how to analyze a grain-size 
distribution curve that will lead to the correla- 
tion that Dr. Beck says must exist. 



Carbides in Low-chromium Steel 

By Walter Crafts,* Member A.I.M.E. and C. M. Offenhauer* 
(New York Meeting* February 1942) 


In the course of study of the heat-treat- 
ment of low-alloy steels, the behavior of 
aUoy carbides at subcritical temperatures 
was found to vary from that indicated by 
published investigations. In order to estab- 
lish the ranges of formation of carbides in 
low-chromium steels, a series of steels con- 
taining up to 0.60 per cent carbon and 7.5 
per cent chromium has been investigated 
with respect to the type of carbide formed 
after quenching and tempering at sub- 
critical temperatures. The types of carbide 
formed as products of austenite transforma- 
tion to pearlitic and pseudomartensitic 
structures have also been determined. 

There have been numerous investigations 
of the carbides in chromiiun steels and 
diagrams of the iron-chromium-carbon 
system.^ Westgren, Phragmen and Ne- 
gresco^ identified the following carbides in 
chromium steels: 

Cementite FejC (containing up 

to about 15 per 
cent Cr) 

Trigonal carbide CftCs (containing up 

to about 55 per 
cent Fe) 

Cubic carbide Cr4C (or CrasCe) (con- 

taining up to about 
25 per cent Fe) ^ 

Orthorhombic carbide . CraCa (containing 
only a few per cent 
Fe) 

The most complete information on the 
iron-chromium-carbon system was supplied 
by Tofaute, Sponheuer and Bennek® and by 
Tofaute, Ktittner and Biittinghaus.^ By 

Manuscript received at the office of the Institute 
Dec. I, 1941. Issued as T-P. 1436 in Metals Tech- 
nology, February 1942. 

* Research Metallurgist, Union Carbide and Car- 
bon Research Laboratories, Inc., Niagara Falls, N. Y. 

1 References are at the end of the paper. 


means of dilatometric and microscopic 
studies, sections of the diagram were 
established. This diagram showed the 
presence of the special carbide CrzCs in 
steels containing about 2.5 per cent to 12 
per cent chromium in low-carbon steels and 
from about 5 to 20 per cent chromium in i 
per cent carbon alloys from Ai to room 
temperature. 

The present investigation has shown that 
a carbide inversion from FesC to CryCs 
occurs in chromium steels containing more 
than about i per cent chromium after 
hardening and tempering at subcritical 
temperatures above about 5oo°C. The 
type of carbide observed to be more stable 
in quenched and tempered specimens was 
also found to be produced by direct austen- 
ite transformation in corresponding ranges 
of temperature and composition. 

Experimental Procedure 

The steels used in these experiments were 
made in magnesia-lined crucibles in high- 
frequency furnaces and were poured into 
2-m. ingots. The ingots were forged into 
i-in. roimd bars, and all heat-treatments 
were conducted on specimens of this section 
size. Sections of the bar stock 8 in. long 
were hardened in air, oil or water, depending 
on the composition, after heating to a 
temperature sufficiently high to dissolve the 
carbides. The low-carbon and low-chro- 
mium steels were not entirely martensitic 
after quenching, and contained some ferrite 
and pseudomartensite. No pearlite was 
observed in the microstnictures after 
quenching. The quenched bars were cut into 
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sections and tempered at the indicated 
temperatures. After air cooling, small 
specimens were cut from the bars for micro- 
scopic and X-ray studies. 



P£R CENT CNROMIUM 

Fig. I. — Carbides in quencbed and tem- 
pered O.IO PER CENT CARBON STEELS. 

The specimens for X-ray examination 
were completely descaled and subjected 
to carbide separation in an electrolytic 
cell consisting of a 5 per cent HCl solution 
and a platinum cathode. A voltage of 
approximately 1.5 volts was maintained 
across the cell for a period of from 8 to 
24 hr., depending on the composition. At 
the conclusion of the separation, the car- 
bides were collected and washed by de- 
cantation with successive washes of water, 
alcohol, and ether. The residues were 
allowed to dry in air and then formed into 
a small wedge-shaped specimen. The X-ray 
camera was of the Debye-Scherrer type 
using unfiltered cobalt radiation. The X-ray 
patterns obtained were checked against 
standard patterns, and data obtained from 
published work.^ 

It should be noted that certain limita- 
tions are involved in the process of separa- 
tion as conducted in this investigation. 
The more cathodic materials tend to be 
emphasized at the expense of the more 
soluble components. In addition, it is possi- 
ble that some components may be masked 
because of volume considerations. Phases 
other than carbides, such as metal, oxides, 
sulphides and nitrides, were observed in 
some cases but have not been reported 


because they did not appear to be pertinent 
to the carbide investigation. All of the 
residues were not analyzed chemically, and 
the terms ‘‘FesC” and ‘‘CryCs” are used 



Fig. 2. — Carbides in quenched and tem- 
pered 0.25 PER CENT carbon STEELS. 


to express the crystal structure rather than 
the exact chemical composition. 

In order to determine a suitable period 
for tempering, steel No. 14 was tempered 
for various time intervals at 6oo°C. The 
amount of conversion is shown in Table i. 


Table i. — Amounts of Conversion 


Tempering 
Period, Hr. 

Hardness, 

Rc 

'X-T&y Structure 

I 

3 

34 

32 

No pattern 

PeaC 

6 

29 

CrrCi, small FesC 

12 

27 

CrTCs, trace PesC 

24 

26 

CryCa, doubtful trace FesC 

64 

24 

CrrCs 


In addition, several representative speci- 
mens were tempered for both 24-hr. and 
64-hr. periods. The longer tempering period 
did not produce significant changes except 
in steels of borderline compositions. In 
order to be assured of more nearly com- 
plete conversion of carbides, the specimens 
were tempered for 64 hours. 

Results oe Tests 

The results of the X-ray study of the 
quenched and tempered specimens are 
presented in Table 2 and Figs, i to 4. 
After tempering at 500° to 600° C. the car- 
bide in the steels containing more than i 
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Table 2. — Composition, Heat-treatment and X-ray Data 



1 Composition, Eer Cent 


1 Tempering! 

Heat 

No. 

C 

Mn 

Si 

Cr 

j Temper- 
’ ature, 

! Deg. C. 

‘ Medium 

1 Temper- 
; ature, 
i Deg. C. 

! X-ray Structure 

I 

0.06 

0.67 

0.20 

1.26 

925 

Water 

600 

650 

FeaC, CrvCs 

CtiCz 

2 

o.is 

0.43 

0.24 

1-73 

92s 

Water 

450 

500 

550 

600 

FeiC 

FeaC 

FejC 

CrvCi 

3 

0.14 

0.42 

0.19 

2-51 

925 

Water 

450 

500 

550 

600 

Fe,C 

FejC 

FeaC 

CnCa tr. FeaC? 

4 

0.05 

0.51 

0.20 

3.48 

925 

Water 

450 

500 

550 

600 

FeaC 

Cr-Ca poor pattern 

CriCa 
j Cr:Cj 

5 

O.II 

0.51 

0.27 

I 

4-99 

j 1050 

1 

i 

1 

Air 

] 

450 

500 

550 ! 

600 i 

j FeaC 

CriCa tr. FeaC 

CrrCa 

CrrCa 

6 

0.09 

0.43 

i 0.23 

7.53 

1 

925 

Air 

1 

450 1 

500 j 

550 1 

600 j 

No pattern 

CrrCa 

CriCa 
i Cr;Ca 

7 

0.28 

O.SS 

0.26 

1. 31 

925 

Water 

500 

550 

600 

650 

1 FeaC 
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to 3 per cent chromium was found to be 
of the CitCs type. After tempering at 
45o°C. the carbide was of the FeaC type. 
From this it is apparent, contrary to the 



Fig. 3. — Carbides in quenched and tem- 
pered 0.40 PER CENT carbon STEELS. 

prediction of Tofaute, Kiittner and Biit- 
tinghaus,^ that the form of the carbide 
depends on the tempering temperature. 
The transition temperature range below 
which FcsC is formed and above which 
CrTCa is formed, is just below 5oo®C. for 
the higher chromium contents and becomes 
higher as the chromium content is lowered. 
The precise position of the lines dividing 
the carbide fields is open to some question, 
as the diffraction patterns near the mixed 
fields were relatively weak and diffuse as 
compared with the other patterns. This 
condition is thought to reflect the some- 
what disorganized state of the carbides 
during the process of transformation. For 
this reason the boundaries of the mixed 
carbide field were not established. 

The ranges of inversion with respect to 
chromium and carbon at 6oo°C. are illus- 
trated in Fig. 5. The effect of carbon in 
increasing the range of FesC is in substan- 
tial agreement with the work of Westgren, 
Phragmen and Negresco.* 

Chemical analyses were determined on 
residues of steel No. 14 (0.40 per cent C, 
2.56 per cent Cr), which approach dosely 
the limit of the CitCs range. The chemical 
composition and X-ray structures of the 
residues are shown in Table 3. 


Considering that the S5o°C. product is 
probably a mixture or a transition struc- 
ture, these results confirm the solubilities 
given by Westgren, Phragmen, and Ne- 



Fig. 4. — Carbides in quenched and tem- 
pered 0.60 per cent carbon steels. 


gresco^ of 15 per cent Cr in FesC and 55 
per cent Fe in CrrCs. It is of interest that 



Fig. 5. — Carbides in steels quenched and 
TEMPERED AT 6oo°C. 

from these analyses it may be calculated 
that in the sample tempered at 600° C. to 


Table 3. — Chemical Composition and 
Structure 


Tempering 
Temper- 
ature, 
Deg. C. 

X-ray 

Structure 

Pe, 

Per 

Cent 

Cr, 

Per 

Cent 

Equivalent 

to 

500 

Pe,C 

S 9.2 

12.4 

Pe»C con- 
taining 16 
per cent Cr 

550 

CrrC* 

(diffuse) 

S8.i 

Ip. 6 

Cr7Ci con- 
taining 68 
per cent Pe 
Cr7C» con- 
taining 57*5 
per cent Pe 

600 

Cr 7 C* 

SO. 3 

29.6 
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form CitCs the carbide contained 1.46 per as the tempering temperature was in- 
cent and the ferrite 1. 10 per cent chromium, creased from 450° to 6oo°C., as shown in 

The microstructure of the specimens Figs. 6 to 9. However, it was not concluded 
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changed from a tempered structure showing 
the markings of the original martensite to 
an almost completely patternless precipi- 
tation of carbides in most of the specimens 


that this microstructural change was due to 
the inversion of the carbides, since many 
of the higher chromium steels retained their 
adcular appearance above the temperature 
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at which the inversion occurred and the soo°C. appeared to be CriCs, the formation 
low-chromium alloys tended to lose the of this carbide instead of cement ite was 
acicular appearance without any change in anticipated in the transformation of austen- 
the type of carbide. ite at these temperatures. In order to deter- 
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Fig. io. — Hardness of chromium steels quenched and tempered for 64 hours. 


The hardness of the specimens tempered 
for 64 hr. is shown in Fig. 10. Although 
the gradation to lower hardness with higher 
tempering temperatures was not always 
regular, the deviations were of a minor 
order and did not indicate that the form of 
the carbide had a significant effect on 
hardness. 

Austenite Transformation 

Inasmuch as the more stable form of the 
carbide at subcritical temperatures above 


mine whether this was true, steels were 
transformed isothermally. After heating to 
dissolve the carbides, a steel containing 
0.48 per cent carbon and 3.5 per cent 
chromium was transformed completely at 
65 o®C. in 500 sec. Another steel containing 
0.40 per cent carbon and 5.15 per cent 
chromium was completely transformed at 
6oo®C. in 24 hr. X-ray diffraction patterns 
of residues from both steels revealed that 
the carbides were in the form of CryCa. It 
appeared, therefore, that the austenite 
transformed with the production of primary 
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CryCa. The microstnictures resulting from 
the transformation are shown in Fig. ii. 

In order to determine the type of carbide 
formed from austenite transformation at 


to electrolytic extraction and X-ray analy- 
sis of the carbides. In both cases the car- 
bides were found to be FcsC. In higher 
chromium steels — ^for example, in a normal- 



Fig. II. — ^Isothermal transformation structures, 

A. 0.48 per cent C, 3.5 per cent Cr. 500 sec. at 65o°C. X 1500. 

B. 0,40 per cent C, 5.15 per cent Cr. 24 hr. at 6oo°C. X 1000. 


temperatures below 5oo°C., chromium 
steels were heat-treated to produce pseudo- 
martensite by transformation in the range 
of 300° to 45o°C. on continuous cooling. 
Steels containing 0.33 per cent carbon, 2 per 
cent chromium, and 0.27 per cent carbon, 
3.05 per cent chromium, were normalized. 
The samples were examined microscopically 
to verify the pseudomartensitic character 
of the microstructure and were submitted 


ized 0.17 per cent carbon, 5.04 per cent 
chromium steel — diffuse patterns of the 
FesC type have been found. 

The limits of composition and tempera- 
ture within which Cr^Cs is produced in the 
transformation of austenite remain to be 
determined precisely. It has been found, 
however, that in specific cases the type of 
carbide produced by direct transformation 
was consistent with the type of carbide 
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found to be more stable after quenching 
and tempering. The range of greater 
stability of CryCs, therefore, seems to be 
essentially the same whether it is formed 
from austenite or martensite. Thus it would 
appear that the tendency toward the forma- 
tion of CrrCs may influence the hardening 
as well as the tempering process and may be 
closely related to the greater stability of 
the austenite in ranges in which the alloy 
carbide is more stable than cementite. 
This tendency may explain the sluggish 
formation of pearlite and the pronounced 
shelf illustrated by Davenport® at about 
5oo°C. in the S-curve of chromium steels. 

Conclusions 

It cannot be emphasized too strongly 
that the electrolytic extraction and X-ray 
examination can only demonstrate the 
presence — ^not conclusively prove the ab- 
sence — of a constituent. However, with this 
limitation, the study of carbides in low- 
chromium steels has suggested the following 
conclusions. 

Chromium carbide {C17C3) is formed 
at subcritical temperatures above about 
500° C. in chromium steels containing from 
about I to more than 7.5 per cent chro- 
mium. Within this range CryCs may be 


formed either directly from austenite or 
by tempering of martensitic and cementitic 
structures, and the tendency toward forma- 
tion of CrrCa may be related to the stability 
of austenite above the lower nose of the 
S-curve. When formed below about 5oo°C. 
the carbide was found to be in the form of 
FesC at aU chromium contents. It may be 
concluded therefore that in these low- 
chromium steels the form of the carbide 
is controlled by the temperature of trans- 
formation of austenite or tempering of 
martensite. 
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The S-curve of a Chromium-nickel Steel 

By Blaze M. Loring,* Junior [Member A.I.M.E. 

(Philadelphia Meeting, October 1941) 


Recently the S-curves for 30 to 40 
alloy steels have been published These 
steels show individual characteristics, which 
make each additional S-curve of great 
interest. There are important differences 
in the mechanism of the transformation 
process, the t5fpe of transformation product, 
and the influence of allo3dng elements. 
Steels of the same general alloy composition 
may possess such variable characteristics 
with regard to the length of time of iso- 
thermal transformation that an S-curve 
for each heat of steel may be desirable. 

In the present work the isothermal 
transformation of a steel having the follow- 
ing composition and grain size was studied: 
0.29 per cent carbon; 0.21 manganese; 0,026 
phosphorus; 0.017 sulphur; 0.056 silicon; 
1.45 chromium; 3.25 nickel; austenite grain 
size, 7. 

The progress of the isothermal trans- 
formation was followed by several different 
methods, including hardness measure- 
ments, dilatometer observations, and ex- 
aminations of the microstructure. It was 
not expected that these methods would be 
in precise agreement.® Accordingly, the 
changes in microstructure and hardness 
were given additional weight in determining 
the initial stage of transformation and the 
dilatometer measurements were relied on 
in estimating the completion of the process. 
The beginning of transformation was indi- 
cated by I per cent of transformation 

Published by i^rmission of the Navy Department. 
Manuscript received at the office of the Institute 
July I, 1941- Issued as TIP. 13S3 in Met.ai.s Tech- 
nology, October 1941. 

* Division of Physical Metallurgfy, Naval Research 
Laboratory, Anacostia Station, Washington, D. C. 

1 References are at the end of the paper. 


products and the end of transformation 
by about 99 per cent. The reproducibility 
of the various methods in the ranges of 
highest sensitivity was checked by several 
observations at each time and temperature. 

The steel used in this investigation was 
annealed for 24 hr. at g2$°C. Macroetching 
revealed no serious segregation. The speci- 
mens for the metallographic and hardness 
investigations were by H by 3^ in. 
Wires attached to the samples were used 
for handling, instead of tongs, to avoid 
chilling. 

The specimens were heated at 845^0. 
for H br. and quenched into constant- 
temperature salt baths held at various 
temperatures from 205° to 65o°C. The time 
required to transfer the specimens was 
found to be about sec., and nearly 
5 sec. more was required for them to come 
to the temperature of the bath. After 
various lengths of time in the constant- 
temperature baths the specimens were 
quenched in water at 2i°C. The specimens 
were cut in half for the metallographic 
examination, to provide a surface free from 
decarburization. To determine the be- 
ginning and end of the transformation the 
percentage of transformation determined 
metallographicaUy and by hardness was 
plotted against time. A planimeter was 
used in the metallographic determination. 

The hardness and metallographic deter- 
minations made at room temperature were 
confirmed reasonably well by dilatometer 
measurements taken during the process of 
transformation at the various tempera- 
tures. Two dilatometers were used to 
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secure the more direct information. For 
high temperatures a quartz dilatometer 
gave best results and for low temperatures 
a quenching dilatometer based on the 


relief, or the tempering of a tetragonal 
phase. The dilatometer observations were 
checked several times on more than one 
specimen. 



original design of Bain and Davenport was 
preferred.^ Both dilatometers could be 
read to ±0.00001 inches. 

The greater expansion at low tempera- 
tures shown in Fig. i is due to the difference 
in coefi&cients of expansion of the austenite 
and ferrite. This is most noticeable when 
the dilatometer curves at low temperatures 
are compared as a group with those at the 
high temperatures. However, the total 
observed expansion at 2o5°C. was possibly 
50 per cent of the actual expansion due to 
the large part of the transformation that 
took place while the specimen was being 
quenched to the holding temperature. The 
curve for 205®C., therefore, has been dis- 
placed upward by an arbitrary amount 
and then shows that comparable irregulari- 
ties occur in the expansion at 205®C. and at 
260® C. The effect might be ascribed either 
to a two-stage isothermal reaction, stress 


A comparison of the results indicated 
that the maximum difference in the begin- 
ning of transformation as measured by 
different methods amounted to about 10 
per cent of the total holding time. The 
S-curve in Fig. 2 was drawn by giving more 
weight to the results and methods having 
greater sensitivity in the respective stages 
of the transformation process. The ferrite 
line was determined solely by metallo- 
graphic observation, since sufficient amoimts 
did not precipitate to give significant 
changes by the dilatometric or hardness 
measurements. The delayed transformation 
at 483° to 540® C. is characteristic of steels 
containing chromium. After one million 
seconds at 5io®C. the steel was still not 
completely transformed. This fact is indi- 
cated by the dotted lines in the curve 
marked “transformation ends.’^ In the 
adcular region of the S-curve below 483^0. 
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the relatively short time for transformation at constant temperature. That the trans- 
can be ascribed to low carbon content, formation may be in two stages is indicated 



At lower temperatures in this region the by the split, dotted line for “transforma- 
transformation tends to take place much tion ends.” 

faster during quenching and more slowly After the S-curve had been completed, 
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an attempt was made to estimate the similarly treated was uniformly 48 Rock- 
maximum thickness in which this chro- well C, it is believed that a thickness of 
mium-nickel steel could be austempered to in* of this alloy is on the borderline of 
uniform hardness. Beginning with small being truly austempered with the treat- 



Figs. 3-6. — Representative microstructures. X 1000. 

Fig. 3. Transformation complete after 20,000 sec. at 59S®C. 

Fig- 4. Beginning of transformation, 1200 sec. at 595°C. 

Fig. 5- The X constituent, 427*0. 

Fig. 6. Bainite; end of transformation at 315*0. 

Etchant 20 c.c. 5 per cent Nital, 20 c.c. 4 per cent Picral, 60 c.c. 95 per cent alcohol. Etching 
time, 10 to 15 seconds. 

samples, the same size as those used in ment at 26o°0. The hardness of an aus- 

constructing the S-curve, it was found that tempered part, of course, should be uniform 

the hardness predicted from the S-curve from surface to core, 

could be checked within one point Rock- Some representative microstructures are 
well C. Successively larger sizes of samples shown in Figs. 3 to 6. Fig. 3 illustrates 

increased the variation in hardness by a fully transformed specimen austempered 

small amoimts. A steel block i}| by 2 by at 595°C. for 20,000 sec. One ferrite grain 

3 in. when austempered for hr. at 26o°C. appears at the left surroimded by grains 

yielded a hardness of 47 Rockwell C at the made up entirely of lamellae of pearlite. 

surface and 46 Rockwell C at the center. The lamellae produced by austempering 

Since the hardness of small samples are unusually parallel and free from distor- 
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tion. Fig. 4 illustrates a specimen that had 
been austempered at the same temperature, 
595°C., for 1200 sec. The isothermal 
transformation product consists of only a 
small amount of ferrite at the grain bound- 
aries. Inside the ferrite network will be 
seen the martensite, which developed on 
quenching the residual imtransformed 
austenite. Figs. 5 and 6 show the trans- 
formation products that formed at lower 
temperatures of austempering; Fig, 5, 
the X constituent produced by austem- 
pering at 427°C. (a temperature that 
borders both the lamellar and acicular 
regions of the S-curve for this chromium- 
nickel steel) and Fig. 6, a bainite structure 
tjHpical of the transformations at 260° and 
3i5®C. Even in the acicular region of the 
S-curve the austempered samples had 
minute amounts of free ferrite, as shown in 
Fig. 6. 

Summary 

1. An S-curve has been made for a 
chromium-nickel steel of the oil-hardening 
type. An extremely slow rate of reaction 
for the lamellar transformation was foimd 
at 5io°C. 

2. The transformation was studied by 
several methods, including hardness meas- 
urements, dilatometer observations, and 
examination of the microstructure. The 
dilatometer observations gave evidence of 
what has been called a two-stage reaction 
in the low-temperature transformation of 
austenite. More attention should be given 
to this region of the S-curve. 
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DISCUSSION 

{L. S. Bergen presiding) 

R. A. Grange,* Kearny, N. J. — We also 
have investigated the isothermal transforma- 
tion behavior of a steel having the same 
nominal composition as that discussed by 
Mr. Loring. In the more important respects, 
our data confirm his and the differences 
observed may, for the most part, be attributed 
to the probable variation between one heat of 
steel and another, even though they be of 
essentialb^ the same nominal composition. 

Mr. Loring has chosen i per cent and 99 per 
cent of transformation at each temperature 
level as a basis for plotting his beginning and 
ending curves, respectively. He is justified in 
this, of course, but it may be well to point out 
that in an alloy steel of this t\pe, particularly 
if it is segregated or ‘‘banded,” the time 
required for the last i per cent of austenite to 
transform at certain temperature levels may be 
out of ail proportion to that anticipated from 
extrapolation of an isothermal reaction curve. 
The effect of such behavior is to destroy the 
parallelism of the lines that would represent, on 
a graph of log time versus transformation 
temperature, 99 per cent and true 100 per cent 
completion of the transformation. One may 
argue that only i per cent of untransformed 
austenite is of no practical importance, but this 
is not true if, as usually* occurs in a banded ste el, 
the I per cent of untransformed austenite exists 
in more or less continuous bands running 
parallel to the principal direction of rolling or 
forging. If such a condition exists in the steel, 

I per cent of untransformed austenite — which 
on cooling to room temperature transforms to 
hard, brittle martensite^assumes an impor- 
tance with respect to resultant mechanical 
properties out of all proportion to its relatively 
small total volume. Because of such behavior in 
many commercial allo}' steels, it has been our 
usual custom, in plotting the isothermal 


* Research Laboratory, U. S. Steel Corpo- 
ration. 
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transformation diagram, to base the beginning 
and ending lines on a definite measurable trace 
of transformation product and austenite 
(martensite at room temperature) , respectively. 
In determining the beginning and ending of 
transformation on this basis, it is our experience 
that microscopic observations are more reliable 
than dilatometric or hardness measurements. 

Another point pertains to Mr. Loring’s 
photomicrographs showing the character of the 
transformation product at each of several 
temperature levels. It is not often wise to base 
opinion upon a single micrograph, but, in view 
of the excellence of Mr. Loring’s Fig. 5 and our 
own experience with a steel of similar composi- 
tion, it is believed that the structure at 427°C. 
is essentially a relatively high-temperature form 
of bainite with perhaps 10 per cent of martens- 
ite; in the past, we have chosen to designate as 
the X constituent the product formed at 
slightly higher temperature levels, 482°C. or 
thereabouts, in the chromium-nickel steel. 
Mr. Loring observed free ferrite in the bainite 
formed as low as 3iS®C. (Fig. 6); in our experi- 
ence, we have never found free ferrite grains, at 
least of this order of magnitude, associated 
with such “low^- temperature” bainite when the 


transformation was all strictly isothermal. It is 
suggested that Mr. Loring reexamine the 3i5°C. 
structure to make certain that the light-etching 
areas shown in Fig. 6 are actually ferrite rather 
than martensite. 

B. M. Loring (author’s reply). — It is 
gratifying to learn that the S-curve determined 
by Mr. Grange and his associates is in essential 
agreement with that presented. 

The differences in interpretation of the X 
constituent shown in Fig. 5 are primarily a 
matter of definition. The specimen from which 
this photomicrograph was taken had a Wid- 
manstatten type of structure, which has been 
associated with the X constituent in a previous 
publication.^ The identification of the X con- 
stituent in Fig. 5 w’as based on its crystallo- 
graphic genesis, which was similar to the process 
at somewhat more elevated temperature. 

On reconsideration of the structure in Fig. 6, 
it is believed that Mr. Grange is quite justified 
in questioning the production of free ferrite 
during the isothermal transformation at 3is°C. 
Since the acicular products are platelike as well 
as needlelike, it is probable that the white areas 
may be due to etching-orientation relationships. 



Structural Diagrams of Nickel Irons and Steels 

By J. T. Eash* and N. B. Pilling,* Members A.I.M.E. 
(New York Meeting, February 1942) 


As a group, the alloys of iron, nickel and 
carbon are, in application, one of the most 
versatile of the ferrous alloy family, and 
while many investigations have been made 
of their properties and structure only a 
few attempts have been made to show the 
microstructural relation over a wide range 
of composition. It is necessary at once to 
be clear about the kind of structural rela- 
tion with which we are concerned. The 
equilibrium diagram provides quantitative 
data regarding structural make-up and its 
variation with temperature, but equilib- 
rium structures often are far different from 
the technologically significant ones. This 
is particularly true of steels and cast irons, 
and some of the most important com- 
ponents of their structure may have no 
place in the diagram of equilibrium. The 
fugitive phases that result from trans- 
formation are dealt with in a highly de- 
tailed and descriptive manner in the 
S-curves originated by Bain. The present 
effort lies in a still different field, which is to 
portray the relation between sweeping 
changes in composition and in resultant 
structure, under controlled but nonequilib- 
rium conditions of thermal treatment. 

The Guillet^ diagram presented in 1903 
was the initial attempt at such a correlation 
and frequent references to this diagram 
can be found in the literature even though 
later work has shown it to require con- 
siderable modification. 

Kase^ pubKshed in 1925 a diagram that 
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nology, February 1942. . 

* Research Metallurgist and Director, respec- 
tively, Research Laboratory, The International Nickel 
Co., Inc., Bayonne, N. J. 

i References are at the end of the paper. 


was based upon observations of furnace- 
cooled melts. At low carbon contents this 
diagram agreed fairly well with experience 
in showing pearlite to exist in alloys con- 
taining up to 6 per cent nickel, and com- 
pletely austenitic steels at 24 to 28 per cent 
nickel. At high carbon contents, however, 
irons were indicated as being martensitic 
at around 2 per cent nickel and austenitic 
at 12 per cent nickel; these interpretations 
are open to serious question. 

Based upon experience with steels and 
cast iron, Wickenden® suggested a diagram 
that agreed fairly well with Kase’s in the 
steel range but which presented a wide 
departure from it in the higher-carbon, 
high-nickel regions. In its broad picture, 
the Wickenden diagram is an approach to 
“practical ’ ’ structures. 

Reference may be made at this point to 
the efforts of Marsh® to construct an iron- 
nickel-carbon equilibrium diagram' by the 
coordination of scattered data, which are 
described at length in the monograph cited. 

None of these preceding attempts has 
appeared to meet the need for an exposition 
of the structural sequence that is encoun- 
tered in traversing the nickel-steel nickel- 
cast-iron range under what might be called 
ordinary departures from equilibrium. 

Experimental Conditions 

Since the intent has been to establish 
structures developed under arbitrary con- 
ditions, experimental details have perhaps 
more than usual importance. Three of these 
conditions should particularly be noticed: 
(i) the material was cast and not subjected 
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to other heat or working treatment; (2) 
the section size was the standard 1.2 in. 
diameter arbitration bar; (3) the composi- 
tions all include small but uniform sulphur, 
phosphorus and manganese contents. The 
study was made at three levels of silicon 
content, to span completely the steel and 
cast-iron fields. 

The melting stock used in making the 
alloys consisted of Armco iron, electro- 
nickel and chill-cast pig iron low in silicon, 
sulphur and phosphorus. The melts were 
made in an induction furnace and sub- 
sequently divided into three portions con- 
taining 0.25, 1.5 and 3.0 per cent Si. After 
the low-silicon castings were poured, the 
silicon content of the bath was increased 
to the succeeding desired level and held 
for 15 min. to eliminate any inoculating 
effect on the graphite. Each tap was poured 
into a dry sand core producing a bar of 
1. 2-in. diameter and 6 in. long and a green- 
sand mold making a 4 by 5 by i-in. chill 
block chiUed on the i X S-in. face. 

The heating and pouring temperatures 
were varied according to the carbon con- 
tents and maintained at levels that were 
practical for producing castings so that the 
structures would be typical of normal 
melting procedures. Specific temperatures 
are listed in Table i. Heating temperature 
has an important effect on chiU and 
graphite structure, so in the carbon range 
of I to 3 per cent, which spans the range 
of white irons to irons having flake graphite, 
it was held constant at 285o°F. Variations 
in pouring temperature used from the 
average of 27oo°F. for the gray irons have 
little effect on structure and chill. 

The phosphorus content of the alloys 
was 0,02 to 0.03 per cent. The sulphur was 
held at 0.05 to 0.065 cent to ensure 
t3^ical cast-iron structures; extremely low- 
sulphur irons have abnormal graphite 
structures. The manganese content was 
0.3s to 0.40 per cent. 

Microspedmens were taken from the 
middles of the bars and the structure was 


recorded at a depth halfway between the 
surface and center. A consistent point of 
observation was necessary because some of 
the borderline compositions varied in 
structure across the section. 


Table i. — Heating and Pouring 
Temperatures 


Carbon, 

Per Cent 

Heating 
Temperature, 
Deg. F. 

Pouring 
Temperature, 
Deg. P. 

0.0s 

2950 

2950 

0.50 

2900 

2900 

1 .00 

2850 

2850 

I. SO 

2850 

2800 

2.00 

2850 

2750 

2.50 

2850 

2700 

3.00 

2850 

2650 

4.00 

2700 

2650 


Microstructures 

Details of composition of all melts and 
of their microconstituents are given in 
Table 2. The matrix structures over the 
entire range of compositions consisted of 
four major classes — pearlite with its com- 
ponent parts, ferrite and carbide; bainite; 
martensite, and austenite. Two kinds of 
graphite were distinguished, primary flake 
graphite, formed directly from the melt, 
and secondary graphite, resulting from the 
decomposition of cementite in the solid 
state. Photomicrographs typical of the 
structures are shown in Figs, i to 18, 

The pearlite structures are common and 
need no further explanation. 

The intermediate transformation prod- 
ucts, all of which have been classified as 
bainite, were most variable in appearance, 
as is to be expected when the broad temper- 
ature range of formation is considered. 
Figs. 5 and 6 were t3q)ical of bainite struc- 
tures in castings with less than 2 per cent 
carbon while Fig. 7 is an example of 
graphitic cast irons on the low nickel side 
of the bainite-containing fields. The struc- 
ture given in Fig. 8 was foimd only in 
0.25 per cent silicon irons containing 1.5 to 
2 per cent carbon and 10 to 18 per cent 
nickel. The plate constituent was high in 
carbide, as indicated by a sodium picrate 




Fig. I. — 0.85 C, 0.25 Si. Pearlite + carbide and graphite in grain boundary. 
Fig. 2. — 3.0 TC, 0.25 Si. Pearlite + carbide. 

Fig. 3. — 2.5 TC, 3 Si, 3 Ni. Pearlite -{- flake graphite. 

Fig. 4. — 4 TC, 1.5 Si. Pearlite + ferrite + fl^e graphite. 

Fig. 5. — 0.05 C, 0.25 Si, 4 Ni. Ferrite -p Bainite. 

Fig. 6. — 0.86 C, 0.25 Si, 6 Ni. Bainite -p austenite -f carbide in boundary. 

Fig. 5 etched with 50:50 Nital Picral; others etched with 2 per cent Nital. X 500. 
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Fig. 7. — 4 C, 0.25 Si, 6 Ni. Bainite + austenite + flake grapliite. 

F^. 8. — 2 TC, 0.25 Si, 10 Ni. Bainite + austenite + carbide. 

Fig. g. — 2.5 TC, 0.25 Si,^ 10 Ni. Bainite + austenite + flake graphite. 

F^. 10. — 3.70 TC, 1.5 Si, 15 Ni. Bainite + austenite flake graphite. 

Fig. II. — 2 C, 1.5 Si, 6 Ni. Carbide -j- secondary graphite + martensite -b pearlite -1~ 
austenite + bainite -b austenite. 

Fig. 12. — 0.40 TC, i.s Si, 8 Ni. Martensite -4- trace of ferrite in boundary. 

Etched with 2 per cent Nital. X 500. 
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Fig. 13. — 2.5 TC, 3 Si, 10 iS^. Martensite + austenite + flake graphite. 

Fig. 14. — 0.05 C, 0.25 Si, 20 Ni. Martensite. 

Fig. 15. — 0.05 C, 0.25 Si, 25 Ni. Martensite + austenite. 

Fig. 16. — 0.05 C, 0-25 Si, 25 Ni. Martensite -j- austenite. 

Fig. 17. — 2 TC, 1.5 Si, 18 Ni. Austenite + secondary graphite. 

Fig. 18. — I C, 1.5 Si, 25 Ni. Austenite d- secondary grapMte. 

Figs. 14-16 etched with 50:50 Nital Picral; others etcied with 2 per cent Nital. 
All X 500 except Fig. 16, which is X 2000. 
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carbide etch, and was found only in 
graphite-free areas. The bainite shown in 
Fig. 9 was found only in this one casting. 
Fig. lo was typical of all the high-carbon 


of cooling rate and segregation, as indicated 
by observations following heating and 
forging treatments. 

Secondary-graphite structures in austen- 



Fig. 19. — Structural diagram of nickel irons and steels containing 0.25 per cent silicon. 
1.2-INCH diameter dry sand castings. 


high-nickel alloys in the austenite-bainite 
fields. 

Martensitic structures containing appre- 
ciable carbon are shown in Figs. 12 and 13 
whole Figs. 14 and 15 are t57pical of very 
low-carbon high-nickel contents. The Wid- 
Diannstatten precipitate in the latter con- 
sisted of numerous small cubes (Fig. 16). 
The form of the precipitate was a function 


ite are illustrated in Figs. 17 and 18, and 
both types of graphite result from the 
decomposition of cementite in the solid 
state.^ The former is frequently referred to 
as “dendritic’' graphite and is a cause of 
low strength in cast iron. The nodular 
type was found only in castings containing 
I to 1.5 per cent carbon and above 12 per 
cent nickel. 
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Structural Diagrams structure and in conjunction with nickel 

had a strong austenitizing effect. Among 
The structural diagrams for the three the intermediate-nickel steels, those with 
silicon levels based upon these interpreta- greater amounts of carbon in solution 



V. Nickel 

Fig. 20. — Structural diagram of nickel irons and steels containing 1.5 per cent silicon. 

1.2-INCH DIAMETER DRY SAND CASTINGS. 


tions are given in Figs. 19-21. It should be 
recognized that the field bouDdaries do not 
represent sharp steps from one phase or 
group of phases to another, but instead 
narrow transition zones where the bound 
phases are coexistent. 

Considering the influence of the three 
main allo3ring elements, it is evident that 
the amount of carbon in solid solution had 
a profound influence upon the matrix 


became martensitic while with low-solution 
carbon they were apt to contain bainite. 

The excess carbon phase, carbide or 
graphite, exerted its influence on the struc- 
ture indirectly as it affected the carbon in 
solution. In the presence of carbide, austen- 
ite or low-temperature decomposition prod- 
ucts were observed while in graphitic 
alloys a higher-temperature decomposition 
product tended to form because of the 
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carbon depletion of the surrounding 
austenite. 

A very good example of the influence of 


field, suppress the formation of bainite 
and increase the quantity of martensite in 
the acicular compositions. 



0 4 6 12 l<b 20 24 28 

7o Nickel 

Fig. 21. — Structural diagram of nickel irons and steels containing 3 per cent silicon. 
1.2-INCH diameter dry sand castings. 


graphite and excess carbide on the matrix 
structure in the same specimen was found 
in the mottled iron shown in Fig. ii. In 
the carbide areas, martensite and austenite 
were found. Immediately surrounding the 
graphite were small areas of pearlite, which 
in turn were surrounded by bainite and 
austenite. 

The predominant effects of silicon, aside 
from its graphitizing influence, were to 
broaden slightly the domain of the pearlitic 


Chill Depth 

The relation between composition and a 
limiting chill depth of 0.5 in. is given in 
Fig. 22. 

It is evident that silicon and nickel were 
effective graphitizers, but they differed in 
the extent of their action. Silicon promoted 
primary graphitization and decomposition 
of excess and eutectoid carbide resulting 
in free ferrite in pearlitic cast irons; nickel 
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Table 2 . — Nickel Sieels mid Cast Irons 



Composition, 

Brinell 

Hard- 

ness 

No. 

Chill Depth. 

Microconstituents 


Alloy 

No. 

Per Cent 

In. 

0 

0 

+» 

0 

0 

g 

0 

'g 

0 

0 

u% 


Mag- 

netism^ 


Total C 

Si 

Ni 

White 

Total 

i 

a 

0 

Ph 

*2 

*3 

1 « 


US 

< 

CS 

0 

.§ 2 

1 

§g 

to 



0.25 Per Cent Silicon Castings 


I 

(o.os)“ 

0.08 

4. 10 

I3I 



A 

/ 


1 




M 

2 

0.03 

0.23 

4-04 

126 



/ 

/ 


I 




M 

3 

0.02 

0.27 

0.04 

148 



/ 


/ 






M 

4 

(0.03) 

0.22 

8.23 

182 



/ 


/ 






M 

S 

(o.os) 

0.28 

10.19 

228 



/ 


/ 






M 

6 

(0.05) 

0.18 

20.36 

302 






/ 





M 

7 

(o.os) 

0.22 

25.12 

26s 






/ 

/ 




M 

8 

(0,0s) 

0.27 

30.01 

IIS 






/ 

/ 




MM 

9 

0.45 

0.07 

8. XI 

530 




/ 

/ 






M 

10 

o.si 

0.34 

8.04 

560 




/ 

1 




M 

II 

0.47 

0.04 

12.12 

481 




/ 

/ 




M 

12 

o.si 

0.09 

18.04 

167 






/ 

/ 




MM 

13 

0.42 

0.06 

25-05 

119 







/ 




NM 

14 

0.8s 

0.23 


240 

4 



/ 




/ 


X 

M 

IS 

0.98 

0.2s 

2.07 

297 

4 



/ 




/ 


X 

M 

16 

0.89 

0. 17 

4. 16 

310 

4 



/ 




/ 


X 

M 

17 

0.86 

0.20 

6.06 

448 

4 




/ 


/ 

/ 


X 

M 

18 

0.8s 

0.22 

10.05 

255 

4 





/ 

/ 




M 

19 

0.88 

0.20 

12.13 

179 

4 





/ 

/ 




MM 

20 

0.98 

0.28 

15.32 

149 

4 





/ 

/ 

X 


X 

SM 

21 

0.95 

0.23 

18.01 

137 

4 






/ 

/ 


X 

NM 

22 

0.88 

0.22 

(20) 

153 

4 






/ 

X 


X 

NM 

23 

0.90 

0.24 

25.23 

170 

4 






/ 



X 

MM 

24 

1.48 

0.29 

12.22 

225 

4 




/ 


/ 

/ 



SM 

25 

1.33 

0.30 

18.17 

202 

4 




X 


/ 

/ 


X 

NM 

26 

2.09 

0.24 


335 

4 



/ 




/ 



M 

27 

1.97 

0.24 

2. II 

378 j 

4 



/ 




/ 



M 

28 

1. 91 

0.2s 

4.04 

40s 

4 



/ 




/ 



M 

29 

1.92 

0.26 

6.05 

S18 

4 




/ 


/ 

/ 



M 

30 

1 . 95 

0.23 

10.12 

313 

4 




/ 


/ 

/ 



MM 

31 

1.84 

0.23 

15.13 

240 

4 




/ 


/ 

/ 


/ 

SM 

32 

1. 8s 

0.26 

17.98 


I.O 

4 



X 


/ 

/ 


/ 

SM 

33 

1.97 

0.2s 

19.7s 

134 

0.3s 

1.30 





/ 



/ 


34 

2.37 

0.27 

1.09 

417 

4 



/ 




/ 



M 

35 

2.43 

0.34 

3.03 

477 

4 



/ 




/ 



M 

36 

2.49 

0.33 

9-90 

286 

0.55 

2.12 



/ 


/ 


/ 


M 

37 

2.49 

0.32 

17.94 

145 

0,41 

0.67 



X 


/ 


/ 


SM 

38 

3-03 

0.38 


422 

4 



/ 




/ 



M 

39 

2.95 

0.34 

2.06 

467 

4 



/ 


1 


/ 

/ 


M 

40 

3.00 

0.32 

4.06 

255 

1.72 

4 


/ 

X 




/ 


1 M 

41 

2.97 

0.41 

10.14 

254 

0.37 

0.90 



/ 


/ 


/ 


M 

42 

2.95 

0.27 

17.90 

126 

0.26 

0.54 



1 


/ 


/ 


SM 

43 

3.98 

0. 18 


481 

4 



/ 




/ 

/ 


M 

44 

4. 10 

0.29 

2.01 

157 

0.80 1 

1.4s 

/ 1 

/ 





/ 


M 

45 

4*07 

0.31 

4.00 

155 

0.40 

0.63 

1 

/ 

/ 




i / 


M 

46 

3.88 

0.27 

6, 12 

214 

0.33 

0.68 



/ 




/ 


M 

47 

3.84 

0.31 

10.04 

255 

0. 18 

0.26 



/ 


/ 


/ 


M 

48 

3.78 

0.31 

14.95 

149 

0.02 

0.02 



/ 


/ 


/ 


M 

49 

3.73 

0.31 

18.00 

99 

0 

0 



X 


/ 


, / 


MM 

50 

3.42 

0.2s 

^20. 12 

107 

0 

0 



X 


/ 


/ 


NM 
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Table 2. — {Continued) 








Microconstituents 


Composition, 
Per Cent 

Brinell 

Hard- 

ness 

Chill Depth, 
In. 

0) 



0 

*55 

G 

03 

03 

■P 

’S 

03 

'd 

0 

rt ft 

0) 

Js.ti 

■ia 

Mag- 

netism<* 

Total C 

Si 

Ni 

No. 

White 

Total 

■c 

u 

03 

<u 

*a 

•a 

u 

G 

< 

.Q 

p 

cS 

0 

PL| 

80 

CO 


1,5 Per Cent Silicon-iron-nickel Castings 


51 

(0.05) 

1.37 

4.12 

176 



/ 



/ 





M 

S 2 

(o.os) 

1.34 

6.05 

193 



/ 



/ 





M 

53 

0.04 

1.52 

8.21 

256 



/ 



/ 





M 

54 

(0.05) 

1.48 

10.12 

290 



/ 



/ 





M 

55 

(0.05) 

1.36 

20.20 

323 






/ 





M 

56 

(o.os) 

1.42 

24.85 

258 






/ 





M 

57 

(o.os) 

1.40 

29.91 

120 






/ 

/ 




MM 

58 

0.40 

1-35 

8.06 

498 



X 



/ 





M 

59 

0-45 

1.24 

12.09 

454 






/ 

/ 




M 

60 

0.49 

0.78 

18.00 

183 






/ 

/ 




MM 

61 

0.30 

1.37 

25.10 

124 







/ 




NM 

62 

0.82 

1.54 


287 

4 



/ 







M 

63 

0.80 

1 .61 

2. II 

324 

4 



/ 







M 

64 

0.90 

1-52 

4. 18 

387 

4 



/ 

X 





ic 

M 

6S 

0.84 

1.49 

6.08 

488 

4 





/ 

/ 



:c 

M 

66 

0.84 

1.48 

(10) 

321 

4 





/ 

/ 




M 

67 

0.90 

I. SO 

12.07 

239 

4 





/ 

/ 




MM 

68 

0.93 

1.64 

15.20 

168 

4 





X 

/ 



« 

SM 

69 

0.97 

1.49 

^.00 

163 

4 






/ 

a: 


/ 

NM 

70 

0.89 

1. 57 

19.98 

170 

4 






/ 

X 


/ 

NM 

71 

1.02 

I. 52 

25.06 

159 

4 






/ 



/ 

NM 

72 

1.42 

1.60 

12.25 

286 

4 





/ 

/ 

/ 


/ 

MM 

73 

1.42 

1.60 

18.17 

208 

0.85 

4 





/ 

/ 


/ 

VSM 

74 

2.05 

1 . 55 


368 

4 



/ 




/ 



M 

75 

2.00 

1.50 

2.09 

418 

4 



/ 




/ 



M 

76 

1-95 

1.52 

4.0s 

444 

4 



/ 




/ 


3 C 

M 

77 

1,81 

1 . 55 

6.16 

447 

0.50 

3-55 




/ 

/ 



/ 

M 

78 

1.84 

1.52 

10.08 

418 

0.16 

1.25 




/ 

/ 



/ 

M 

79 

1.92 

1.52 

15.03 

248 

0.14 

0.93 




/ 

/ 



/ 

MM 

80 

1.93 

1.50 

17.96 

163 

0.4s 

0.92 





/ 



/ 

SM 

81 

1.96 

1 . 55 

19.8s 

134 

0.13 

0.78 





/ 



/ 

NM 

82 

2.44 

1.45 


292 

0.95 

4-0 


/ 





/ 



83 

2.46 

1.47 

.i 3 ) 

273 

0 . II 

0.95 


/ 





/ 



84 

2.54 

1.52 

(10) 

342 

0. 10 

0.31 



/ 


/ 


/ 



8S 

2.58 

1.52 

(18) 

129 

0.09 

0.32 



X 


/ 


/ 


VSM 

86 

3- 08 

1-47 


237 

0.4s 

1.20 


/ 





/ 


M 

87 

3.14 

1.49 

(2) 

240 

0.13 

0.60 


/ 





/ 


M 

88 

3.13 

1.48 

(4) 

252 

0.13 

0.29 


/ 

X 




/ 


M 

89 

2.92 

I -54 

9.90 

302 

O.OI 

0.05 1 



/ * 


/ 


/ 


M 

90 

2.96 

1. 57 

(18) 

129 

0.16 

0.29 



/ 


/ 


/ 


MM 

91 

3-95 

1.36 


136 

0.18 

0.47 

/ 

/ I 





/ 


M 

92 

4.03 

1 . 45 

2.01 

138 

0 

0.01 

/ 

/ 





/ 


M 

93 

3-97 

1. 54 

4.00 

148 

0 

0 

X 

/ 





/ 


M 

94 

3.62 

I-S 7 


256 

0 

0 


X 

/ 




/ 


M 

95 

3.53 

1.62 

(10) 

255 

0 

0 



/ 




/ 


M 

96 

3.70 

1 . 59 

(is) 

163 

0 

0 



/ 


/ 


/ 


M 

97 

3-50 

1 .61 

(18) 

112 

0 

0 



/ 


/ 


/ 


MM 

98 

3.60 

r.64 

17.5 

118 

0 

0 



/ 


/ 


/ 


MM 

99 

3-29 

1.48 

20. 12 

95 

0 

0 



X 


/ 


/ 


SM 
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Table 2 . — {Continued) 









Microconstituents 





Composition, 

Brinell 

Chill Depth. ! 








Alloy 

Per Cent 

Hard- 

In. j 

1 


a 

1 

i 



Mag- 

No. 



ness 

No. 





P ! ‘B 

! a 


It 

netism** 


] 





•c "g i 

1 

^ i 

j ^ ; 

s i* 

0 2 



Total C Si 

Ni 


White j 

Total 

s i s ! 

'S 

i 

M f j 

h 1 


pJS , 



i 1 



1 


b 1 s. 1 


2 ‘ <J 1 

0 ! 

^ I 

1 



3 Per Cent Silicon-iron-nickel Castings 


100 

0.06 

2.94 

4. 12 

237 



/ 

* 

j 

\ 


! M 

lOI 

(0.0s) 

3.18 

5. 95 

260 



/ 



i 


1 M 

102 

0.03 

2.75 

8.06 

311 



/ 


/ 

1 


. M 

103 

0.0s 

3.02 

10. 10 

359 



/ 


i / 

i 


; M 

104 

O.OS 

2.72 

20.25 

340 





1 / 

i 


M 

lOS 

0.04 

2.84 

24.64 

228 





; / 



i MM 

106 

0.04 

2.68 

29.98 

133 





i / 

/ ! 


1 SM 

107 

0.3s 

2.97 

8. 10 

541 



X 


! / 

1 


i M 

108 

0.41 

2.66 

12.06 

477 





■ / 

/ 


: M 

109 

0.4s 

2.73 

17.94 

218 





^ / 

/ 


; MM 

no 

0.20 

3-04 

25.09 

121 






/ 


1 NM 

III 

0.82 

3.2s 


323 

4 



/ 

i 



; M 

II 2 

0.90 

3.30 

2. II 

371 

4 



/ 


i 



M 

II3 

0.91 

3. II 

4. 18 

390 

4 



/ 

i 


/ 



M 

II4 

0.82 

3.01 

6.02 

524 

4 


X 


i / 

/ 

/ 



lM 

IIS 

0.84 

3.03 

10.00 

393 

4 




! / 

/ 

/ 

1 

M 

II6 

0.93 

2.93 

12. os 

297 

4 




, / 

/ i 


/ 

M 

II7 

0.93 

1.70 

15.22 

251 

4 




/ 

/ > 


/ 

MM 

II8 

0.96 

2.87 

17.97 

202 

4 




: / 

/ i 


/ 

SM 

II9 

0.93 

3.18 

20.11 

137 

4 





/ , 


f , 

NM 

120 

1.04 

3.0s 

24.90 

146 

4 




' 

/ 



NM 

I 2 I 

1.37 

2.98 

12.06 

38s 

0.43 

4 



i / 

/ 

/ 


/ 

M 

122 

1.40 

3. II 

18.03 

202 






/ 


/ 

MM 

123 

2.00 

3.24 


298 

0.62 

4 

X 

/ 



/ 


/ 

M 

124 

2.01 

2.98 

2.09 

274 

0.22 

2.03 

X 

/ 





/ 

M 

I 2 S 

1.97 

3.05 

4.06 

345 

0.50 

2.00 


/ 





/ 

M 

126 

2.03 

3. II 

6.09 

317 

0.32 

1. 61 


/ 

/ 




/ 

M 

127 

2.00 

2.96 

10. 01 

418 i 

0.17 

0.73 


! 


/ 

/ ' 

/ 


M 

128 1 

1.92 

2.86 

15.00 

319 

0.20 

1. 00 




/ 

/ 

/ 


MM 

129 

1.92 

2.99 

17.841 

228 

0.43 

0.75 




/ 

/ ' 

/ 


MM 

130 

1.98 

3-04 

20.03 

156 

0.40 

f 

1. 13 





/ : 

/ 


VSM 

I3I 

2.47 

2.86 

(i) 

269 

, 1 
0.16 1 

o.si 

i 




1 

/ 


M 

132 

2.47 

2.90 

(3) 

274 

0.21 ; 

0.43 


/ 





/ 


M 

133 

2 .S 2 

3.05 

9.76 

364 

0.13 1 

0.19 

1 



/ 

/ 


/ 


M 

134 

2.70 

2.99 

(18) 

129 

! 0.07 

0. 14 

1 

i 


/ 



/ 


SM 

13s 

3.13 

2.92 


218 

O.II 

0. 18 

X 

; ^ ! 





/ 


M 

136 i 

3.18 

3.00 

2.05 

205 

0.07 

0. 10 

X 

1 / 





/ 


M 

137 

3.14 

2.99 

4.02 

237 

0.05 

0.09 

/ 

/ 





/ 


M 

138 

2.86 

2.98 

9.84 

290 

0 

0.05 



/ 

/ 

/ 


/ 


M 

139 

2.94 

3.01 

(18) 

107 

0.26 

0. 26 



/ 

/ 

/ 


f , 


MM 

140 

2.88 

3.13 

4. 10 

268 

0. 10 

0.22 


/ ! 


1 

/ 


M 

I4I 

2.66 

3.12 


223 

0.29 

0.83 

i X 

/ ' 



/ 


M 

142 

3.01 

3.12 

2.02 

234 

0. 10 

0. 18 

X 

/ i 


i 

/ 


M 

143 

3-54 

3.17 

3.90 

228 

0.09 

0.14 


/ 


i 

/ 


M 

144 

3.88 

2.76 


95 

0 1 

0.03 

1 

/ i 


1 

/ 


M 

14s 

3.8s 

2.92 

2.01 

loS 

0 

0 

i 

/ i 


j 

/ 


M 

146 

3.86 

2 . 94 ! 

3.98 

149 

0 

0 

\ 1 i 

/ 

, 


/ 


M 

147 

3 S 3 

3 - 05 ! 

(6) 

245 

0 i 

i 0 



/ 


/ ; 

/ 


M 

148 

3.50 

3.11 

(10) 

273 

0 

1 0 



/ 


/ i 

/ 


MM 

149 

3.42 

2.92 

C15) 

202 

0 

1 0 

i 


/ 


/ 

! / 


MM 

ISO 

3*27 

3.08 

(18) 

117 

0 

0 ! 



/ 

/ 

/ i 

/ : 

MM 

ISI 

3.28 

3.18 

17.4 

135 

0 

0 ! 



/ 

/ 

/ 1 

/ 1 

MM 

152 

3.16 

3.04 

(20) 

lOI 

0 

0 

1 



/ 

X 

/ i 

/ ; 

SM 


« ( ) = calculated composition. 

* / = microconstituent present. 

^ X — trace of microconstituent. 

^ Magnetism determined by large Alnico magnet: 
M = magnetic. 

MM moderately magnetic. 

SM = slightljr magnetic, 

VSM = very slightly magnetic. 

NM = nonmagnetic. 
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STRUCTURAL DIAGRAMS OP NICKEL IRONS AND STEELS 


promoted graphite formation but had the 
opposite effect on the pearlite and tended 
to refine and stabilize it. 



Fig. 22 . — Compositions having o.s-inch 

TOTAL CHILL. 


Summary 

Structural diagrams have been presented 
for cast nickel steels and cast irons at 

0. 25. 1.$ and 3 per cent silicon levels and 
containing up to 4 per cent carbon and 
30 per cent nickel. 
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Rapid Tension Tests Using the Two-load Method 

By a. V. deforest* and C. W. MacGregor,* Members AJ.M.E., ajtd A. R. Anderson* 

(Philadelphia Meeting, October 1941) 


One of the important problems in the 
design of structures and machine parts 
subjected to rapidly applied loads is the 
determination of the strength and ductility 
of the material itself under such conditions. 
Realizing the need for such information, 
many investigations have been carried 
out in the past. Most of these experi- 
ments have been made using notched bars 
in bending either with the Charpy or Izod 
impact machine. While yielding valuable 
data on the eflFect of notches in the energy 
absorption of the material and on the 
condition of heat-treatment, this form of 
test does not lend itself readily to a deter- 
mination of fundamental stress-strain rela- 
tions. For this and other reasons, more 
attention has been paid recently to the 
tension impact test. An extensive literature 
already exists on the subject and only those 
investigations somewhat closely related to 
the present paper will be mentioned. For 
a more comprehensive list, the reader is 
referred to the S3miposium on Impact 
Testing of the A.S.T.M., 1938. The work 
of Mann,^ Clark and Datwyler,^ Nidai 
and Manjoine,® Winlock and Leiter,^ 
Deutler,® and Brinkmann,® however, de- 
serves especial mention. 

In most of the previous investigations 
on the subject, when stress-strain relations 
were obtained under high rates of loading, 
it was the common procedure to determine 
stresses based on the original area and 


Manuscript received at tbe office of the Institute 
July 29, 1941. Issued as T.P. 1393 in Metals Tech- 
nology, December 1941- 

* Department of Mechanical Engineering, Massa- 
chusetts Institute of Technology, Cambridge, 
Massachusetts. 

I References are at the end of the paper. 


strains based on the original length. Stress- 
strain curves were then constructed by 
P AZo 

plotting as a fxmction of €o = 

where Aq and Lq refer to the original area 
and gauge length, respectively. At present 
there exists a paucity of true stress-strain 
data in the impact problem. The advan- 
tages of constructing so-called true stress- 
strain curves in order to reveal the funda- 
mental physical properties of the material 
for the tension test were discussed recently 
by one of the authors.^*® It was shown that 
the true physical behavior of the material 
in the tension test could best be represented 

F 

by plotting the average true stress, 5 = 

Ao L 

as a function of € = g' = log = log 

where P, A , L, 5 , €, and g' refer to the load, 
the cross-sectioned area while the load 
P is applied, the actual gauge length, the 
average true stress, the true strain and 
true reduction in area, respectively. Be- 
sides giving a better physical representa- 
tion, the method has certain additional 
advantages in that the stress-strain curve 
so plotted becomes a straight line from 
the maximum load point to fracture. The 
construction of such curves, however, 
while comparatively simple for the slow 
rates of loading customarily used in the 
tension test, presents certain difficxilties 
for tensile impact in that both loads and 
diameters are required throughout the test. 
The continuous measurement of test-piece 
diameters to fracture under impact con- 
ditions offers considerable experimental 
difiSculty. In order to make it feasible to 
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RAPID TENSION TESTS USING THE TWO>LOAD METHOD 


obtain true stress-strain data from initial 
yielding to fracture in the tensile impact 
problem, a two-load method was suggested 
some time ago.® 


a straight line from this point tangent to 

p 

the — ^ vs. q' curve at its point of inflec- 
tion. It can be shown and checked experi- 



Fig. I. — Tensile specimen in Izod machine. 


Briefly, this method consists in the 
scribing of a properly tapered tensile speci- 
men by means of a diamond tool with fine 
circumferential scratches at different axial 
locations, measuring the diameters of the 
bar at these locations before and after the 
test, noting only the maximum and fracture 
loads during the test, and constructing 
the true stress-strain curve. In order to 
construct the final curve, a preliminary 

p 

curve of — ^ vs. q' is first obtained by 


dividing the maximum load by the final 
areas measured along the bar all the way 
up to the fractured cross section and 
plotting each of these values as a function 
of the corresponding g'. The curve so 
constructed represents the actual S — q' 
or S — € curve from initial yielding to the 
maximum load, the remaining portion of 


the 


vs. q^ curve merely serving as 


an aid in constructing the rest of the true 
stress-strain curve from the maximum load 
point to fracture. This portion is obtained 
by dividing the fracture load by the frac- 
tured area, plotting this with its corre- 
sponding q' value on the figure, and drawing 


mentally that the curve so constructed 
represents the true 5 — g' curve for the 
material. The method is complete in that 
it determines the true stress-strain curve 
from initial yielding to fracture. It lends 
itself particularly well to the impact prob- 
lem, since the maximum and fracture loads 
are readily obtained, and it eliminates 
the necessity of measuring strains during 
impact. 

It is, therefore, the intention in the paper 
to discuss the application of this latter 
method to rapid tension or tensile impact 
experiments in the velocity range o to 11.5 
ft. per sec. as obtained on the Izod tensile 
impact machine. It is intended to carry out 
further experiments at higher rates of load- 
ing in the future, therefore the following 
discussion is in the nature of a progress 
report - 


Equipment 

The rapid tension or impact experiments 
were carried out on a converted Izod 
impact machine. Fig. i shows a test speci- 
men in the machine with the tup in position 
to be struck by the pendulum. The dy- 
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namic loads were measured by tlie metalec- 
tric strain gauges moimted on the individual 
specimens. The test specimens used had a 
curved tapered portion with a mininmiTn 



Fig. 2. — Oscillograph and camera. 


diameter of 0.2 in. and a radius of curva- 
ture of 8 in. Shoulders on each end having 
a xmifonn diameter of 0.350 in. joined the 
curved tapered portion. The strain gauge 
was mounted on the shoulder at one end 
of the specimen. The reason for using one 
end of the specimen as a weighbar instead 
of providing a separate load-measuring 
element will be discussed later on. 

The wire strain gauge used in the tensile 
impact tests is based on the change in 
resistance of a length of resistance wire 
one mil in diameter cemented directly to 
paper insulation, which in turn is cemented 
to the surface of the specimen. The wire is 
distributed over the circumference in such 
a way that bending stresses are not meas- 
ured; only the average longitudinal strain. 
Gauges of this type show no hysteresis 
between resistance change and elongation 
to within o.i per cent and are also free of 
creep under constant load. Tests up to 
30,000 cycles per second have not indicated 
any change due to speed effect, and as 
nearly as could be ascertained, no change 
in modulus was discovered; although no 
especial efforts were made to measure such 
a possible change to closer than i per cent. 

Suitable wire for the resistance gauges 
should have high strain sensitivity and for 


static use a low temperature coefficient of 
resistance, matching approximately the 
coefficient of expansion of the metal to be 
tested. For dynamic use, a wire of higher 



strain gauge. 

Rg = gauge resistance. 

Rc ~ calibration resistance. 

Rb — ballast resistance. 

B = batteiy\ 

strain sensitivity may be used, when 
changes in temperature during a single 
cycle are not anticipated. These gauges 
were used with the permission of the 
Baldwin Southwark Co. The use of wire 
gauges in conjunction with high-speed 
oscillographs has been described in a recent 
paper by one of the authors.^® 

The change in electrical resistance of the 
gauge due to load changes introduced a 
signal to the amplifiers and a cathode-ray 
oscillograph where the spot deflection was 
recorded on a moving film. A photograph 
of the oscillograph is shown in Fig. 2. The 
circuit used is indicated in Fig. 3. 

At the outset, a weighbar was built into 
the Izod machine as shown in Fig. i, and 
it was intended to use this as the load- 
measuring device into ’which the specimens 
were screwed, as was followed by Clark 
and Da,twyler,^ It was soon found, however, 
that the weighbar so constructed intro- 
duced excessive vibration due to trapped 
longitudinal waves. This objection was 
overcome by mounting the resistance gauge 
on the shoulder of the specimen. Fig. 4 
show’s an oscillogram in which the behavior 
of a gauge mounted (i) on the specimen 
and (2) on the weighbar of the machine are 
compared. By mounting the gauge on the 
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Specimen the excessive vibration is mate- 
rially reduced. 

The use of a new weighbar for each 
specimen has of course certain disadvan- 


were tested for each material, varying 
from two test pieces for the S.A.E. 1045 
steel to eight for the S.A.E. 1112. 
Essentially the same procedure was 



EiG. 4. — COMPAmSON OF LOAD-TIME DIAGRAMS OBTAINED WITH GAUGE MOUNTED ON SPECIMEN 
(upper curve) AND WITH GAUGE MOUNTED ON WEIGHBAR OF FiG. I (LOWER CURVE). S.A.E.I02O 
STEEL. 


tages in that a separate weighbar calibra- 
tion had to be made for each specimen. This 
was done in a manner similar to that used 
by Clark and Datwyler by loading each 
specimen statically, during which the 
change in resistance for a given load was 
determined. The spot deflection of the 
oscillograph was also noted for a sudden 
change in resistance. These two tests were 
then sufl&cient to determine the load per 
millimeter deflection of the light spot of 
the oscillograph. A further calibration 
of the oscillograph was made as a check 
by means of the momentum relations 
involved in the pendulum system. 

Table i. — Materials Tested 

Material Heat-treatment 

S.A-E. 1112 steel Annealed i hr. at i6so®F. and 

slowly cooled 

S.A.E. 104s steel Annealed i hr. at I450®P. and 

slowly cooled 

S.A.E. 3140 steel Hot-rofled, tested as received 

Brass (dsCu, 3sZn, Annealed i hr. at 785®P. and 
3Pb) H hard. slowly cooled 

Test Procedure 

Four different materials were tested in 
the conditions shown in Table i. Slow 
static tension tests were made on each in a 
60,000-lb. Southwark-Emery testing ma- 
chine, using the low 2400-lb. range for all 
materials except the S.A.E. 3140, in which 
case the 12,000-lb. range was needed. For 
the tensile impact tests, several specimens 


followed as discussed previously for the 
static tension tests once the load-time 
curve was obtained from the oscillogram. 
The maximum and fracture loads were 
obtained from the latter, the diameters 
before and after the test were measured 
along the bar by means of a special dial 
gauge and clamp attached to a lathe 
comparator, and the true stress-strain 
curves constructed by the two-lbad method. 
T3rpical oscillograms are shown for each 
material in Fig. 5. 

Discussion oe Results 

The average true stress-strain curves so 
constructed are shown in Figs. 6, 7, 8 and 9. 
In most cases the individual test points are 
indicated for each material. For the S.A.E. 
1112 some dispersion of data was present 
near fracture and for this reason the various 
points for each material were plotted as 
obtained for each test bar and an average 
S — € or S — q' curve was constructed. 
Figs. 6 to 9 show that in each case the true 
stress-strain curve as obtained on the 
Izod machine lies above that received in 
the static test, the difference between the 
two curves continuously increasing to frac- 
ture. As might be expected from previous 
results, the brass shows the greatest speed 
effect and the S.A.E. 3140 the least. 
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Fig. 5. — ^Typical oscillograms. 

a. S.A.E.1112, Specimen 2E. Maximum load, 2320 lb. Time, 0.00425 seconds. 

b. S.A.E.1045. Specimen iC. Maximum load, 2910 lb. Time, 0.00226 seconds. 

c. S.A.E.3140. Specimen 4E. !Maximum load, 4720 lb. Time, 0.0034 seconds. 

d. Brass. Specimen 6. Maximum load, 2120 lb. Time, 0-0045 seconds. 
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The numerical effects of the speed of 
testing are perhaps best indicated by 
Table 2. The static tests for the different 
materials were carried through at some- 
what different speeds, the time of test 
varying from 15 min. for one of the S.A.E. 
3140 specimens to 40 min. for the S.A.E. 


importance, since the basic static speed 
ratios may be varied by as much as 10:1 
without a noticeable effect on the material 
properties. It is the intention by these tests 
to show only the general effect on true 
stress-strain properties if one passes from 
a static test to a rapid tension or tensile 


Table 2. — Summary of Test Results 


Material 

Test 

Piece 

No. 

Average 
True Strain 
Rate 
(Sec.-i) 

Speed 

Ratio 

0 

Vo 

True 
Stress at 
Maxi- 
mum 
Load, 
Lb. per 
Sq. In. 

True 
Stress at 
Frac- 
ture, Lb. 
per 

Sq. In. 

True 
Fracture 
Strain 
qb ' — eb 

Ratio 
of Qb' to 
Static 
Value 

Ratio 

True 

Stress 

at 

Maxi- 
mum 
Load to 
Static 
Value . 

Ratio 

True 

Frac- 

ture 

Stress 

to 

Static 

Value 

S.A.E. 1 1 12 an- 

2G. 2j 

903 X 10-6 

I.O 

81,400 

124,500 

0.9481 




nealed. 

2A 

48 2 

S.34 X 10® 

98,000 

153,000 

0.9632 

1. 015 

1.29 

1.230 


2B 

410 

4.54 X 106 

98,000 

127,200 

0.9222 

0.974 

1.20 

1.022 


2C 

388 

4.30 X I05 

97,000 

144,000 

0.9302 

0.983 

1. 19 

1. 157 


2D 

384 

4.2s X los 

90,000 

136,000 

0 . 9420 

0.994 

1.105 

1.092 


2E 

223 

2.47 X 106 

93,000 

151.700 

0.9497 

1. 000 

1. 142 

1.218 


2P 

230 

2.55 X 10* 

89,000 

138,800 

0.8981 

0.948 

1.092 

I.115 


2H 

206 

2.28 X los 

89,000 

125,200 

0.875s 

0.924 

1.092 

1.005 


2I 

222 

2.46 X 10^ 

90,000 

141,000 

0.900 

0.950 

1. 106 

1. 132 

Average 2A-2I. . . . 



3.52 X io5 




0.974 

1.140 

1.121 

S.A.E. 1045 an- 

Ij 

335 X 10-6 

I.O 

104,200 

144,800 

0.8043 




nealed. 

iC 

358 

10.69 X 10® 

115,000 

165,500 

0.8109 

1. 001 

1.102 



iH 

222 

6.61 X 10* 

108,000 

157,000 

0.8545 

1.06 

1.036 


Average iC-iH... 



8.65 X io« 




1. 031 

1.069 

1.113 

S.A.E. 3140 hot- 

4M, 4I 

387 X 10-6 

I.O 

158,000 

215,000 

0.5800 




rolled. 

4 F 

224 X io~s 

5.79 X 10- 

158,000 

236,000 

0.6281 

1.083 

1. 00 

1. 100 


4 H 

156 X I 0“3 

4.06 X Io2 

156,000 

233,000 

0.6238 

1.072 

0.987 

1.085 


4 A 

410 

10.6 X 10*^ 

180,000 

254,500 

0.6355 

1.097 

1.140 

1.183 


4 B 

4 S 7 

II. 8 X 106 

180,000 

257,500 

0.6866 

1.184 

1. 140 

1. 195 


4 C 

470 

12.2 X 106 

180,000 

254.300 

0.6811 

1. 172 

1. 140 

1. 180 


4 D 

i8s i 

4.78 X 106 

170,000 

232,500 

0.6168 

1.062 

1.075 

1.080 


4E 

186 1 

4.78 X 10* 

170,000 

226,500 

0.6323 

1.090 

i I.07S 

1.050 


40 

178 

4.60 X 10* 

170,000 

228,200 

0.6152 

1.060 

1. 075 

1.060 

Average 4A-4G... 



8.12 X 10^ 




1. 102 

1.080 

1. 116 

Brass, annealed. . . 

4 

422 X io"« 

I.O 

74.500 

97,000 

0 . 6840 





6 

186 

4.42 X 106 

85,000 

144,000 

0.8374 

1.226 

1. 140 

1.485 


7 

188 

4.46 X 106 

86,000 

134,200 

0.8374 

1.226 

1. 154 

1.388 


9 

196 

4.66 X io» 

86,000 

130,600 

0.8520 

1.247 

1. 154 

1.345 

Average 6-9 



4.51 X 10* 




1.233 

1.149 

1.406 


1045 steel. The dynamic tests varied from 
an average time value of 0.00245 sec. for 
the S.A.E, 3140 to 0.00443 sec. for the 
annealed brass. Hence, the actual numerical 
speed ratios given in Table 2 varied from 
3.52 X 10® for the S.A.E. 1112 to 8.65 
X 10® for the S.A.E. 1045 steel. The speed 

V 

ratio “ in Table 2 refers to the ratio of the 

vq 

average true strain velocity in impact to 
the static value. The difference in these 
ratios is probably of no great ph3rsical 


impact test as carried out on the Izod 
machine where the striking velocity is of 
the order of 11.5 ft. per second. 

Table 2 further shows that a speed ratio 
of 3.52 X 10® produces an average increase 
of 14.0 per cent in the true stress at the 
maximum load and 12.1 per cent in the 
true stress at fracture for the S.A.E. 1112, 
while the average true strain g' = € at 
fracture is 2.6 per cent less at the high 
speed. The S.A.E. 1045 steel showed an 
increase of 6.9 per cent and 11.3 per cent 
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in the true stress corresponding to the 
maximum load and to the fracture loads, 



Fig. 6. — True stress-strain cur\*es for 
S. A.E.i 1 1 2 constructed by two-load method 
(curve a). 

Curve A average for specimens 2A, 2B, 
2C, 2D, 2E, 2F, 2I and 2H; average true 
strain rate, 318 per second. 

Curve B average for specimens 2G and 
2J; average true strain rate, 903 X io“® per 
second. 


respectively, for a speed ratio of S.65 
X 10% while at the same time the true 



Fig. 8. — True stress-strain cur^’es for 
S.A.E. 1045 BY T\\'0-L0AD METHOD (CUR\^ A). 

Curve A average for specimens iC and iH. 
Average true strain rate, 290 per second. 

Curve B for specimen ij. Average true 
strain rate, 335 X 10"® per second. 
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strain at fracture q' = e, increased 3,1 per 
cent. The S.A.E. 3140 indicated an increase 
of 8 per cent and 11.6 per cent in the true 
stresses corresponding to the maximum 
and fracture loads, respectively, for a 
speed ratio of 8. 12 X 10^, while the true 
strain at fracture increased 10.2 per cent. 
A somewhat greater effect of the speed of 
testing is shown by the brass where a speed 
ratio of 4.51 X ic® increased the true 
stresses corresponding to maximum and 
fracture loads by 14.9 and 40.6 per cent, 
respective!}’’, and the true fracture strain 
by 23.3 per cent.* 

* In comparing these results with those 
reported by other investigators, it should be 
noted that the strain velocities included herein 
are the average true strain velocities where 

de d&i(dt 

y = — sas • 

dt I “h €0 

In this equation € = log Aq/A and eo = 
ALo/Lo, both values holding for the bottom of 
the necked-down region. It is obvious, since the 
true strain e at fracture measured in the bottom 
of the necked-down region is larger than the 
over-all eo in 2 in., that this definition results in 
larger numerical strain velocities. 

In using tapered specimens such as those in 
the paper, it should also be noted that owing to 
the variation in areas along the bar, the true 
strain rates also vary along the axis. At any 
position along the bar the true strain rate is 



Specimens ma^’-, however, be properly tapered 
so that the true strain rates will not vary more 
than 100; I for any load. Where creep 
phenomena do not enter, as in short-time tests 
of the type discussed, such a variation of strain 
rate along the bar is of no practical importance. 
It has been shown earlier^ that true stress- 
strain curves constructed by the two-load 
method on tapered specimens were identical 
with those obtained by measuring the diameter 
throughout the test at the smallest cross sec- 
tion or by using a uniform bar of a different 
diameter. If the variation in strain rates along 
the bar had an important effect, such a check 
would not be possible. Also, since only rather 
small effects have been observed herein for 
speed ratios of a million to one, the variations 
of true strain rate along the bar itself would 
produce effects of only a second order 
importance. 

It is felt, moreover, that fundamentally the 
use of the true strain velocity in the necked- 
down region has the same basic advantages 
over the ordinary strain velocity measured in 


In common with the results of Nadai 
and Manjoine,® Mann,^ Clark and Dat- 
wyler,^ and others, it was foimd that the 
general effect of increasing the speeds of 
testing was in most cases to increase the 
fracture strains and the stresses at the 
maximum loads, although true stresses 
and strains were reported herein. For the 
latter reason, and since the same materials 
were not tested by them, a direct com- 
parison of the results reported with those 
contained in Table 2 does not seem feasible. 
A comparison of previously reported data 
does indicate in general, however, that the 
results reported in this paper appear to be 
of the expected order of magnitude. 

Summary 

Experiments are described in which the 
effects of the speed of testing on the true 
stress-strain properties of four different 
materials were investigated by the two-load 
method. Both slow static tension tests 
and low-velocity Izod impact tension tests 
were conducted. True stress-strain curves 
were reported for each material. 

The summary of test data in Table 2 
indicates for aU of the materials tested, 
which included S.A.E. 1112, 1045, and 3140 
steels and a brass, that the true stresses 
corresponding to the maximum load in- 
creased from 6.9 to 14.9 per cent, the true 
stresses at fracture increased from 11.3 
to 40.6 per cent, and with the exception of 
the S.A.E. 1 1 12 the true fracture strains 
increased from 3.1 to 23.3 per cent for the 
different materials when tested under low- 
velocity impact conditions as compared 
with their static tension values. 


a 2-in. gauge length, throughout which the 
strain is nonuniform, as the true strain e has 
over the strain eo where the latter is defined for a 
2-in. gauge length. In reporting test results, 
this quantity also has more physical signifi- 
cance than the striking velocity which is often 
reported in feet per second. Two different 
materials may have been tested with the same 
striking velocity and yet have widely different 
true strain rates. 
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DISCUSSION 


(R. M. Bozorth presiding) 


R. M. Bozorth,* New York, N. Y. — I 
noticed in the last slide that there is just one 
material for which the strain at fracture was 
less on the rapid test. Is there any significance 
to be attached to that? 


C. W. MacGregor (author’s reply). — ^The 
fact that one of the materials had a slightly 
smaller strain at fracture for the rapid test as 
compared with the slow test mereh' indicates 
that this material is rather insensitive to 
velocity effects in the range studied. The small 
decrease may have been due to slight differences 
in the material. 


* Research Physicist, Bell Telephone Labora- 
tories. 


R. M. Bozorth. — That 3 per cent was then 
an experimental or natural variation. 

One more thing: How does the speed of test 
compare with the speed of elastic wave in the 
material? Is the time of test comparable with 
the time it takes the wave to go the length of 
the specimen? WTiat is the order of magnitude? 

C. W. MacGregor. — The time of test is 
relativeh' large compared with the natural 
period of vibration of the weighbar-specimen 
system. If we compare the time of test with the 
time per half C3*cle for the traveling wave, we 
find that it is at least 60 times greater. This 
fact makes the weighbar s\^stem fairh' reliable 
in measuring loads. 

During the time of test the elastic wave 
would travel approximately 30 ft. or more, 
which indicates that the load at any instant is, 
for all practical purposes, the same over all 
portions of the specimen. 

A. V. De Forest. — This is one experiment in 
the direction of trying to find out more about 
the so-called speed effect. It has not yielded any 
spectacular results. On the other hand, maybe 
there are not am* spectacular results. We would 
like to know. In due course we are going to have 
higher speeds and then we will be able to extend 
the speed range. 

One of the difficulties that comes into the 
higher rates of loading is this. There are travel- 
ing waves through the specimen: therefore the 
stress is not distributed uniform!}^ along the 
length. Therefore also, the stress at the measur- 
ing point, wherever that is, is not an accurate 
measure of the stress at some other point. 

We have ver>’ crudeh" attempted some 
higher-speed loadings and found that the 
mechanisms that are normally in use for the 
higher speeds lead to very large elastic oscilla- 
tion during the whole course of the test. Those 
have to be handled in some wa}". At least they 
must be measured and estimated before we 
draw too manj’ conclusions. 

This two-load method and the test specimen 
looks as though it were a pleasant approach to 
some of the diflicult problems of the measure- 
ment, especially at higher temperatures. 

V. N. Kri\’OBOK,* Burbank, Calif . — Why is 
it called a two-load method? 

* Lockheed Aircraft Corporation. 
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A. V. DE Forest. — The ordinary method is 
a uniform diameter and the measurement of 
changing loads. In this method we use a 
tapered specimen of varied diameter and we 
need to measure only the maximum load to 
construct most of the diagrams, and the final 
breaking load to construct the portion of the 
diagram after the necking has started to take 
place. So that by measuring only two loads we 
can construct the diagram from the shape of 
the specimen after the failure, instead of the 
ordinar>" diagram where many loads are meas- 
ured. In this case we have only two loads meas- 
ured on the varying diameter test measurement. 


(S. L. Hoyt presiding) 

V. N. Kri\"OBOK. — T he work you have done 
seems to me very important. I hope that you 
will be able to pursue it and publish more and 
more of it. 

I should like to make one suggestion: If I 
understood correctly, you have measured the 
changes in the diameter of the conical sample. 
Have you made attempts to measure the local 
elongation between the tvv’o marks you put on 
the center? 


C. W. Mac Gregor. — We have made meas- 
urements of both the axial strains between 
small scratches for very short gauge lengths 
and have compared these with the axial strains 
determined from diameter measurements. The 
results of these particular tests are included in 
a previous publication.® It was shown there that 

the true axial strain defined by ^ = log j- 
is equal to that obtained by diameter measure- 
ments and defined as = log ~* 


V. N. Krivubok, — It is most interesting be- 
cause in the last six months there has been 
brought to light, at least in my opinion, the 
importance of the so-called minute or local 
elongation. I cannot possibly overemphasize 
the importance of that local elongation. I 
simply see no sense at all in talking in elon- 
gations in 2 in. In a process such as sheet 
drawing, the matter of local elongation is so 
important that it spells literally the success or 
the complete failure of the attempted drawing. 

And more work could be done on the effect, 
for example, of load application, the effect of 
stretch on the distribution of local elongation, 
and so forth, and it would indeed be most useful 
to the sheet-drawing industry. 


A. V. DE Forest. — Might I ask if Dr. 
Krivobok feels like telling us something of his 
local measurements? I know that he has some 
very interesting methods, w’hich have been 
used in his plant. 

V. N. Krtv'OBOK. — If you will ask me more 
specifically what you have in mind, I will be 
glad to tell you what I know. 

A. V. DE Forest. — Your method of putting 
a reference grading on the surface in order to 
be able to measure these local elongations. 

V- N. Krtvubok. — We use a photographic 
method. I would be very happy to send you 
detailed description rather than do it now, for 
the simple reason that I do not remember the 
exact details. That is the job of a younger man 
•who does it. We are able, however, to put by 
means of a photographic method the lines 
•which when magnified 100 times give the thick- 
ness of the line of less than Hoo so that 
the measurements can be made quite accurately. 

The other thing we found out is that the 
different materials would differ considerably in 
relation to the local elongation available in the 
metal, even though the general over-all elon- 
gation would be so close together that no 
intelligent engineer would say that they are 
different at all. 

For aluminum alloys, we were able to find 
out, for example, that 24-S alloy in the SO 
condition will have a local elongation of 130 per 
cent. In the hardened condition we can obtain 
elongations far in excess of anything that has 
heretofore been published. 

We also found out that it is literally impos- 
sible, of course, from the commercial point of 
view to receive the material always alike, in 
properties and characteristics. For certain very 
important deep-drawing operations, we suggest 
materials in which local elongations are of 
certain minimum value. Criteria can be estab- 
lished that the metal will not be formable at 
ail if the local elongation is below a certain 
figure. We simply put that aside and use it for 
some other less diflScult operation. 

We realize fully that we cannot ask for nor 
expect to receive, in these struggling trouble- 
some days, materials that are absolutely alike 
in their properties. There the question of the 
selection and control of some intangible, which 
was unkno-wn to us before, becomes, in prac- 
tice, very important. 
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By D. J. McAdam, Jr.,* Member A.I.M.E. 
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In a recent survey of the literature, the 
author has found evidence incompatible 
t\dth prevalent views regarding the tech- 
nical cohesive strength and 3deld strength 
of metals. Some of the evidence regarding 
the technical cohesive strength was pre- 
sented in a previous paper, and views 
were presented that are believed to be in 
better accord with the evidence. In that 
paper, it was shown that the technical 
cohesion limit (contrary to prevalent views) 
varies with the combination of principal 
stresses,! and that the influence of plastic 
deformation on the technical cohesive 
strength is not in accordance with preva- 
lent views. In this paper, consideration 
will be given to both the technical cohesion 
limit and the yield stress as affected by the 
combination of principal stresses. Evidence 
will be presented that the variations of the 
5deld stress and the technical cohesion limit 
with the combination of principal stresses 
are not in accordance with prevalent views. 
Consideration will also be given to ductil- 
ity and work-hardening capacity, which 
depend on the initial difference between the 
technical cohesion limit and the 3deld stress. 

By the ‘‘technical cohesion limit” is 
meant the mean stress at actual or poten- 


Released for publication July is, 1941, by the 
Director of the National Bureau of Standards. 
Manuscript received at the office of the Institute 
May IS, 1941- Issued as T.P. 1414 in Metals Tech- 
nology, January 1942. 

* Mets^urgist. National Bureau of Standards, 
Washington, D. C. 

References are on page 337. 
t Any stress system can be resolved into 
three principal stresses normal to three mutu- 
ally perpendicular planes on which there is no 
shearing stress. 


tial* fracture. An example of a technical 
cohesion limit is the “true” breaking 
stress of a tension-test specimen, the 
breaking load divided by the sectional 
area at fracture. The cohesion limit thus 
obtained for a ductile metal, however, has 
been greatly altered by the plastic deforma- 
tion. It is important to consider the 
cohesion limit of the metal prior to this 
deformation, and the variation of the 
cohesive strength with plastic deformation. 
The relation between the cohesion limit 
and the corresponding flow stress! deter- 
mines the ductility of a metal and the 
energy that it will absorb before fracture. 

In this paper, as in the previous paper, 
tensile stresses will be viewed as positive 
and compressive stresses as negative. 
The algebraically greatest principal stress 
will be designated 5 i, the least principal 
stress will be designated ^3, and the inter- 
mediate principal stress will be designated 
St- In the previous paper, attention was 
confined to stress combinations with two 
of the principal stresses equal (with the 
intermediate principal stress St equal either 
to 53 or 5 i). In this paper, consideration 
will also be given to the effect of stress 
combinations with all three principal 
stresses unequal. In the earlier sections 
of the paper (pp. 311 to 324), attention wiU 
be confined to stress combinations with 


* Because plastic deformation increases the 
cohesive strength, the initial cohesion limit 
sometimes can be only estimated, not actually 
attained. 

! By “flow stress" is meant the yield stress 
based on the corresponding sectional area, not 
on the original area. 
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52 equal to 53; in the sixth section (pp. 325 
to 326), the view be broadened to 
include stress combinations with 52 equal to 
5 i; and in the last three sections (pp. 326 
to 33$) the view will be further broadened 
to include stress combinations with no 
two principal stresses equal. 

Fig. I shows three typical stress combi- 
nations with no two principal stresses 
equal. The arithmetical value of each 
principal stress is represented qualitatively 
by the length of the arrow. Arrows point- 
ing away from the cube indicate tensile 
stresses; arrows pointing toward the cube 
indicate compressive stresses. 

Stress combinations with two of the 
principal stresses equal would be produced 
by subjecting a cylinder to various combi- 
nations of axial stress and uniform radial 
stress. (The imiform radial stress is 
eqxiivalent to two equal mutually perpen- 
dicular principal stresses.) Typical stress 
systems with two principal stresses equal 
are illustrated in Figs. 2 and 3. Fig. 2 
shows four t3q)ical stress combinations 
with Sz equal to 53. In such combinations, 
the greatest principal stress is in the axial 
direction, and the stress combination 
tends to cause either absolute or relative 
increase in length.* Fig. 2B represents a 
specimen subjected to longitudinal tension 
and to a smaller radial tension in the 
notched section. With an unnotched speci- 
men, such a stress system cannot readily 
be obtained experimentally. When a 
notched cylindrical specimen is subjected 
to longitudinal tension, however, the 
minimum section is under radial tension. 
The ratio of 53 to 5 i increases with the 
depth and sharpness of the notch, but 
cannot become actually equal to i.o. 
Stress systems qualitatively similar to that 
shown in Fig. 2C are produced during the 
cold-drawing of round rod or wire. 

Fig. 3 shows four typical stress combina- 
tions with 52 equal to 5 i. Such a combina- 

* By “relative” increase in length is meant 
an increase in the ratio of length to diapieter. 


tion tends to cause either absolute or 
relative decrease in length. This type of 
deformation can be caused by imiform 
radial tension (Fig. 3A). Axial compression 
of a cylinder causes a stress combination 
of the type illustrated in Fig. 3C, except 
that the greatest principal stress (radial) 
is zero. 

In the following pages, consideration 
will be given to the influence of stress 
combinations of the types illustrated in 
Figs. I, 2, and 3 on the technical cohesion 
limit and on the yield stress. The distinc- 
tion betw^een these three t3^es, therefore, 
should be kept in mind. In studying the 
variation of the cohesion limit with the 
combination of principal stresses, attention 
will be confined almost entirely (as in the 
previous paper) to the cohesion limit at 
actual or potential rupture.* Some atten- 
tion, however, will be given to the relation 
between the cohesion limits for rupture 
and shear. 

When two of the principal stresses are 
kept equal, the influence of the combination 
of principal stresses on the technical 
cohesion limit and on the yield stress can 
be expressed in terms of axial stress and 
radial stress (Figs. 2 and 3). The influence 
of such stress combinations, therefore, can 
be represented quantitatively by two- 
dimensional diagrams. Two-dimensional 
diagrams, consequently, were used in the 
previous paper^^ and are used in the 
earlier part of this paper (pp. 31 1 to 325). 
Removal of the restriction that two of the 
principal stresses are equal, however, makes 
it necessary to use three-dimensional 
diagrams. A study of the complete three- 
dimensional relationship is given in the 
last three sections of this paper (pp. 326 
to 335). The three-dimensional diagrams 
are derived by exact geometrical methods 
from two-dimensional diagrams. As the 
curves in the two-dimensional diagrams 

* The term “ruptiire” is used to designate 
fracture by separation as distinguished from a 
shearing fracture. 
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can be considered only qualitatively cor- 
rect, however, the three-dimensional dia- 
grams are presented as merely qualitative 
pictures of the influence of the combination 
of principal stresses on the technical 
cohesion limit and yield stress. Neverthe- 
less, they reveal important relations 
between these two strength indices, and 
the influence of these relations on strength, 
ductility and work-hardening capacity. 
It is hoped that they 'will stimulate investi- 
gation that will result in the construction 
of more accurate diagrams. 

Strength and Ductility of Notched 
Cylindrical Specimens as Affected by 
Ratio of S3 to Si 

Variation of S 3/ Si with Depth and Sharpness 
of Notch 

When a notched cylindrical specimen is 
subjected to longitudinal tension, the 
stress combination induced is of the t3q)e 
illustrated by Fig. 2B. The minimum 
section is under longitudinal and radial 
tensile stresses. The intermediate prin- 
cipal stress St and the least principal 
stress Sz are equal. Any such stress 
combination, consequently, may be ex- 
pressed in terms of two variables, S3 and Si, 

The ratio of Sz to 5 i increases with 
the depth and sharpness of the notch. 
The quantitative relationship between 
Sz/Si and the depth and sharpness of the 
notch was investigated by Kuntze^®”^® 
by means of elastic stress-strain measure- 
ments on cylindrical specimens with sharp 
V-notches. The root radius ranged be- 
tween about o.i and 0.15 mm. Kuntze 
found that Sz/Si is proportional to a 
fimction of the notch depth, according 
to the equation 

Sz/Si = C(D2 - ^2)/Z>2 [j] 

In this equation, d and D represent the 
minimum and maximum diameters, re- 
spectively, of the cylindrical notched 


specimen, and C is a constant depending 
on the notch angle. If d-/D- be designated 
by k, the equation becomes 

53/51 = C(i - k) [2] 

The ratio of 53 to Si was also foimd to be 
linearly related to the notch angle accord- 
ing to the equation 

C = (180 — ci))/i8o [3] 

In this equation, co represents the notch 
angle in degrees. Combination of equations 
2 and 3 gives 

53.^5i = (i — ^)(iSo — co)/i8o [4] 

For zero notch angle, 53;''5i — {1 — k.) 
For a value approaching zero of both co 
and Sz becomes equal to 5 i. Such a 
system {St ^ Sz — Si) will be termed 
(after Elirntze) polar s}Tnmetric stress.” 

The ultimate tensile strength (based 
on the minimum section) of a notched 
specimen was also foimd by Kimtze to be 
linearly related to (i — ^)(i8o — c*>)/i8o, 
the same expression that is given in Eq. 
4. This expression was foimd to be pro- 
portional to the difference between the 
tensile strength of the notched specimen 
and that of an unnotched specimen. The 
ultimate tensile strength thus was found 
to be linearly related to 53 / 5 i. 

This relationship is the basis of Kuntze’s 
method of determining the technical 
cohesion limit by extrapolation, using 
results of tension testing of specimens 
with various notches. He thus obtains a 
value representing the breaking stress 
under polars3mametric tension. Under such 
a stress system there is no shearing stress, 
hence there can be no plastic deformation. 
Under sufficiently high polars3Tiimetric 
stress, the most ductile metal would 
fracture without plastic deformation. The 
stress causing such a fracture, therefore, 
is a technical cohesion limit of unaltered 
metal. As no method has been found for 
direct measurement of this stress, it can 
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be determined only by extrapolation 
from results of tension tests of notched 
specimens. 

The tensile strength used in Kuntze’s 
method of extrapolation is not the breaking 
stress, but is the ultimate stress, the 
stress when the load reaches a maximum. 
The method of linear extrapolation cannot 
be applied when the tension test of a 
notched specimen gives a '^premature” 
fracture; that is, fracture while the tensile 
load is increasing. At premature fracture 
the stress concentration due to the notch 
causes the mean stress to be less than the 
actual local stress at the origin of fracture. 
The estimated mean stresses, consequently, 
do not give a linear relation with (i — ^) 
(i8o — C(j)/i8o, and may give a decidedly 
curvilinear relationship. 

Ultimate Tensile Strength as Affected by 
Ratio of Sz to Si 

In the previous paper,^^ various diagrams 
are used to represent the variation of 
the strength and ductility of specimens 
with a constant notch angle. Abscissas 
in those diagrams represent values oil — k. 
In Figs. 4, 5 and 6 herewith, however, 
abscissas represent values of (i — ^) 
(i8o — co)/i8o. According to Eq. 4, there- 
fore, each graph shows the influence of 
both the depth and the sharpness of the 
notch, and abscissas represent values of 
Sz/Si. The indicated values for the ultimate 
tensile strength (Figs. 4, 5 and 6) are 
based on the initial minimum sectional 
area, not on the sectional area when the 
load reaches a maximum. 

Figs. 4 and 5 show results of experiments 
by Kuntze with notches having a constant 
angle (60°) but different depths. Fig. 4 
shows results obtained with a moderately 
ductile steel (M); Fig. 5 shows results 
obtained with brittle steels {R and Rd)» 
Steel Rd was produced by plastic extension 
of a cylindrical bar of steel R until the 
cross section had been decreased 4 per 
cent; steel Rd then was at the beginning 


of local contraction. From bars of steels 
R and Rdj notched and unnotched speci- 
mens were then prepared for tension test. 
Even unnotched specimens of these steels 
showed very little ductility. The decrease 
of sectional area at fracture was only 
6 per cent for steel R^^ and only 2 per cent 
for steel Rd (Fig. 5). 

As shown in Fig. 2 of the previous 
paper, 2 i notched specimens of steel R 
gave “premature” fractures. The greater 
the size of the notched specimen, the 
greater was the tendency to premature 
fracture.* With the smallest of the notched 
specimens, however, fracture occurred 
only a short time before the load reached 
a maximum; the results obtained with 
these specimens are designated in Fig. 5 
as fractures. With the unnotched specimen, 
the load actually reached a maximum; 
the corresponding point in Fig. 5 therefore 
represents the ultimate tensile strength. 
Although the ductility of steel Rd had 
been nearly exhausted by the prior plastic 
extension, the notched specimens did 
not fracture until after the load had 
reached a maximum, f With the ductile 
steel M, no premature fractures were 
obtained. 

Fig. 6 is based on experiments by Lud- 
wik and Scheu^® with mild steel specimens 
having V-notches all of the same depth, 
but with different angles. The dimensions 
of the specimens are given in the insert 
sketch in Fig. 6. The value of Sz/Si cor- 
responding to each of these specimens 
has been calculated by the use of Eq. 4, 
and these values have been plotted as 
abscissas in Fig. 6. 

The ultimate strength ^values for steels 
M and Rd evidently are linearly related 
to Sz/Si, at least within the range of 

Much, if not all, of this apparent size effect 
was due to difference in stress concentration.*^ 

t Experiments by Kuntze with various 
metals have shown that the tendency to pre- 
mature fracture is decreased by plastic exten- 
sion (prior to the formation of a notch) to the 
beginning of local contraction. 
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values of S3/S1 covered by the investiga- 
tion (Figs. 4 and 5). Because of the pre- 
maturity of the fractures obtained with 
steel jR, however, the broken line traversing 
the points representing fractures is slightly 
curved. If values of the ultimate strength 
could have been obtained, the line travers- 
ing the corresponding points probably 
would be straight, like the lines obtained 
with steels M and Rd, and as indicated 
by the continuous line for steel R in Fig. 5. 
To determine values of the technical 
cohesion limit in accordance with Kuntze’s 
method of extrapolation, the straight 
lines in Figs. 4 and 5 have been extended 
to abscissa i.o. The ordinates of the points 
Ti thus obtained represent values of the 
technical cohesion limit under polar- 
symmetric tension. As will be shown, 
however, Kuntze’s view that the technical 
cohesive strength of a metal can be repre- 
sented by a single stress value is incorrect. 
As in the previous paper,2i the technical 
cohesion limit under polarsymmetric ten- 
sion will be termed the “disnipture stress,” 
a term used by Bridgman.® 

In Fig. 6, the line representing the 
variation of the ultimate tensile strength 
with S3/S1 is slightly curved, thus differing 
from the lines obtained with constant 
notch angle and varying notch depth 
(Figs. 4 and 5). The shape of the line in 
Fig. 6 casts some doubt on the linear 
extrapolation represented by Eq. 3. Be- 
cause the curvature of this line apparently 
decreases as the line extends to the right, 
however, the error involved in linear 
extrapolation to zero notch angle may not 
be great, unless the extrapolation is based 
entirely on results obtained with large notch 
angles. The disruptive stress for steel iV, 
however, may be slightly less than the value 
represented by the ordinate at point Ti. 

Yield Stress and Ductility as Affected by 
Ratio of Sz to Si 

Two different indices are used in Figs. 
4 and 5 to represent the yield strength; 


they are distinguished by the indicated 
percentage of plastic deformation. The 
0.002 per cent 3deld stress is more nearly 
an index of elastic strength than of 3deid 
strength. With increase in S3/S1, the 
0.002 per cent peld stress decreases to a 
minimum and then increases (Figs. 4 
and 5). The initial descent of these curves 
is due to increasing stress concentration 
at the root of the notch. The 0.6 per cent 
3rield stress, however, rises continuously 
with increase in S3. ^Si. A large part of the 
stress concentration, therefore, e\ddently 
is removed by the 0.6 per cent plastic 
deformation. The curv^es for the 0.6 per 
cent yield stress thus reveal qualitatively 
the influence of S3. Si on the yield stress. 
The continuous increase of the yield 
stress with S3/S1 is due to a continuous 
increase in the ratio of the longitudinal 
tensile stress to the shearing stress.* 

A line representing the variation of the 
yield strength of the brittle steel Rd with 
S3/S1 (Fig. 5) would be just below the line 
representing the variation of the ultimate 
strength. At abscissa i.o, the curves for 
yield, ultimate strength and fracture 
converge to the point (Ti) representing 
the disruptive stress. Under polarsym- 
metric tension, fracture would occur 
without plastic deformation. 

As illustrated by the upper diagrams in 
Figs. 4, 5 and 6, the ductility at first 
decreases rapidly with increase in Sz/Si. 
As shown in Figs. 4 and 5, the ductility 
again increases with increase of S3/S1 
beyond about 0.33. The final trend of the 
ductility, however, must be downward, 
and the ductility must become zero when 
Sz/Si becomes 1.0. It seems probable that 
this intermediate increase of ductility is 
associated with the deformation gradients 
in the notched specimens. If uniform radial 
tensile stress could be applied to unnotched 
cylindrical specimens, the curves of duc- 
tility probably would be of the form 


* The shearing stress is equal to (5i — St)/ 2 . 
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indicated by the broken lines. The curves 
probably would descend first at a decreas- 
ing rate and then at an increasing rate. 
It is not impossible, however, that the 
influence of 53/51 is as indicated by the 
solid curves. (See footnote on page 331.) 

Breaking Stress as AJfected hy Ratio 
of Sz to Si 

The values of the breaking stress* 
indicated in Figs. 4, 5 and 6 are all less, 
usually much less, than the corresponding 
values of the disruptive stress. And yet 
these values, with the exception of those 
representing premature fracture of steel 
R (Fig. 5), were obtained after sufficient 
plastic extension to permit the tensile 
load to traverse a maximum. Stress con- 
centration, therefore, was virtually absent, 
and the values of the breaking stress must 
be viewed as technical cohesion limits. 
!Moreover, the fact that these measured 
cohesion limits are all lower than the cor- 
responding disruptive stresses obtained by 
extrapolation cannot be attributed to an 
influence of plastic deformation on the 
measured cohesion limits. The best evi- 
dence for this is found in Fig. 5. The duc- 
tility of steel Rd was so slight that the 
corresponding values for the 0.6 per cent 
3rield stress, ultimate stress, and breaking 
stress are very dose together. The idea 
that the slight plastic deformation is the 
reason for the differences between the 
disruptive stress and the measxired break- 
ing stresses appears incredible. The sim- 
plest and most plausible assumption is 
that the technical cohesion limit varies 
with 53/5 i, and that a line representing 
this variation of the cohesion limit for the 
brittle steel Rd would differ little from the 
line representing the variation of the ulti- 
mate tensile strength. 

For the ductile steels M and N (Figs. 
4 and 6), the curves of variation of the 

* The indicated values are **true** stresses, 

based on the sectional area at fracture. 


breaking stress with 53/5i are considerably 
above the corresponding curves of variation 
of the ultimate tensile stress. The plastic 
deformation during the local contraction 
of each of these specimens evidently has 
caused an increase in the corresponding 
technical cohesion limit. Nevertheless, 
the directly determined breaking stresses 
are all less than the disruptive stress. 
(The influence of plastic deformation on 
the technical cohesive strength is discussed 
on pages 320 to 323.) 

Variation of Technical Cohesion 

Limit, Yield Stress, and Ultimate 
Stress with Combination of 
Principal Stresses, when the 
Least Two of the Principal 
Stresses Are Kept Equal 

Influence of Combination of Principal 

Stresses on Technical Cohesion Limit 
of Brittle Metal 

When two of the principal stresses are 
kept equal, any stress combinations may 
be expressed in terms of only two variables, 
the axial stress and the radial stress. In 
Figs. 7 and 8, ordinates represent axial 
stresses and abscissas represent radial 
stresses. Abscissas in these figures thus 
differ from abscissas {Sz/Sf) in Figs. 4, 
5 and 6. The range of stress combinations 
that may be represented is much greater 
in a diagram of the type shown in Figs. 7 
and 8 than in a diagram of the type shown 
in Figs. 4, 5 and 6. In a diagram of the t3q)e 
shown in Figs. 7 and 8, it is possible to 
represent not only the stress combinations 
typified by Fig. 25 , but also all the stress 
combinations typified in Figs. 2 and 3, 
In Figs. 7 and 8, attention is confined to 
stress combinations typified by Fig. 2, 
combinations with 5 ^ equal to 53. 

Line E in Figs. 7 and 8, making an angle 
of 45® with the axes of coordinates, is the 
locus of all points representing polarsym- 
metric stress- The field included in the 45® 
angle between this line and the axis of 
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ordinates is the only part of such a diagram 
that corresponds to a diagram of the type 
shown in Figs. 4, 5 and 6. AH the evidence 
contained in Figs. 4, 5 and 6, has been 
reproduced in this field of Figs. 7 and 8. 

A study of the influence of the com- 
bination of principal stresses should begin 
with a brittle metal. The influence of plastic 
deformation, a variable affecting the 
technical cohesion limit, is thus minimized. 
First consideration, therefore, will be given 
to the diagrams representing the brittle 
steels R and Rd (Fig. 7). Because two of 
the curves correspond to the relationship 
represented by the two straight sloping 
lines in Fig. 5, these two curves represent a 
linear relation between Sz/Si and the 
ultimate tensile strength, the relation 
assumed in Kuntze’s method of determin- 
ing the disruptive stress by extrapolation 
(p. 323). The curve representing breaking 
stresses for steel Rd is only slightly above 
the curve representing ultimate tensile 
strengths. Because specimens of steel R 
broke a little prematurely, however, the 
points representing fractures of these 
specimens are a little below the correspond- 
ing curve. 

The radiating broken lines in Fig. 7 
represent typical constant values of 
The intersections of these lines with curves 
R and Rd represent corresponding values 
of the technical cohesion limit. The evi- 
dence indicates that the technical cohesion 
limit increases with increase of Sz/Si 
between zero and i.o, and that the disrup- 
tive stress (Ti) is the highest value of the 
technical cohesion limit. 

A diagram intended to represent qualita- 
tively the variation of the technical 
cohesion limit with Sz/Si was presented by 
Bridgman,^ based on results of compression 
tests of various t3q>es.* Within the field of 


* In this diagram, abscissas do not represent 
radial stresses, as in Fig. 7, but represent radial 
stresses multiplied by the locus of polar- 
symmetric stresses thus makes an angle of 54° 


positive values of Sz/Si, w^here his diagram 
has no experimental basis, his curve tra- 
verses a maximum before reaching point 
Tij thus impl>dng that the disruptive stress 
is not the highest value of The experi- 
mental e\idence in Fig. 7, however, gives 
no w'arrant for such a construction, and 
indicates that Si increases continuously 
from To to Ti, 

In the previous paper, the curve of 
technical cohesion limits is drawm so that 
it has a horizontal tangent at Ti. If the 
locus of fractures of steel Rd is straight as 
represented in Fig. 5, how’ever, the cor- 
responding curv^e in Fig. 7 would not 
become horizontal at Ti (see appendix . 4 ). 

The extension of the curves in Fig. 7 
into the field of negative values of Sz/Si 
is based on compression tests by Bridg- 
man.2-5 Cylindrical specimens of various 
materials were subjected to hydrostatic 
pressure on the cylindrical surface, while 
the ends of the specimens were subjected 
only to atmospheric pressure. When the 
hydrostatic pressure reached a certain 
value, depending on the material, the 
specimen fractured transversely as if it had 
been broken by longitudinal tension. 
Ductile metals contracted locally before 
fracture, but brittle materials broke with 
dean, exactly transverse fracture. Fracture 
of a brittle material thus occurred with 
practically no stress normal to the plane of 
fracture. Such fractures are represented in 
Fig- 7 by points Tc2. The horizontal posi- 
tions of these points are determined 
approximately in accordance with the fact^ 
that the radial compressive stress at the 
fracture of a brittle specimen of steel is 
somewhat greater than the breaking stress 
under imidirectional tension {To). 

With extension of the curves into the 
region representing both axial and radial 
compression (Fig. 2D), the divergence of 
the curves from line H (Fig. 7) becomes 

44' with the axis of ordinates. This arrangement 
was made in order to present a sectional view of 
a three-dimensional diagram. 
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gradually less rapid. The radial compressive 
stress here is arithmetically greater (though 
algebraically less) than the axial compres- 
sive stress. x\s pointed out by Bridgman,® 
experiments by Richart, Brandtzaeg, and 
Brown-® vdth cylindrical specimens of 
concrete (under such conditions) gave 
transverse fractures. Throughout its entire 
length, therefore, a curve of the type 
shown in Fig. 7 e\udently is the locus of 
points representing transverse fractures, 
similar to those produced by an ordinary 
tension test. 

As Bridgman® has pointed out, any 
combination of principal stresses (repre- 
sented by a point on a curve of this type) 
may be resolved into a polarsymmetric 
stress plus a unidirectional (axial) stress. 
The axial stress is represented by the 
vertical distance from the given point to 
line E, and the intersection of this vertical 
line with line E represents the polarsym- 
metric stress. 

Injiumce of Combination of Principal 

Stresses on Ultimate Stress mid Yield 
Stress of Ductile Metal 

The curves of variation of the ultimate 
stress (Figs. 7 and 8), because of their 
derivation from corresponding straight 
lines in Figs. 4, 5 and 6, must be similar in 
form to the curves of technical cohesion 
of brittle metals (Fig. 7), and must extend 
to T\. The extension of these curves into 
the field of negative values of Sz/Si is 
based on the previously mentioned results 
of radial compression tests by Bridgman.^”® 
The ultimate radial compressive stress on 
a ductile metal is slightly greater than the 
corresponding value of the ultimate stress 
under unidirectional tension. 

A curve of variation of the 0.6 per cent 
yield stress, throughout its entire length, 
must be inside the corresponding curve of 
variation of the ultimate stress, and must 
intersect line E at Tx. The curves of 
variation of the yield stress, consequently, 
axe similar in form to the curves of tech- 


nical cohesive strength of a brittle metal. 
For the brittle steel Rd (Fig. 7), the curves 
representing the technical cohesion limit, 
ultimate stress, and yield stress practically 
coincide throughout their entire length. 
For a ductile steel (Fig. 8), the three 
curves evidently do not coincide except 
at Ti. The evidence (Figs. 4 and 8), more- 
over, appears to indicate that they do not 
become mutually tangent at Ti. 

According to either the theory of con- 
stant maximum shearing stress or the 
theory of constant maximum shearing 
energy, the locus of yield stresses (in a 
diagram of this type) would be a straight 
line parallel to line E. The evidence in 
Figs. 7 and 8, therefore, is not in accord- 
ance with prevalent theory regarding either 
the technical cohesion limit or the yield 
stress. 

Influence of Combination of Principal 
Stresses on Technical Cohesion Limit 
of Ductile Metal 

The curves of variation of the technical 
cohesion limit for ductile steels M and N 
(Fig. 8) are very different from the curves 
for the brittle steels R and Rd (Fig. 7). 
The complex form of the curve for a ductile 
steel is due to the influence of two variables, 
53/53 and plastic deformation, on the 
technical cohesion limit. If the radial and 
axial stresses could be applied to an 
unnotched specimen, the locus of fracture 
for a ductile metal probably would diverge 
continuously from the curve of yield 
stresses with decrease of 53/5i below i.o, 
and thus would differ somewhat from the 
locus curves in Fig. 8. 

Influence of Plastic Extension on ' 
Technical Cohesive Strength of 
Metals when S ^ is Equal to S3 

Locus of Fractures 

The locus of fractures in Fig. 8 is affected 
by the combination of principal stresses 
and by the varjdng plastic extension. 
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Other views of the locus of fractures for 
ductile and brittle steels are shown in 
Figs. 9 and 10. Ordinates represent values 
of the axial stress Si] abscissas represent 
percentages of decrease in the sectional 
area due to plastic deformation. The locus 
of fractures starts at an ordinate represent- 
ing the estimated disruptive stress, and 
traverses the points representing actual 
fractures of notched and unnotched speci- 
mens. The stresses and deformations 
represented by these points are the same 
as those represented by the corresponding 
points in Figs. 7 and 8. The decimal 
adjacent to each of these points in Figs. 9 
and 10 indicates the value of Sz/Si. 

According to prevalent views, which are 
based on publications by Kuntze,^®~^s the 
influence of plastic deformation on the 
technical cohesive strength of a metal may 
be represented by a single curve, such as 
curve C in Fig. 9. This curve rises to a 
maximum, and then descends at an increas- 
ing rate imtil it intersects the continuously 
rising curve of flow stress F at a point F 
representing fracture. Curve F represents 
the variation of the flow stress with 
slow plastic deformation of an initially 
unnotched specimen. Between H (repre- 
senting the beginning of local contraction) 
and P, the course of this curve is influenced 
by the notch effect of the increasing local 
contraction. The rise of Sz/Si from zero, 
owing to the increasing notch effect, 
causes the curve of flow stress to diverge 
at E from the curve Fo, which represents 
qualitatively the way the flow stress would 
vary if it could be kept unidirectional. 

An increase in Sz/Si by the use of a 
notched specimen vrould elevate the entire 
curve of flow stress, but (according to the 
prevalent viewO would not affect the curve 
of technical cohesion. With increase in 
Sz/Si, therefore, the curve of flow stress 
would move successively to the positions 
represented by curves F0.2, F0.3 and Fo.4,* 

* The subscripts indicate the corresponding 
values of St /Si. 


and the intersection with C w*ould move 
successively to points F0.2, F0.3 and F0.4. 
With further increase of Sz/Si, the inter- 
section w^ould move upw'ard to the summit 
of curve C and w^ould then descend to the 
origin, the point representing the initial 
(single) cohesion limit of the metal. 

The locus of actual fractures of a ductile 
steel (Fig. 9), however, is very different 
from curve C. With increase in Sz/Si^ the 
point representing fracture moves rapidly 
to the left from point F, descends to a 
minimum, then ascends, probably traverses 
a maximum, and approaches the point 
representing the initial disruptive stress. 
At F, the locus of fractures makes only a 
small angle with the curve of flow stress, 
an angle differing by more than 90° from 
the angle betw*een the curve of flow’ stress 
and Kuntze’s curve C. WTiereas curve C 
predicts an initial rapid rise of the breaking 
stress with increase in Sz/Si, the breaking 
stress actuaH}^ decreases slightly and the 
ductility decreases very rapidly. As illus- 
trated by diagram A of Fig. 10, a qualita- 
tively similar locus of fracture is obtained 
with the moderately ductile steel if. AVith 
steels having only slight ductility (B and 
C), however, the locus of fractures does not 
traverse a minimum but ascends rapidly 
wdth increase of Sz/Si, and probably 
traverses a maximum before reaching zero 
abscissa. As shown in the previous paper,^! 
such a locus of fractures is not explainable 
in terms of prevalent views of the technical 
cohesive strength of metals. 

The evidence leads directly to the sur- 
mise that the course of the locus of 
fractures is not due to the variation of 
a single cohesion limit with plastic exten- 
sion. The cohesive strength of a metal (see 
p. 316) cannot be represented by a single 
stress value, but comprises an infinite 
number of values corresponding to the 
infinite number of possible combinations 
of the principal stresses. As any of these 
cohesion limits is affected by plastic 
deformation, the locus of fractures repre- 
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sents the influence of two variables, Sz/Si 
and plastic deformation, on the breaking 
stress. When a metal has little ductility, 
the influence of the variable plastic 
deformation is small in comparison with 
the influence of the variable Sz/Si (Fig. 
loC). When a metal has considerable 
ductility, both variables have marked 
effect on the locus of fractures and thus 
cause the complex forms shown in Figs, g 
and 10*4. 

The locus of fractures obtained by the 
use of notched specimens is affected by 
minor variables such as the nonuniformity 
of deformation of a notched specimen.-^ 
In the absence of the distorting effect 
of these minor variables, the ductility 
probably would increase continuously with 
decrease in Sz/Si, as indicated by the 
dotted curves in Fig. lo. A similar quali- 
tative allow’ance for undesired variables 
has been made in drawing idealized curves 
of ductility in Figs. 4 and 5. 

With extension beyond point P' (Figs. 9 
and 10), the locus of fractures enters the 
fleld of negative values of Sz/Si. In this 
field, the locus of fractures of the brittle 
steel Rd (Fig. loC) continues its steep 
descent. The curve for steel R (Fig. loB), if 
extended further, possibly woifld continue 
its rapid decrease of slope but probably 
would not traverse a minimum as does the 
curve for the more ductile steel M (Fig. 
10^). The curves for the ductile steels M 
and N (Figs. 9 and 10^), after rising 
from the minimum, must eventually 
traverse a maximum and then turn rapidly 
downward. This final downward course is 
due to the eventual exhaustion of the 
ductility; the final course then is that of 
the curve for a brittle metal. For a few 
very ductile metals, however, it is possible 
that the locus of fractures does not take 
this final downward course, but rises from 
the minimum at a gradually decreasing 
rate. Such a metal would not fracture 
when Sz/Si is negative. 


Influence of Plastic Extension on Specific 
Technical Cohesion Limits 

As the technical cohesive strength of a 
metal cannot be represented by a single 
stress value, any specific cohesion limit 
must be referred to the corresponding 
combination of principal stresses. W’hen 
Si = Sz, any cohesion limit may be 
designated '^vdth reference to the corre- 
sponding value of Sz/Si. As the cohesion 
limits for unidirectional and polarsym- 
metric tension have been designated To 
and Ti, respectively, the cohesion limit 
corresponding to any other value of Sz/Si 
will be designated by T with this value 
as a subscript. 

A locus of fractures of the type shown in 
Figs. 9 and 10 represents cohesion limits 
corresponding to an infinite number of 
values of Sz/Si. Any point on a locus of 
fractures could be made the terminus of a 
curve representing the influence of plastic 
extension on the cohesion limit correspond- 
ing to a single value of Sz/Si. A complete 
view of the variation of the cohesive 
strength of a metal with plastic extension 
would comprise a series of curves, each 
representing a typical value of Sz/Si. 
Each diagram in Fig. 10 contains a series 
of such curves, and thus gives a qualitative 
picture of the influence of plastic extension 
on the technical cohesive strength of a 
metal. 

The available evidence^^ is incompatible 
with the prevalent view that plastic 
extension, above a certain amount, de- 
creases the cohesive strength of a metal.* 
The evidence indicates that any curve 
representing a single cohesion Hmit rises 
continuously at a decreasing rate. It thus 
resembles qualitatively a curve of flow 
stress (corresponding to a single value 
of Sz/Si), The greater the rate of work- 

* The curve of variation of Tq (Fig. loA), 
for example, must enter the small angle between 
curves L and Fq and intersect these curves at 
P\ There is no opportunity for a final descent 
of curve To. 
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hardening, the more rapid is the initial 
rise of each curve of either flow stress or 
cohesion. A curve of flow stress, however, 
rises more rapidly than the corresponding 
curve of cohesion. Although these two 
curves may be far apart at the origins, 
they converge and eventually intersect 
at a small angle, at a point representing 
fracture. This relation is illustrated by the 
To and Fo curves in diagrams A and B 
of Fig. 10. Four other pairs of curves of 
flow stress and cohesion are shown in 
diagram A. Each of these pairs, however, 
has been drawn so as to intersect at the 
idealized locus of fractures. Similar curves 
of cohesion could be drawn in Fig. 9 to 
correspond with the Fo, Fc.2, Fo.s, and F0.4 
curves.* 

The origins of the cohesion curves of 
each series represent the cohesion limits of 
unaltered metal. The ordinates of the 
origins have been made approximately 
proportional to the corresponding cohesion 
limits of a brittle metal, as obtained from a 
diagram of the type shown in Fig. 7. The 
method of locating the approximate origins 
of the curves of cohesion is discussed in 
the previous paper.®^ 

A diagram of the type shown in Figs. 
9 and 10 has a disadvantage when it is 
extended to high percentages of decrease 
of sectional area. A small change of absdssa 
here represents a large change in plastic 
deformation. This is illustrated by Fig. ii, 
which is derived from diagram A of Fig. 12, 
to be discussed later. In Fig. ri, abscissas 
represent effective extensions,” which 
indicate a value of (Aq/A i) X 100 
per cent, in which Ao and A represent the 
initial and current sectional areas, respec- 
tively. In a diagram of the type shown in 
Fig. II, each curve representing flow stress 
or cohesion (for a specific value of Sz/Si) 
rises continuously at a decreasing rate. 
When Sz/Si is low enough to permit con- 

* Each ctinre of cohesion has been drawn so 
that its approach to the corresponding curve of 
flow stress is ccmtimioQs. 


siderable extension before fracture, the 
curves eventually become nearly horizontal 
(curves To and Fo). Because these curves 
converge so gradually and meet at such a 
small angle, the ductility is greatly affected 
by a small change of Sz/Sij or of any other 
factor (such as temi>erature or velocity 
of deformation) that has a differential 
effect on the two curves. 

Influence of Prior Plastic Extension 
on Entire Diagram Representing 

Technical Cohesive Strength of Metals 

A complete picture of the influence of 
plastic extension on the technical cohesive 
strength of a metal comprises a series of 
curves, each representing the influence of 
plastic extension on the technical cohesion 
limit corresponding to a specific value of 
Sz/Su Consideration will now be given to 
the influence of prior plastic extension on 
such a series and on the locus of bractures. 

In diagram A of Fig. 12 are curves 
representing the influence of plastic exten- 
sion on various technical cohesion limits 
of a ductile steel. This diagram, derived 
from data presented by Kuntze,^® is 
essentially the same as diagram A of Fig. 3 
of the previous paper. The relatively low 
initial value of Ti and the form of the locus 
of fractures (L) indicate that this metal 
had received practically no prior plastic 
deformation. Diagrams F to F of Fig. 12 
do not represent additional experimental 
data, but are derived solely from diagram 
A. They represent results that would be 
expected when the same metal has been 
plastically deformed the indicated amounts 
prior to the determination of these dia- 
grams. In diagram B, for example, the 
ordinates at the origins of the T and F 
curves are the same as the ordinates of the 
corresponding curves in diagram A at 20 
per cent decrease in sectional area. The 
course of each of the curves in diagram B 
is derived from the corresponding curve of 
diagram A by making the necessary adfust- 
ment of abscissas. 
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Comparison of the five locus curves in 
Fig. 12 shows that prior plastic extension 
has little effect on the locus of fractures at 
P', but does elevate this curve at and near 
the origin. The greater the amount of prior 
plastic deformation, the greater is the 
elevation of the origin and of much of this 
curve. With sufficient prior plastic exten- 
sion, the locus of fractures becomes nearly 
vertical (diagram E).* 

From the ordinates at zero abscissa in 
each of the diagrams in Fig. 12, it would 
be possible to construct a curve of the type 
shown in Fig. 7. A comparison of such 
diagrams would give another picture of the 
influence of prior plastic extension on the 
technical cohesive strength. The com- 
parison would show that the chief effect 
of the prior plastic extension is not on 
the form but on the size of a diagram of 
this t37pe. 

The influence of prior plastic extension 
on this type of diagram is illustrated in 
Fig. 13. These diagrams, although they 
are based on the corresponding diagrams 
of Fig. 8, are intended as merely qualita- 
tive pictures of the influence of prior 
plastic extension on the technical cohesive 
strength. Diagram A represents a very 
ductile steel and diagram B a steel whose 
inherent ductility is somewhat less, either 
because of prior plastic deformation or 
because of a higher carbon content. Curves 
T represent the initial cohesive strength 
of these steels, the strength prior to plastic 
deformation. Curves T' represent the 
cohesive strength of the metal in the most 
severely cold-worked state. Curve T', 
consequently is the uppermost of an 
infinite nmnPer of possible curves of the 
same type. Curve L represents the locus 
of fractures, whose complex form is due 

* The locus curves in Fig. 12 are drawn in 
accordance with the assumption represented 
by the idealized locus curves (broken lines) in 
Fig. 10. It is not impossible, however, that 
these curves should be similar to the solid 
locus curves in Fig. 10. (See footnote on page 
331 *) 


to the simultaneous influence of the 
combination of principal stresses and 
the plastic deformation occurring between 
the yield stress and fracture. The locus 
of fractures is similar in form to the locus 
of fractures in Figs. 9 and lo^l . Each curve 
traverses a maximum near the point 
designated Ti, each curve has a minimum 
at a point representing a value of about 
0.2 for Sz/Si^ and each curve turns rapidly 
downward as it enters the field of negative 
values of Sz/Si. In Fig. 13, however, the 
locus curve joins curve T', and thus does 
not become nearly vertical as does the locus 
curve in a diagram of the t3q)e shown in 
Figs. 9 and 10. 

Through any point on the locus of 
fractures, it is possible to draw a curve, 
similar to curves T and T', to represent the 
corresponding technical cohesive strength 
of the metal. The greater the distance 
between such a curve and curve T, the 
greater is the amount of work-hardening 
represented by the intersection of the curve 
with the locus of fractures; the greater, 
therefore, is the work-hardening capacity 
under that combination of the principal 
stresses. 

For the ductile steels represented in 
Fig. 13, the maximum ductility and work- 
hardening evidently can be obtained only 
by plastic deformation within the field 
of negative values of Sz/Si. Such plastic 
deformation could be obtained by radial 
hydrostatic compression (with or without 
various amoimts of axial tension) as in 
the previously described investigations 
made by Bridgman.®'^ If the stresses be 
thus applied gradually, with a constant 
negative value of Sz/Si^ the point repre- 
senting the stress system would move 
upward along the corresponding radiating 
line (Fig. 13). When the point rises above 
the curve representing the 3deld stresses 
(Fig. 13B), the point representing the 
technical cohesion limit moves upward 
from curve T, because of the influence of 
the plastic deformation. In such an experi- 
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ment, however, the whole specimen cannot 
be work-hardened to the degree represented 
by the corresponding point on curve T. 
When the stresses reach the values repre- 
sented by the ultimate strength (Fig. 13), 
the specimen contracts locally and frac- 
tures. Only in the small region near the 
surface of fracture, therefore, would the 
degree of vrork-hardening correspond to 
a point on curve T, By cold-drawing or 
by cold-rolling, however, the stresses 
are not applied to the whole specimen 
simultaneously, and are not distributed 
automatically. They are applied locally 
as the specimen is moved past the surfaces 
through which the stresses are applied. 
An entire specimen thus may be work- 
hardened far beyond the “ultimate 
strength,” and the technical cohesive 
strength may thus be raised to the upper 
limit (curve V'). 

Relation between Volume Stress and 
Maximum Shearing Stress at Yield 
and at Fracture 

The influence of prior plastic extension, 
and of the combination of principal stresses, 
on the technical cohesive strength may be 
represented by diagrams of still another 
type. These diagrams show the relation 
between the volume stress and the maxi- 
mum shearing stress at fracture and at 
yield. 

Amy stress system may be resolved into 
two components, a polars3niimetric stress 
that causes pure volume strain and a 
combination of pure shearing stresses, 
which causes distortion but no change of 
volume. The volume strain is (Si + S2 
+ Sz)/sl^. In this expression, K is the 
bulk-modulus of elasticity. The volume 
strain, therefore, is the same as if the 
stress system were replaced by a polar- 
symmetric stress equal to the average 
of the three principal stresses. This 
stress will be called the volume stress. 
When ^2 = the volume stress is 
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( 5 i + 2Sz)/ 3. The maximum shearing 
stress is ( 5 i — Sz)/2. 

By a simple graphical method, it is 
possible to determine the volume stress 
and the maximum shearing stress cor- 
responding to any point on one of the 
curves in Figs. 7, 8 and 13. This graphical 
method is based on the relationship 
represented by the dotted line G in each 
of these diagrams. Amy point on line G 
represents a combination of principal 
stresses that would cause pure shear. 
The intersection of this line with a locus 
of fractures represents fracture irnder 
pure shear, and the intersection of the 
same line with line H represents the cor- 
responding value of the volume stress 
(zero). Similarly correlated points, more- 
over, could be obtained by drawing any 
line parallel to line G. The intersection 
of such a line with a locus of fractures 
would represent a combination of the 
principal stresses at fracture, and the 
intersection with line H would represent 
the corresponding volume stress. The 
maximmii shearing stress is proportional 
to the length of this line between the locus 
of fractures and line E, but is measured 
by one and one-half times the correspond- 
ing abscissa range. By the use of a series 
of lines drawn parallel to line G, therefore, 
it is possible to derive from any of the 
curves in Figs. 7 and 13 a curve of varia- 
tion of the maximum shearing stress 
with the volume stress. Curves of this tjrpe 
are shown in Fig. 14. 

The curve in diagram A of Fig. 14 is 
derived from the locus of fractures of 
steel Rn in Fig. 7; the two other diagrams 
in Fig. 14 are derived from those in Fig. 13. 
The abscissa of any point on a curve in 
Fig. 14 represents a value of the volume 
stress, and the ordinate represents the 
corresponding value of the shearing stress. 
For convenient correlation with the curves 
in Figs. 7 and 13, the sloping broken lines 
have been inserted in Fig. 14 to represent 
constant values of Si. 
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First consideration, in a study of Fig. 14, 
should be given to the curve representing 
a brittle steel (diagram ^ 4 ), because this 
curve is unaffected by plastic deformation. 
With decrease of the volume stress below 
the value corresponding to the disruptive 
stress (Ti), the shearing stress rises from 
zero. The rise is at a decreasing rate, and 
is nearly aU completed between Ti and 
To. A curve representing 3deld of this 
brittle steel would almost coincide with 
the curve representing fracture. The 
curve representing yield of a ductile metal 
(Fig. 14-B), moreover, is similar in form.* 
The diagrams representing ductile steels 
in Fig. 14 are similar in form to the cor- 
responding diagrams in Fig. 13. With 
decrease in Sz/Si below the value cor- 
responding to Ti, the locus of fractures 
departs from curve T and approaches 
curve T' (appendix B). The most rapid 
departure from curve T, in Fig. 14 as 
in Fig. 13, is in the region near the bound- 
ary between the fields of positive and 
negative values of Sz/Si, The locus of 
fractures in Fig. 14, however, has no mini- 
mum; the shearing stress rises continuously t 
with decrease in the volume stress (with 
decrease in Sz/Si), The variation of the 
work-hardening capacity with the volume 
stress (with Sz/Si) evidently is better 
represented by a curve of variation of the 
maximum shearing stress (Fig. 14) than 


* The tangent to the curve in the upper dia- 
gram of Pig. 14 was constructed on the assump- 
tion that the tangent to the corresponding 
curve in Pig. 7 becomes horizontal at Ti. If it 
does not become horizontal (see p. 317), the 
slope of the tangent in Pig. 14 should be 
slightly less. As the volume stress does not 
reach a maximum (in the mathematical sense) 
at Ti but is still increasing rapidly, it is not 
surprising to find that the tangent to the 
corresponding curve in Pig: 14 is far from 
vertical. 

t The rise of the shearing stress would be 
continuous even if the curve in diagram B of 
Fig, 14 were derived from the distorted curve 
of fractures in Pig. 85 . This is revealed by a 
comparison of the lengths of the dotted lines in 
Fig. 85 between the curve of fractures and 
line 


by a curve of variation of the greatest 
principal stress (Fig. 13). 

Other Variables Having^ Differential 

Effect on Curves of Flow Stress 
AND Cohesion 

Any variable, other than Sz/Si, that 
has a differential effect on the curves of 
flow stress and cohesion would influence 
an entire diagram such as those in Figs. 9 
and 10. A variable that tends to raise a 
curve of flow stress more than the cor- 
responding curve of cohesion would tend 
to move the entire locus of fractures to 
the left. Such a differential effect is pro- 
duced by a fall of temperature or by an 
increase in the velocity of deformation. 
The differential effect accounts for the 
great influence of temperature on the 
impact resistance of steels. Velocity of 
deformation, according to prevalent views, 
has no appreciable effect on the. technical 
cohesion limit; increase in the velocity of 
deformation, however, tends to increase 
the flow stress. The acuteness of the angle 
between the corresponding curves of 
flow stress and cohesion (Fig. ii) accounts 
for the fact that even a very slight differ- 
ential influence of velocity of deformation 
may greatly affect the ductility and total 
work. 

Fatigue fracture of a metal begins when 
the local plastic deformation is sufficient 
to raise the local 3deld stress to equality 
with the corresponding cohesion limit. 
The local plastic deform^ition at a fatigue 
fracture, like the plastic deformation at 
an ordinary tensile fracture, depends on 
the combination of principal stresses, 
the temperature, and the velocity of 
deformation. The fact that a brittle 
fracture may be obtained by fatigue of 
a ductile metal is more readily explainable 
with reference to a pair of curves inter- 
secting at a small angle (Fig. ii) than with 
reference to the prevalent views of the 
relation between the curves of flow stress 
and cohesion. 
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Technical Cohesive Strength 
OF Brittle Metal when Any Two 

OF Principal Stresses Are Equal 

In the previous sections, attention has 
been confined to stress combinations with 
the least two principal stresses equal to 
(S2 — Sz < Si), The view will now be 
broadened to include stress combinations 
with the greatest two principal stresses 
equal (^2 = ‘S'l > Sz). (Typical stress com- 
binations of this kind are illustrated in 
Fig. 3.) Fig. 15 represents the complete 
two-dimensional view of the influence of 
the combination of principal stresses 
when any two of the principal stresses 
are equal. This figure is of the same type 
that is shown in Fig. 7, and curve A of 
Fig. 15 is identical with curve Rd of Fig. 7. 
This curve represents the influence of the 
combination of principal stresses when 
^2 is kept equal to Sz. Curves R, R* and 
i?" represent three assumptions regarding 
the influence of the combination of prin- 
cipal stresses when ^2 is kept equal to Si, 
For curve values of Si are represented 
by ordinates; for curves R, R' and R'\ 
values of Si evidently are represented by 
abscissas. 

Point Tr on each curve represents an 
assumption as to rupture under radial 
tension (Fig. sA), Point Tc represents 
rupture under unidirectional compression. 
To the right of Tr, each curve represents 
stress systems of the type shown in Fig. 
sB; between Tr and Tcj each curve 
represents stress systems of the type 
shown in Fig. 3C; to the left of Tc, each 
curve represents stress systems of the type 
shown in Fig. sD. 

The correct quantitative relation be- 
tween curve A and the corresponding curve 
on the opposite side of line H is not known. 
Bridgman® S 3 uys that the unidirectional 
compressive stress (Tc) at fracture is con- 
siderably greater than the compressive 
stress corresponding to Tci* There is much 
evidence, moreover, that the stress is 
considerably greater at rupture under 


unidirectional compression (Tc) than at 
rupture under unidirectional tension, (To)- 
In constructing a curve to represent the 
influence of the combination of principal 
stresses when S2 is equal to Si, therefore, 
it is necessary to make an assumption 
as to the relation between this curve and 
curve A. Curves R, R' and are based 
on three different assiimptions with regard 
to this relationship. It has been found most 
convenient to express this relationship in 
terms of the shearing stresses at rupture.^ 

Line G in Fig. 15 is the locus of all 
points representing pure shearing stress. 
The intersection of G with a curve of the 
diagram represents fracture under pure 
shear, and the intersection with line H 
represents (by its coordinates) the corre- 
sponding value of the volume stress (p. 
323). The distance along G between the 
curve and H is proportional to the maxi- 
mmn shearing stress. Other correlated 
values of the volume stress and the 
maximum shearing stress at fracture may 
be obtained from the broken lines parallel 
to G, Curves R, R' and J?" represent three 
assumptions as to the ratio between the 
maximum shearing stress (Qr) when ^2 
is equal to Si and the maximum shearing 
stress (Q^) when ^2 is equal to Sz. For each 
curve, Qr/Qa is assumed to be invariant 
with the volume stress (Sv). The values of 
Qb/Qa for curves R, R' and R'^ are 2.0, 
1.5, and i.o, respectively. Although Qr/Qa 
possibly is not invariant, the assumption 
that it is invariant will not invalidate the 
qualitative picture of the influence of the 
combination of principal stresses on 
the technical cohesion limit. 

Curves R, R' and jR", therefore, have 
been so drawn that the distances of the 
curves from H (parallel to G) are 2.0, 1.5, 
and 1.0 times as great as the corresponding 
distances from E to A, The correct value 
for Qr/Qa probably is not greater than 
2.0 nor less than about 1.5. When Qr/Qa 
is 2.0 (Fig. 15), Tc/Tci is also 2.0. The 
assumption that Qr/Qa is 2.0 (as shown 
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on pages 328 to 330) leads to the simplest 
form of the derived three-dimensional 
diagram. 

Three-dbiensional Diagrams 

Rep'resenting Technical Cohesive 

Strength of Brittle Metal 

Three-dimensional Diagram with 
Coordinates Representing Principal 
Stresses 

Removal of the restriction that at least 
two of the principal stresses are equal 
makes it necessary to represent the tech- 
nical cohesive strength of a metal by a 
three-dimensional diagram. A complete 
three-dimensional diagram (with rectangu- 
lar coordinates) has three equivalent, 
mutually perpendicular, axes of unidirec- 
tional stress, three equivalent planes 
representing zero value of one of the 
principal stresses, and three equivalent 
planes (120® apart) representing stress 
combinations with two of the principal 
stresses equal. The surface of the diagram 
represents all possible combinations of the 
principal stresses at the technical cohesion 
limit; there are generally six equivalent 
points for any stress combination. The 
locus of polarsymmetric stresses makes 
equal angles with the directions of the 
three principal stresses and is symmet- 
rically situated with reference to the three 
equivalent axes of unidirectional stress. 
As the locus of polarsymmetric stresses 
is an axis of symmetry of the three- 
dimensional diagram, the form of the 
diagram may be clearly revealed by two 
views: (i) a view of a section containing 
the axis of symmetry, and (2) a (top) view 
in the direction of this axis. A vertical 
section of such a diagram is represented by 
diagram B of Fig. 16 and a top view is 
represented by diagram C. 

Diagram B is derived from diagram A, 
which is of the type shown in Fig. 15 
and whidi contains reprodufctions of curves 
A and R of that figure. Diagrams A and 


B, therefore, are two representations of 
the influence of stress combinations with 
two of the principal stresses equal. Dia- 
gram A is a two-dimensional representa- 
tion of the relation between axial and radial 
stresses* at fracture; diagram B is a 
section of a three-dimensional diagram. 
In diagram A, as in Fig. 15, the locus of 
polarsymmetric stresses {Iff) makes an 
angle of 45° with the directions of axial 
and radial stresses. In a three-dimensional 
diagram, however, the angle between the 
locus of polarsymmetric stresses and the 
directions of each of the principal stresses 
is tan"^ \/2> about 54® 44'. In the sectional 
view shown in diagram B, consequently, 
the locus of polarsymmetric stresses 
makes an angle of 54® 44' with the axis of 
ordinates, the line extending through To 
and Tc‘ 

The tilting of the locus of polarsym- 
metric stresses from the position repre- 
sented by line H to the position represented 
by line Hb involves multiplication of the 
abscissas by ^/2, with no change of the 
corresponding ordinates. Any point on a 
curve of diagram B may be similarly 
derived from the corresponding point on a 
curve of diagram A. Ordinates in each 
diagram represent values of one of the 
principal stresses at fracture. Abscissas in 
diagram however, do not represent 
values of a principal stress. Two of the 
principal stresses are in directions making 
angles of 45® with the plane of diagram B. 
(This relation is illustrated in another 
sectional view, shown in Fig. 17, to be 
discussed later). Abscissas in diagram B, 
therefore, are y/2 times the corresponding 
principal stresses. 

Because of this relation between cor- 
responding abscissas in diagrams A and 

* The terms **axial stress” and ”radial 
stress” in Pig. 16 apply only to diagram A, not 
to diagram B. In discussing the relation be- 
tween A and B, coordinates in the direction 
designated as axial will be called ordinates^ and 
coordinates in the direction designated as 
radial wiU be called abscissas. 
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j 5 , the line representing pure shear is 
tilted from the position represented by- 
line G to that represented by line Gb- 
Line Gb thus becomes perpendicular to 
the locus of polars^metric stresses Hb> 
Moreover, any other line representing 
constant volume stress, such as the lines 
parallel to G in Fig. 15, would become 
perpendicular to Hb, the axis of symmetry^ 
of the three-dimensional diagram. Per- 
pendicular distances between Hb and 
curves As and jRb, therefore, are pro- 
portional to the corresponding values of 
the maximum shearing stress. The measure 
of the shearing stress, however, is a/ 6 
times the perpendicular distance (in terms 
of the ordinate scale used for diagram B), 

In a three-dimensional diagram, there 
are three sections representing stress com- 
binations with at least two of the principal 
stresses equal. These sections pass through 
the axis of syrmmetry and are 120® apart. 
In the top view (diagram C), therefore, 
these sections appear as three lines radiat- 
ing from the axis of symmetry. These lines 
are cut by contour lines, each correspond- 
ing to the indicated value of the volume 
stress. For a constant volume stress, three 
pairs of points may be established on a 
contour of diagram C, each pair correspond- 
ing to a position of the vertical section 
(diagram B), The distances from the axis 
to the points of each pair are equal to the 
corresponding perpendicular distances from 
Hb to curves Ab and Rb in diagram B, 
The distribution of the six points on a 
contour is such as to establish approxi- 
mately the form of the entire contour. 
As the six points are at the vertices and the 
middles of the sides of an equilateral 
triangle, the simplest and most plausible 
assumption is that the entire contour is an 
equilateral triangle (when Qr/Qa is 2.0). 

The number adjacent to each contour 
in diagram C indicates the corresponding 
value of the volume stress, which is 
indicated also on line Hb of diagram B. 
The size of the triangular cross section 


of the three-dimensional diagram decreases 
with increase in the volume stress; the 
diagram thus tapers nonlinearly to the 
point (Ti) representing the disruptive 
stress. All points derived from cmrve As 
of diagram B are on the sloping sides 
of the three-dimensional diagram, on the 
radial lines designated St ^ Sz- These 
points represent fracture when the relative 
extension is in only one direction and the 
fracture is axial. Two such stress systems 
are represented by the indicated points 
(diagram C) derived from To and Tc% of 
diagram B. All points derived from curve 
Rb are on the sloping edges of the three- 
dimensional diagram. These points repre- 
sent hracture when St = Si; that is, when 
the relative extension is equal in two 
directions (uniform relative radial exten- 
sion) and the fracture is of the “rending” 
t)q>e. Two such stress systems are repre- 
sented by the indicated points (diagram C) 
derived from Tr and To of diagram B. The 
sharp edges of the diagram evidently 
imply that the rending type of fracture is 
sensitive to slight variations of the inter- 
mediate principal stress (S^. 

Fig. 17 represents the stress combina- 
tions at fracture when one of the principal 
stresses is zero. The section here shown, 
therefore, is one of three identical sections, 
each including two of the axes of uni- 
directional stress. One of these sections 
is perpendicular to the plane of diagram B 
of Fig. 16, and passes through the axis 
of abscissas, the line extending through 
Tci and Tr,* This line of intersection is 
represented by the broken line in Fig. 17. 
Attention will now be confined to the three- 
cornered figure representing fracture; the 
oval figure representing ydeld will be con- 
sidered later (see pp. 332 to 333). The 
diagram for fracture differs in one respect 
from a diagram presented by Bridgman.® 

* The other two principal planes make 
angles of 45® with the plane of diagram B and 
intersect this diagram at the line extending 
through To and Tc. 
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Bridgman’s diagram has comers at Tc 
as sharp as in Fig. 17, but the boundary 
is curved continuously at Tr, The dis- 
continuity at Tc in Bridgman’s diagram 
is based on reasoning as to the effect of 
superposing either a slight tensile or a 
slight compressive stress perpendicular to 
the direction of the previously unidirec- 
tional compressive stress. The latter stress, 
according to this reasoning, would be 
lowered by either of such superposed 
stresses. Similar reasoning, however, would 
suggest a discontinuity at Tb (and also at 
Ti in Fig, 16B). As shown in Fig. 16C, 
moreover, both Tr and Tc are on the sharp 
edges of the three-dimensional diagram. 
The available evidence, therefore, indicates 
that the diagram in Fig. 17, like that in Fig. 
16C, is three-cornered. 

A three-dimensional diagram based on 
the assumption that QrIQa is 1.5 would 
be derived from curves A and R' of Fig. 15, 
by using the method that was used in 
deriving diagram B from diagram A of 
Fig. 16. The top view of such a diagram is 
shown in Fig. i 8 . 4 . In each contour line 
of this figure, the radial distance from the 
axis of symmetry to the middle of a side is 
the same as in the corresponding contour 
line of Fig. 16C, but the radial distance to 
a vertex is three-fourths as great as in 
Fig. 16C. In view of the theoretical 
evidence (mentioned in connection with 
Fig. 17) that the boundary has vertices 
at points representing stress combinations 
with S% equal to Si, the boundaries in Fig. 
18A have been drawn with such vertices. 
This diagram, therefore, differs from 
diagram C of Fig. 16 only in the curvature 
of the sides and the sharpness of the 
vertices. The qualitative sigiidficance of 
each diagram is the same. 

If Qr/Qa were i.o, the three-dimensional 
diagram would be derived from curves A 
and R*' of Fig. 15 and the contours would 
be drdes. Such a diagram would be 
identical in form with the three-dimensional 
diagram representing yield (p. 333). It 


is improbable that the technical cohesive 
strength of any metal would be represented 
by a diagram of this form. 

Stresses Represented by Contour Line 
of Three-dimensional Diagram 

Consideration must now be given to the 
stresses represented by a point on a contour 
of the three-dimensional diagram. When 
the point is either at a vertex or at the 
middle of a side of a contour, two of the 
principal stresses are equal, and all three 
stresses may be estimated in terms of the 
radial distance from the point to the axis 
of symmetry (5*1 — Sz is measured by 
)4 “s/l times the radial distance). When 
the point under consideration is neither 
at the vertex nor at the middle of the side 
of a contour, however, S2 has a value 
intermediate between Si and Szj and the 
stresses generally cannot be expressed in 
terms of a single distance, but may be 
estimated in terms of two distances meas- 
ured parallel to coordinate lines such as 
those shown in Figs. 16C and iSA, This use 
of the coordinate lines is based on the stress 
relationship illustrated by diagram B 
of Fig. 18. 

In this diagram, the equilateral triangle 
with vertices M represents a contour of a 
three-dimensional diagram {Qr/Qa = 2,0) 
with the axis of symmetry at 0 . The rest 
of the surface of the three-dimensional 
diagram, however, is not shown, but has 
been replaced by three sides of a cube 
with a corner at 0; the contour thus is in 
an octahedral plane of this cube. The three 
axes of unidirectional stress are assumed to 
be perpendicular to the sides of the cube 
and to intersect these sides at points A, 
The broken lines extending through points 
A parallel to the edges of the cube, there- 
fore, are intersections of the sides of the 
cube with the principal planes passing 
through the (invisible) origin of stress 
coordinates. Each of the three sides of the 
cube, consequently, represents the same 
constant value of 
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Six points on a contour line generally are 
equivalent. This is illustrated by points 
P in Fig. 18P. When *S'2 is equal to either 
53 or Si, however, there are only three 
equivalent points. The three principal 
stresses corresponding to point P evidently 
are represented by the lengths of the indi- 
cated lines. In the absence of a knowledge 
of (or of one of the other principal 
stresses), the three principal stresses could 
not be determined directly from the posi- 
tion of P on the contour line, but the differ- 
ences between the three principal stresses 
could be determined. The stress differences 
5 i — 6*3 and — -S'2 are indicated in 
the diagram; evidently they are represented 
by the lengths of lines PC and PB, respec- 
tively (along the cube surface). The stress 
difference 52 — 53 is represented by the 
length of the line PD* These principal 
stress differences are twice the correspond- 
ing shearing stresses. 

The significance of the distances PC, 
PB and PD would be unchanged if the 
contour were actually curved as in Fig. 
18^. Six equivalent points on such a 
contour would still determine an imaginary 
triangular section, and this section (to- 
gether with the volume stress) would 
determine a cube such as that represented 
in Fig. 18P. By means of coordinate lines 
of the type shown in Fig. 16C and 18 A, 
therefore, it is possible to estimate the 
three principal stress differences cor- 
responding to any point on a contour line.f 
(The indicated coordinate scales in these 
two diagrams represent stress differences, 
not shearing stresses.) 

When the volume stress corresponding 
to a contour line is known, an estimate 
can be made of the three principal stresses 
corresponding to any point on the contour. 

* The projections of lines PB^ PC and PD 
on the octahedral plane are proportional to the 
lengths of these lines on the cube side. The 
ratio of a projection to a line on the cube side 
is VH. 

fOnly two of these stress differences are 
independent. 


This calculation involves the use of three 
simultaneous equations: 

5 i + 52 + •S's = 3 * 5 '® 

5i — S 3 = d 

Si — 52 == & 

The quantities a and h are measured by the 
lengths of the lines PC and PB, and 5 , 
represents the volume stress. 

Relation between Volume Stress 
and Greatest Principal Stress 
at Fracture 

When a contour is triangular, it repre- 
sents not only a constant volume stress 
but also a constant value of 5 i (Fig. 18B). 
When a contour has curved sides (Fig. 
18.^), however, it represents a variable 
value of Si. At the middles of the sides 
of a curved contour, 5 i is at a maximum; 
at the comers of the contour, Si is at 
a minimum. 

The variation of Si as Ss increases from 
equality with Sz to equality with 5i is 
represented qualitatively by the diagrams 
in Fig. 19. Diagram A of this figure is 
derived from Fig. 16C, and diagram B 
is derived from Fig. 18 A. Each of the 
closed curves in Fig. 19 is derived from 
one of the contour lines in either Fig. 16C 
or Fig. 18^; it represents the indicated 
value of the volume stress 5». Radial 
distances represent values of Si — 5 ,. 
The three radiating lines 120® apart in 
each diagram of Fig. 19 represent stress 
combinations with 52 equal to 5i; points 
60® from these radiating lines represent 
stress combinations with Sz equal to 5®. 

When the contour lines in the three- 
dimensional diagram are triangles (Fig. 
16C), the curves in the derived diagram 
(Fig. 19.4) are circles. When the contour 
lines in the three-dimensional diagram 
are curved (Fig. 18^), the curves in the 
derived diagram (Fig. 19B) are at varial^le 
radial distance from the axis of sjnn- 
metry. Each curve thus shows the variation 
pf 5 ; — 5 , as 52 increases from equality 
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with 53 to equality with 5 i. As each curve 
represents a constant value of 5 ®, it shows 
qualitatively the variation of Si. No 
quantitative significance need be given 
to the angle of rotation in the diagrams of 
Fig. 19. 

If the three-dimensional diagram has 
triangular contours (Fig. 16C), therefore, 
the criterion for technical cohesive strength 
can be expressed in terms of only two 
variables — the volume stress and the 
greatest principal stress. If the three- 
dimensional diagram has curved contours 
(Fig. i 8 - 4 ), the criterion for fracture can- 
not be expressed in terms of only two 
variables. According to prevalent views, 
the three-dimensional diagram representing 
technical cohesive strength consists of three 
sides of a cube intersecting at a comer, 
and the criterion for fracture can be ex- 
pressed in terms of only one variable, the 
greatest principal stress.®^ ^ 

Three-dimensional Diagrams Repre- 
senting Technical Cohesive Strength 
AND Yield Strength of Ductile Metal 

Three-dimensional Diagram Representing 
Influence of Combination of Principal 
Stresses on Technical Cohesion Limit of 
Ductile Steel 

A three-dimensional diagram represent- 
ing the initial technical cohesive strength 
of a ductile metal probably is similar in 
form to the diagram representing the 
technical cohesive strength of a brittle 
metal. Except at the point representing 
the disruptive stress (Ti), however, a 
diagram representing the technical cohesive 
strength of a ductile metal is outside the 
diagram representing yield, and thus is 
not a locus of fractures. Any stress com- 
bination except polarsymmetric stress, 
if of sujEdent magnitude, would cause 
{^tic deformation, and thus would 
increase the size of the three-dimensional 
diagram representing the technical cohesive 
strength. This relationship has been dis- 


cussed in connection with the two-dimen- 
sional diagrams in Fig; 13. In each of 
those diagrams, however, the field below 
the locus of polarsymmetric stresses (H) 
has been omitted. Consideration will 
now be given to a complete two-dimen- 
sional diagram of this t3q)e and to the 
corresponding three-dimensional diagram. 

Diagram A of Fig. 20 is a complete 
two-dimensional diagram of thf same 
t3q)e as that shown in Fig. 13. Curves A 
and R of Fig. 20.4 represent the initial 
technical cohesive strength of a ductile 
steel. Curve R is so related to curve A 
that Qr/Qa is 2.0. Cxirves Ya and Ys 
represent the initial 3deld strength. They 
have been drawn equidistant from H, 
distances being measured in a direction 
parallel to the locus of pure shearing 
stresses (G). For these curves, therefore, 
QbIQa is i.o. Evidence in support of this 
ratio will be discussed later (p. 332). 
That the ratio is at least approximately 
correct is shown by the fact that yield 
stresses in tension and compression gen- 
erally are the same. For reasons previously 
given, the diagrams for initial yield strength 
and technical cohesive strength are drawn 
so as to coincide at the point representing 
the disruptive stress (Ti). 

When the initial yield stress is exceeded 
(under any stress combination), the plastic 
deformation increases both the yield 
strength and the technical cohesive 
strength, and thus increases the size of 
the corresponding diagrams. The two 
curves representing jdeld strength and 
the two curves representing the technical 
cohesive strength, consequently, would 
move outward from their initial positions, 
and the point representing the disruptive 
stress would move upward along E (Fig. 
20 A). The increase in size of the diagram 
representing yield, however, would be 
more rapid than the increase of the dia- 
gram representing the technical cohesive 
strength. If 52 be kept equal to 58 , con- 
tinued plastic deformation of most metals 
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eventually exhausts the ductility, even 
if Ss/Si has a high negative value as in 
the cold-drawing or cold-rolling of rod 
or wire. The diagram representing yield 
then makes contact with the diagram rep- 
resenting the technical cohesive strength, 
and both diagrams have reached their 
maximum size imder that stress combina- 
tion. The technical cohesive strength of 
the metal in that state is represented in 
Fig. 20 A by curves and R\ 

The locus of fractures (L) joins curve 
A', and continues downward along this 
curve.* The cohesive strength represented 
by curve A^ cannot be reached (because 
of prior fracture) when Sz/Si is greater 
than the value corresponding to the point 
of first contact of curve L with A\ The 
significance of curve L has already been 
discussed in connection with Fig. 13. 

For any point on curve X, there is a 
point on curve Lr representing the cor- 
responding cohesion limit when St is 
equal to Si. The ratio of the distances of 
any two such correlated points from line E 
evidently is the same as the assumed ratio 
{Q.BfQA = 2.0) for any pair of correlated 
points on curves A and R or on curves A^ 
and R^. Curve Lr is a locus of cohesion 
limits but is not a locus of fractures. This 
is illustrated by the relative positions of 
curves Lr and Xr- Curve Xr is a locus of 
3deld stresses corresponding to curve X. 
Under the combination of stresses repre- 
sented by any point on curve X, the yield 
stress has been raised to equality with the 
technical cohesion limit. Curve X, there- 
fore, is a locus of both yield stresses and 
breaking stresses. For every point on curve 
X, consequently, there is a point (on the 
opposite side of line H) representing the 


* The observed variation of the ductility 
with Si/Si (Figs. 4» 5. 6 and 10) suggests that 
the first contact of the three-dimensional dia- 
grams for yield and technical cohesive strength 
may be at a single point between To and Ti. 
This rdationship, however, may be due merely 
to the deformation gradients in the notched 
specimens. 


corresponding 3deld stress when St is 
equal to Si. Correlated points on curves 
X and Lr are equidistant, in direction 
parallel to line G, from line E. Before the 
cohesion limit represented by any point 
on curve Lr (except point Ti) could be 
reached, the 3deld stress (represented by 
the corresponding point on curve Xr) 
evidently would be exceeded, the metal 
would be plastically deformed, and both 
yield strength and cohesive strength 
would increase. An initially ductile metal 
that is at the point of fracture when St 
is equal to Sz, therefore, would not be 
at the point of fracture if ^2 were increased 
to equality with Si. 

A complete top view of the three- 
dimensional diagram could be derived 
from diagram A , after first constructing a 
vertical section of the t^’pe of diagram B 
of Fig. 16. Because the complete top view 
would be too complex, however, such a 
view has not been constructed, but a 
cross section of the three-dimensional 
diagram, on a reduced scale, is shown in 
Fig. 2oB. The section here shown is at a 
volume stress of minus 100,000 lb. per sq. 
in., the section represented byjine E in 
diagram A. 

The equilateral triangle T and the circle 
Y represent the initial technical cohesive 
strength and yield strength, respectively. 
The triangular form of the contour T 
is due to the assumption that Qr/Qa is 
2.0, the same assumption that is made 
in Fig. 16C. Because curves Y a and Yr 
in diagram A of Fig. 20^ are equidistant 
from line E (in direction parallel to line 
G), six derived points in diagram B are 
on the circumference of a circle. The 
simplest and most plausible assumption, 
therefore, is that the three-dimenaonal 
diagram representing the initial 3deld 
strength has circular contours. This as, 
sumption, moreover, is based on consider- 
able experimental evidence. 

With plastic deformation, both the 
circle and trian^e increase in size. The 
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rate of increase, however, is more rapid 
for the cirde than for the triangle, and 
eventually contact is made at the three 
points representing equality between S2 
and 53. The state of the metal then is 
represented by circle and triangle T'. 
The metal is now at the point of fracture 
when 52 is equal to Sz, but is not at the 
point of fracture when 52 is greater than 
53; when 52 is greater than 53, the metal 
can be deformed plastically, and both 
the yield strength and cohesive strength 
can be increased. The cirde representing 
3deld continues to increase more rapidly 
than the triangle representing the technical 
cohesive strength, and the six points of 
contact move from the middles of the 
sides of the triangle toward the vertices. 

The movement of the points of contact 
toward the vertices, however, is at a 
decreasing rate, because of the decrease in 
the rate of work-hardening of the metal 
with plastic deformation. When a metal 
is very ductile, therefore, the points of 
contact never reach, and may never get 
near, the vertices. A very ductile metal, 
consequently, does not fail by rupture when 
the volume stress is low and when 52 
is equal or nearly equal to 5 i. Evidence 
for this may be found in the behavior of 
ductile metals under unidirectional com- 
pression. In such a test, the metal can be 
flattened out indefinitely with no sign of 
fracture, provided that the edge of the 
specimen is kept sufficiently smooth during 
the flattening. If the edge is allowed to 
become notched (especially with the root 
of the notch in the axial direction), the 
actual local stress combination may depart 
far enough from unidirectional compression 
to permit the formation and extension 
of cracks. Even when the inherent ductility 
is only slight, it is difficult to determine a 
definite point of fracture under unidirec- 
tional compression. 

The reason for the practically unlimited 
deformability of a ductile metal under 
unidirectional compression is illustrated 


qualitatively by the diagram in Fig. 21, 
which is of the same t3q)e as Fig. ii. In 
this diagram, ordinates represent values 
of 5 i — 5 s and abscissas represent effective 
extensions. Little quantitative significance, 
however, should be given to the scales 
of coordinates in this diagram. 

Curves Tc2 and Fc2 represent the 
influence of plastic deformation on the 
technical cohesion limit and on the flow 
stress under radial compression (52 = 53 
and 5 i = o). Before plastic deformation, 
as illustrated by the origins of these 
curves, the flow stress is considerably 
below the corresponding technical cohesion 
limit. With plastic deformation, both 
curves rise at a decreasing rate. The curve 
of flow stress, however, rises more rapidly 
than the curve of cohesion limits, and the 
curves eventually intersect at a point 
representing fracture. 

Under unidirectional compression of 
the same metal (S2 = 5 i > Sz), however, 
the relation between the curves of flow 
stress and cohesion would be very different 
from that represented by curves Fc2 and 
Tc2- Although the curve of flow stress 
would be unchanged, the curve of technical 
cohesion would be much higher than 
curve r<72* When QbIQa is 1.5, the varia- 
tion of the technical cohesion limit would 
be represented by curve Tc- When Qb/Qa 
is 2.0, the curve of technical cohesion 
would be stiU higher. Because of the 
approach of curves Fc2 and Tc to b. nearly 
horizontal direction, curve Fc2 probably 
never would intersect curve Tc, even if 
curve Tc were lowered considerably on 
the assumption that Qb/Qa is less than 
1.5. When the metal is ductile, therefore the 
sharp edge of the three-dimensional diagram 
is a locus of technical cohesion limits, but 
is not a locus of actual failures by rupture. 

Three-dimensional Diagram Representing 
Yidd Strength 

As indicated in diagrams A and B of 
Fig. 20, the three-dimensional diagram 
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representing yield has a circiilar cross 
section, and tapers nonlinearly to the point 
{Ti) representing the disruptive stress. 
The radius of the cross section thus 
decreases with increase in the volume 
stress. The significance of the radius may 
be understood by a reconsideration of 
Fig. i8B. The radial distance r from the 
axis of symmetry to point F in this figure 
is the length of the projection of line OP 
on the contour plane MMM. In discussing 
this diagram, a distinction must be made 
between the length of a line along a side 
of the cube and the length of its projection. 
This distinction will be made by enclosing 
in parentheses the letters representing 
projections. 

It can be shown that r is related to the 
projections of the lines representing two 
of the principal stress differences according 
to the equation 

r2 = (PBy + (PD)2 + iFB)iPD) 

As the ratio of any such projection to the 
corresponding line on the surface of the 
cube is 's/I?? equation may be written 

= (5i - 52)2 + (52 - SzY 

+ (5i — 52)(52 — 53) 

This may be changed to 

3^2 = (5i - 52)2 + (52 - 53)2 

+ ( 5 i - 53)2 

The relationship represented by this 
equation evidently applies not only to the 
radial distance of point F in Fig. i 8 jB but 
also to the radial distance of a point on 
any contour line, such as a circular contour 
representing 3 deld (Fig. 20 B). A circular 
contour, consequently, represents a con- 
stant value of the sum of the squares of 
the three principal stress differences. 

In this respect, therefore, the circular 
cross section of the three-dimensional 
diagram is in accordance with the von 
Mises,22 Hencky,®*^** Huber® theory of 
constant maximum shear energy, which has 
received support by Lode,^® Nadai,®* 


Taylor and Quinney’',®® and other investi- 
gators. (The constancy of the maximum 
shear energy, however, probably^ should 
be viewed merely^ as a fortuitous conse- 
quence of the circularity of the cross sec- 
tion.) According to the prevalent view, 
however, the cross section is invariant with 
the volume stress; this implies that the 
three-dimensional diagram representing 
yield is a circular cylinder, whose axis is 
the locus of polarsymmetric stresses.^-^® 
There is little doubt that the correct dia- 
gram has a circular cross section, and that 
it is nearly cylindrical except in the part 
representing triaxial tension. With increase 
in the volume stress, however, the cross 
section evidently contracts at an increasing 
rate until it vanishes at the point repre- 
senting the disruptive stress (Ti).* 

Some Speculations about Three- 
dimensional Diagram for Shearing 
Fracture^ and about Criteria for Yield 
and Fracture 

Under some stress combinations, it is 
possible for a metal to fracture at lower 
stresses than those represented by a point 
on one of the previously discussed three- 
dimensional diagrams. Such a fracture, 
however, is not by rupture but by shear. 
At rupture, the shearing stress is much 
greater, possibly 100 per cent greater, 
when S% is equal to Si than when Si is 
equal to 53 (Fig. 16 C). When 5s is equal 
or nearly equal to 5i, therefore, a metal 
may fail by shearing fracture rather than 
by rupture, unless the resistance to shearing 
fracture is relatively high. A shearing frac- 
ture when 52 is equal to 5i, consequently, 
does not imply that the three-cornered 
contour of the three-dimensional diagram 
representing rupture is incorrect, but 
merely implies that the comers of the con- 
tour are cut by the boundary of a diagram 
representing shearing fracture. 

* Because of this contraction, the oblique 
section representing yield in Fig. 17 is not 
quite elliptical, as it would be if the three- 
dimensional diagram were a circular cylinder. 
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If the criterion for shearing fracture 
(at constant volume stress) is a constant 
value of the greatest principal shearing 
stress, the three-dimensional diagram repre- 
senting resistance to shearing fracture 
would have a regular hexagonal contour. 
Each contour would be similar in orienta- 
tion to the regular hexagons formed by 
the coordinate lines in Fig. 20B, If, how- 
ever, the criterion is the same for shearing 
fracture as for 3rield, the contour would 
be circular. In either case, each contour 
of the diagram for resistance to shearing 
fracture might intersect the corresponding 
contour of the diagram for technical 
<:ohesive strength at six points between 
the middles of the three sides and the three 
vertices. This relationship is illustrated 
qualitatively by contour W drawn as a 
regular hexagon in Fig. 20B, 

When the two diagrams for any material 
are so related, the material would fail by 
rupture when S2 is not too much greater 
than S3} but would either fail by a shearing 
fracture, or not fail at aU (because of growth 
of the diagram) when S2 is nearly equal to 
Si. For some materials, the diagram for 
resistance to shearing fracture probably 
is outside the diagram for technical 
cohesive strength. Such a material would 
fail only by rupture. The diagrams repre- 
senting resistance to shearing fracture, 
technical cohesive strength, and yield 
strength, for any material, probably coin- 
cide at the disruptive stress (Ti). 

An experimental investigation of a 
section of the three-dimensional diagram 
is discussed in Appendix C as an illustration 
of the dfficulties involved and of the care 
that should be taken in planning the 
investigation and in drawing conclusions. 

If the three-dimensional diagram repre- 
senting the technical cohesive strength has 
a triangular contour, the criterion for 
rupture is a function of the volume stress 
and the greatest principal stress. The 
incorrectness of the prevalent view as to 
the criterion for rupture would then consist 


only in neglect of the influence of the 
volume stress. The defect in the prevalent 
view thus may be similar to the defect in 
the prevalent view as to the criterion for 
yield. It is possible, however, that the sides 
of the contours of the diagram for technical 
cohesive strength are curved or become 
curved with increase in the volume stress. 
In that case, the criterion for rupture would 
be a function of more than two variables. 

Bridgman^*® has made the interesting 
suggestion, attributed also to Born,^ that 
rupture occurs at the limit of stability 
of the atomic grouping, and that this limit 
is reached long before the atoms are 
separated so far that the cohesive force is 
at a maximum. The existence of such a 
limit of stability, according to Bridgman, 
might account for the generally great 
discrepancy between the technically deter- 
mined stresses at fracture and the theo- 
retical cohesive forces. Possibly this sug- 
gestion could be extended to apply also 
to yield. 

Although it has been found convenient 
in this paper to confine attention to the 
variation of the technical cohesion limit 
and yield point with the combination of 
principal stresses, there are certain advan- 
tages in viewing these limits as functions 
of the principal strains. 

Relation between Soisie Indices 
or Strength oe Brittle Materials 
AND Form oe ThreetDImensional 
Diagram Representing Technical 
Cohesive Strength 

The form of the three-dimensional 
diagram representing the technical cohesive 
strength of a brittle material could be 
determined approximately if information 
were available as to the values of To, 
Tc and Tc2* As illustrated in Fig. 15, a 
knowledge of the stress values represented 
by To and Ta2 would determine approxi- 
mately the course of curve A between these 
two points, and would determine roughly 
the probable course of the curve between 
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To and T\. k knowledge of Tc and Tci 
moreover, would determine approximately 
the ratio of Qr to and thus would 
determine with sufficient accuracy the 
relation between curve A and the curve of 
variation of the technical cohesion limit 
when S2 is equal to Si, When Tc/Ta is 
2-0, Qr/Qa is also 2.0. Even if Tc/Tc2 is 
only 1.5, TcITc2 would be approximately 
equal to Qr/Qa- A knowledge of To, Tc2 
and Te, consequently, could be used in 
establishing with considerable accuracy 
the entire three-dimensional diagram, al- 
though the accuracy would be considerably 
greater if Tb also were known. 

At present, practically no quantitative 
information is available as to values of 
Tc2 for brittle materials. When To and Tc 
are known, however, little error probably 
would be involved in constructing the 
diagram on the assumption that Tc/Tct 
is 2.0. 

The fact that Tc2/Tq is (arithmetically) 
greater than i.o® implies that Tc/Tq is 
greater than Tc/Tc2 (Fig. 15). When 
Tc/Tc2 is 2.0, therefore, Tc/To is greater 
than 2.0. For steel, TC2/T0 probably is not 
much greater than i.o, and hence Tc/Tq 
is not much greater than 2.0. For some 
brittle materials, however, Tc/Tq is much 
greater than 2.0. For cast iron, the ratio 
is more than 4.0. For glass, the ratio is 
said to range between 9 and 18. Although 
the correct values for glass may be some- 
what less than these recorded values, there 
is no doubt that the ratio of Tc to To is 
rather high. Such materials as cast iron 
and glass, moreover, differ in another 
important respect from steel; they have 
relatively low tensile strength. The ratio 
Tc/Tq is higher and the tensile strength 
is lower for these materials than for steel. 

That the association of low tensile 
strength with a high value of Tc/Tq may 
be not uncommon is suggested by a study 
of the diagram for steel (Fig. 15). If the 
origin of coordinates be moved upward 
along line H to the position now represent- 


ing a polarsymmetric stress of 200,000 lb. 
per sq. in., the ratio Tc/Tq would become 
about 5, and To and Tc would have 
approximately the values for cast iron. 
The ratio Tc2/T'o, moreover, would be 
nearly 3 and Ti/To would be only about 
1. 16, whereas the corresponding ratios 
for steel are about 1,17 and 2.1 (Fig. 15). 
This relationship suggests that a high 
ratio of Tc to To may generally be associ- 
ated with a high ratio of Tcs to To and a 
low ratio of Ti to To. 

The experimental investigation of the 
ratios needed for determining a three- 
dimensional diagram is not easy. Deter- 
mination of Tc for a brittle material 
may not be possible because of failure by 
shearing fracture before a true value of Tc 
could be attained. Nevertheless, even the 
determination of the stress at shearing 
fracture would show that Tc has a higher 
value. Another reason for the difficulty in 
determining Tc is that the state of stress, 
which is represented by a point on the 
sharp edge of the three-dimensional dia- 
gram, is unstable. A slight departure from 
this state would cause failure at a much 
lower stress. For these reasons, experi- 
mentally determined values of Tc tend 
to be too low. Nevertheless, a thorough 
investigation of the relation between 
Tea, Tc and T© for brittle materials prob- 
ably would give qualitatively correct 
information about the forms of the cor- 
responding diagram representing the tech- 
nical cohesive strength. The greatest need 
is for more information about ratios of 
Tc* to To- 

Stomary 

I. The technical cohesive strength of a 
metal cannot be represented by a single 
stress value, but comprises an infinite 
number of stress values (cohesion limits) 
corresponding to the infinite number of 
possible combinations of the prindpa! 
stresses. 
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2. Plastic deformation increases the 
technical cohesive strength continuously 
up to the point of fracture. The influence 
of plastic deformation on the cohesive 
strength cannot be represented by a single 
curve, but may be represented by a series 
of curves, each corresponding to a single 
value of Sz/Si, Both the flow stress and 
the cohesion limit increase continuously 
with plastic deformation, but the flow 
stress increases more rapidly than the 
corresponding cohesion limit. Rupture 
occurs when the two curves intersect. 

3. The three-dimensional diagram repre- 
senting the technical cohesive strength of 
a metal has a three-cornered contour, in a 
plane perpendicular to the locus of polar- 
symmetric stresses, and tapers nonlinearly 
to a point. The three-dimensional diagram 
representing the yield strength has a circu- 
lar contour and tapers nonlinearly to the 
same point. For a ductile metal, the dia- 
gram representing yield strength is inside 
the other diagram. 

4. With plastic deformation, the dia- 
gram representing yield enlarges more 
rapidly than the other diagram. Eventually 
the diagram representing yield strength 
touches the sides of the diagram represent- 
ing cohesive strength. Rupture then occurs 
if 52 is equal to 53. If 52 is greater than 
5 s, rupture would not occur imtil after 
additional plastic deformation. If S2 is 
equal to 5 i, and if Sz/Si is algebraically 
small, there is no attainable limit to the 
plastic deformation that a very ductile 
metal will endure without rupture. 

5. Some speculations are made about 
the form of the three-dimensional diagram 
representing resistance to shearing frac- 
ture, and its relation to the diagrams 
representing rupture and yield. Some 
speculations are also made about the 
criteria for fracture and 3deld. 

6. There is need for determination of the 
values of Tc, Tc2, Tq and Tb for various 
brittle materials. These values could be 
used to establish the forms of the three- 


dimensional diagrams representing tech- 
nical cohesive strength. The information 
thus obtained would be applicable also to 
a study of the qualitative forms of the 
three-dimensional diagrams for ductile 
metals. 

Appendix 

A. — ^If the nearly linear variation of the 
breaking stress of the brittle steel 
(indicated in Fig. 5) is correct, the curve 
of technical cohesion limits does not become 
horizontal at Ti, If 5 i and Sz represent 
the stresses at any point on the straight 
graph for steel Rd (Fig. 5), and if this 
graph be viewed as the hypotenuse of a 
right triangle, the following equation is 
obtained, based on similarity of triangles; 

( 5 i - T,)/(Ti ~ To) = 53/5i [5] 

The tangent of slope at any point on the 
curve would be 

dSi/dSz = (Ti ~ ro)/(25i - To) [6] 
Wiea Si = Ti, * 

dSi/dSz = (.Ti - To)/i2Ti - To) b] 

If Ti/To be designated by n, Eq. 7 becomes 

dSi/dSz = (n — i)/{ 2 n — i) [8] 

The tangent at Ti evidently would not be 
horizontal unless n were i.o. The tangent 
of slope at 7*1 increases with increase in n. 
It is H when n is 2, the approximate 
value for the steels represented in Fig. 7. 

As illustrated by Fig. 6, however, the 
relation between 5 i and Sz/Si possibly 
is not exactly linear, and the final slope 
of the curve in a diagram of the type shown 
in Fig. 7 may be somewhat less than in 
accordance with Eq. 8. Nevertheless, there 
is some doubt that the slope finally becomes 
zero. 

B. — ^The variation in the rapidity of the 
departure of the locus of fractures from 
curve T in Fig. 14 may be attributed to 
the influence of two oppositely varying 
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factors, one of which is the rate of diver- 
gence of curve T from the curve of yield 
stresses (Fig. 14B). This divergence prob- 
ably is most rapid at first, and decreases 
\\dth decrease in the volume stress (decrease 
of Sz/Si), The other factor is associated 
with the slope of the curves of flow stress 
and cohesion in a diagram of the t3rpe 
shown in Fig. 10^, and with the angle 
between these curves at their intersection. 
With decrease of Sz/Siy as shown in 
Fig. loAj these curves become less steep 
and the angle between them becomes 
smaller. For the same differential lowering 
of the origins of the curves, therefore, the 
effect on the ductility increases as Sz/Si 
decreases. This factor evidently becomes 
dominant in the region of most rapid 
departure of the locus of fractures from 
curve T. 

C. — Siebel and Maier^® investigated 
the strength and ductility exhibited by 
thin- walled tubing of ductile steels and of 
brass under various combinations of 
longitudinal and circumferential tension, 
the circumferential stress being induced 
by internal hydrostatic pressure. They 
report that the ductility was at a minimum 
when the longitudinal and circumferential 
stresses were equal, and that the strength 
was generally no greater under this stress 
combination than imder unidirectional 
tension. Their methods of estimating the 
ductility of these failed tubes, however, 
is not made dear. In the presence of cir- 
cumferential tension, the tubes failed by 
local one-sided bulging followed by yawn- 
ing fracture. The stress gradient and 
deformation gradient thus induced would 
make it difficult, if not impossible, to 
estimate the true stress and plastic defor- 
mation at fracture, and also would make 
the local stress combination different 
from the estimated combination. 

Close scrutiny of their illustrations 
casts doubt on the view that the ductility 
was least when the longitudinal and cir- 
cumferential stresses were equal. As would 


be expected, the ductility was less imder 
pure circumferential tension than under 
pure longitudinal tension. Such a relation- 
ship is due not only to a difference in 
the properties of the metal when tested 
in the two directions, but also to the fact 
that essentially the ductility in the two 
directions was obtained with two different 
specimens, different in shape and in cross 
section. The investigation by Siebel and 
Maier^® and a somewhat similar investi- 
gation by Siebel and Kopf®^ lead to some 
definite conclusions as to the relation 
between the longitudinal and circum- 
ferential strength and ductility of tubing, 
but give no conclusive evidence that the 
ductility is at a minimum when the 
longitudinal and circumferential stresses 
are equal. The several reasons advanced 
by these investigators to account for 
such a minimum will not stand close 
analysis. Moreover, there is no apparent 
reason for a smaller ductility when Sz 
is equal to Si than when Sz is equal to Sz* 
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S, S, 

A B C D 

Fig. 3. — ^Tvpicai. stress cojibinations with St equal to St (St = > St). 
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Fig. 4.— Indigence of spatial stress ratio St/Si on ultimate tensile strength, yield 

STRESS, BREAKING STRESS, AND DUCTILITY; LOW-CARBON STEEL. 
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SPATIAL STRESS RATIO, S3/S1 

Fig. 5. — Intluence of spatial stress ratio St/Si on ultimate tensile strength, field 

STRESS, breaking STRESS, AND DUCTHJTF; HIGH-CARBON STEELS, 
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SPATIAL STRESS RATIO, S3/S, 

Fig. 6.— Influence of spatial stress ratio Sz/Si on mLD stress, ultiuaie tensee 

STRENGTH, BREAKING STRESS, AND DUCTIUTY, LOW-CARBON STEEL. 
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Fig. 7. — Two-dimensioital diagrams representing technical cohesive strength, ultimate 
STRENGTH, AND YIELD STRENGTH OF BRITTLE STEELS ( 5 * = 5 a ). 
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Fig. 8, — Two-dimensional diagrams representing technical cohesive strength, ultimate strength, and yield strength of ductile 

STEELS (^2 = Ss). 
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Fig. 0. — Variation of technical cohesion mar with St/ S i and with plastic deformation 
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Fig. II — Influence of plastic extension on teceotcal cohesive strength of annealed 

LOW-CARBON STEEL (Sg = 53). 
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Fig. 15. — ^Two-dmensional diagrams representing relation between axial and radial 

STRESSES AT TECHNICAL COHESIVE LIMIT OP BRITTLE STEEL. TWO PRINCIPAL STRESSES EQUAL. 
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Fig. i 6. — ^Top view and vertical section 
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Fig. 17. — Oblique section of three-dimensional diagram representing technical 

COHESIVE strength OP BRITTLE STEEL. SECTION AT 2ERO VALUE OP ONE OP THE PRINCIPAL 
STRESSES. 
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Precision in Creep Testing 

By J. a. Fellows,* Easnshaw Cook* and H. S. Avery,* Members A.I.M.E. 

(New York Meeting, February 1942) 


The increased use of heat-resistant 
alloys (26 per cent Cr, 12 per cent Ni; 16 
per cent Cr, 35 per cent Ni; 12 per cent Cr, 
60 per cent Ni; etc.) in recent years has 
been accompanied by continued demands 
by the consumer for improvement in 
properties. The manufacturers of these 
materials, of necessity, have resorted to 
more critical studies of the basic causes of 
variations in fundamental properties. To 
keep pace with the need for augmented in- 
formation, previous techniques of investi- 
gation have been refined and new test 
methods and instruments created. It is the 
purjwse of this paper to describe the 
apparatus, experimental technique and 
precision of measurement that were em- 
ployed in tne exploration of properties of 
heat-resistant alloys presented in a com- 
panion paper.f The detailed precautions in 
experimental procedure'essential for attain- 
ment of accurate and comparable data at 
elevated temperatures cannot be too 
highly emphasized. 

The Creep Test 

Since the fundamental concepts of creep 
testing have been recognized for the past 
20 years, present interest is restricted to 
refinements in equipment and experimental 
procedure. 

A portion of this paper is based on a thesis sub- 
mitted by J. A. Fellows to the Department of Metal- 
lurgy’, Massachusetts Institute of Technology, in 
parti^ fullSHment of the requirements for the degree 
of Doctor of Science. Manuscript received at the 
office oi the Institute Dec. i, 1941. Issued as T.P. 1443 
in Metals Technology, August W2, 

* Assistant Chief MethUuigist, C^hief Metallurgist, 
and Hesearch MetaXhirgist, reroectively, American 
Brake Shoe and Foundry Co., Mahwah, N. J. 

fH. S. Avery, E. Cook and J, A. Fellows: En- 
gineering Proi>erties of Heat-resistant Alloys, This 
volume, page 373- 


The creep-test laboratory constructed 
for the American Brake Shoe and Foundry 
Co. is designed to permit looo-hr. tests in 
the temperature range of 1200® to 22oo®F. 
with a choice of applied stress extending 
from 50 to 50,000 lb. per sq. in. in incre- 
ments of 50 lb. per sq. in. To simplify the 
calculation of weight combinations, the 
loading beams (Fig. i) are provided with 
counterweights to eliminate the tare. The 
precision of the knife-edges (10:1 ratio) 
is such that a lo-gram weight placed on 
the upper specimen grip will be exactly 
balanced by a i-gram weight attached to 
the loading shackle. Check of the loading 
weights proved the maximum error to be 
0.06 per cent. Axial alignment is provided 
by crossed knife-edges in the grip seats. 

The furnaces are similar in design to 
those of Crane and Company, Battelle 
Memorial Institute, and the U.S. Steel 
Corporation. An 80 per cent Pt, 20 per 
cent Rh No. 19 B. and S. gauge wire is 
used as the heating element. The details of 
construction are shown in the radiograph 
reproduced in Fig. 2. The windings are 
held in place on an alundum tube with 
alundum cement; the distribution of turns 
is adjusted to give a maximum temperature 
gradient of + i®F. over a 4-in. gauge length 
(Fig. 3). To avoid sharp temperature 
difierentials at the ends of the test section, 
the length of the furnace is four times the 
gauge length. Sixteen-inch coupons are used 
to reduce the temperature of the threaded 
joints and thus to facilitate removal from 
the grips. Thermal losses are minimized by 
refractory insulators cut to shape and sur- 
rounded by diatomaceous earth. The taps 
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visible in Fig. 2 permit the precise adjust- 
ment of temperature uniformity required 
for each test by a judicious use of shunts. 
This is necessary because of the variation 


rubber-insulated, lead-sheathed cables were 
sunk 32 ft. underground. Protection against 
moisture has been provided by seamless 
steel tubing, welded and pressure-tested to 



Fig. I. — Creep-test units. 


in heat losses from one test to another 
through the ends of the furnace and through 
the threaded joints to the grips. 

The furnace temperature is controlled 
by a potentiometric pyrometer (Fig. 4) 
operating from a thermocouple attached 
to the gauge length. The instrument is of 
the photoelectric tyx>e (C. J. Tagliabue 
Mfg. Co.) equipped with a proportioning 
device to provide rapid response and to 
eliminate any dead zone at the control 
point. A continuous register of control 
temperature is supplied by a multiple- 
point recording pyrometer. 

Earth temperature is used as the refer- 
ence point for control to eliminate the 
nuisance of maintaining ice bottles. An oil 
bath would be an alternative but is con- 
sidered less reliable because of possible re- 
lay failures. Extension leads encased in 


ensure gastightness, which is enclosed in an 
outer steel casing sealed at the bottom with 
concrete and asphalt, as are all openings 
at the groimd level. 

With this extremely satisfactory arrange- 
ment, the total change of the cold-junction 
temperature (Fig. 5) during the year is 
within i.5°F. as measured by an iron- 
constantan thermocouple included for the 
purpose. It is interesting to note that the 
temperature of the thermocouple well lags 
approximately six months behind that at 
the surface. 

Although approximate room-temi>erature 
control is obtained by a thermostatically 
operated exhaust fan, variations resulting 
from drastic weather changes were found to 
affect both the batteries of the pyrometers 
and the resistivity of their constantan slide 
wires. Accordingly the batteries were en- 
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closed in an insulated box and tbe slide 
wires have been replaced by duplicates 
wound with manganin. Figs. 6 and 7 illus- 
trate the precision of control over short and 



Fig. 2, — Radiograph showing furnace con- 


struction. 

Nmnerals indicate number of turns of wire in 
various locations. 


long periods, respectively. The small fluctu- 
ation evidbat in Hg. 6 is considered pref- 
era^b to a smootl:^ xegulation associated 
with ccmtiol from the winding where the 
mean speamm temperature might drift 
in<tef)end©tttly of the pyrometer. 


The importance of close temperature 
control in testing austenitic aUoys deserves 
special emphasis. The data in Table i were 


Table i. — Efect of Cyclic Temper attire 
Variations upon Creep Rate 


Chemical Analysis, Per Cent 


c 

Mn 

Si 

Ni 

Cr 

N 

0.32 

0.46 

0.45 

II . 5 

25.9 

0.16 


Bar 

No. 

Stress, 
Lb. per 
Sq. In. 

Tem- 
perature, 
Deg. P. 

Dura- 
tion of 
Test, Hr. 

Elonga- 

tion, Per 
Cent in 
1,000 Hr. 

Type of 
Test 

A 

B 

3,000 

3,000 

1800 

1800 

S30» 

22 1& 

3.9 

26.0 

Std. 

20® Cycle 


« Specimen broke. 

^ Test discontinued. Bar had 4.5 per cent residual 
elongation. 


Table 2. — Influence of Temperature upon 
Limiting Creep Strength 
Alloys Containing 26 Per Cent Cr 
AND 12 Per Cent Ni 


Limiting Creep Stress for o.i Per Cent 
Elongation in i,ooo Hr., Lb. per Sq. In. 


Temper- 
ature 
Deg. P. 


1390 

1400 

1410 

1 590 
1600 
1610 

1790 

1800 

1810 

1990 

2000 

2010 


Heat A 


3,200 

3,100 

3,020 

1,810 

1,750 

1,700 

1,030 

1,000 

970 

370 

340 

300 


Heat B 


6,150 

5,950 

5.750 

3.300 

3,200 

3.100 

1,800 

1.750 

1.680 

840 

790 

750 


Heat C 


8,000 

7.800 

7.600 

4.800 
4.700 

4.600 

2,950 

2,870 

2.800 


obtained by varying the temperature of 
the second test approximately ± io°F. The 
length of cycle was roughly 7 min. Both 
bars were cast from the same heat and 
were tested at the same tnean temperature. 
This sixfold increase in rate is much greater 
than would have resulted from a test run 
at i8io°F., the upper limit of the oscilla- 
tion, as substantiated by the data in Table 
2, from the curves in Fig. 8. These values 
indicate a deviation in limiting creep 
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strength of 3 to 4 per cent for a io°F. 
increase in constant temperature while 
the use of the creep rate of bar B, Table i, 
would have caused a 25 per cent error in 
estimated strength. 


Because of the high temperature in- 
volved, Pt;Pt-io per cent Rh thermo- 
couples have been adopted and a precision 
potentiometer is employed for measure- 
ments. Thermocouples were calibrated by 



Fig. 3. — Representative thermal gradients along test-bar gauge lengths. 


Further evidence of the sensitivity of 
these allo3rs to thermal control is offered in 
Fig. 9. The break in this creep curve was 
occasioned by a lo-min. power interrup- 
tion. Since the test was performed at the 
Massachusetts Institute of Technology, no 
auxiliary power supply was available. The 
resultant drop in temperature was sufficient 
to have altered permanently the rate of 
flow. 

For these reasons every precaution is 
taken to maintain constant temperature. 
As an added safeguard two electrical cir- 
cuits connected through an automatic 
throw-over panel ensure continuous power 
in the event of failure of the normal supply. 
An induction regulator, made necessary by 
the electrical demands of the adjacent 
plant, maintains the line volta^ within 
u ± I per cent variation. 


freezing-point determinations. The validity 
of the derived charts was subsequently 
verified by a U.S. Bureau of Standards 
certification of master couples submitted 
for the purpose. In all temperature meas- 
urements Thermos bottles containing ice 
and distilled water provide the reference 
temperature. 

The chief difficulty is encountered, not in 
primary calibration, but in maintaining 
constant calibration. Oxides of chromium 
and iron volatilized from the test bar con- 
dense upon the thermocouple leads and 
cause serious contamination. This has no 
effect upon temperature observations when- 
ever the contaminated sections are atuated 
in a uniform temperature zone, but where 
sharp thermal gradients exist errors as 
high as 27®F. have been detected. To avoid 
this situation, gaslight aiundum protection 
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tubing has been secured.* The hot- junction The thermocouples are attached to the 

end is sealed with alundum cement fired to specimen by spot welding to establish good 
27 oo°F. About yi in. of thermocouple wire thermal contact. This has no detectable 
projects through the seal. The tubes are effect upon the calibration. In general, five 


Fig. 4. — Circuit diagram op purnace control. 


long enough to extend beyond the furnace. 
While the short exposed hot junctions are 
subject to contamination, they are entirely 
within the uniform temperature zone of the 
gauge length, and have little opportunity 
for causing erroneous readings. It is thus 
possible to renew each couple by breaking 
the seal, cutting back the leads, fusing a 
new bead and resealing. 

* Norton Company, Worcester, Mass. 


thermocouples per specimen have been 
spaced one inch apart along the gauge 
length. Initial readings are taken with all 
five couples to ensure the desired thermal 
uniformity. Thereafter only top, middle, 
and bottom couples are utilized in daily 
observations. 

Working couples are checked before and 
after each test by comparison with a 
secondary standard. This in turn is tested 
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periodically against the master thermo- 
couple. A special furnace has been con- 
structed for these comparisons, which 
possesses both a uniform zone and a gra- 


3. Inherent ease in observation because 
of the V-notch reference marks. A cross 
hair can be centered most accurately in 
an illuminated wedge of this t)T)e. 



JAN.. FEB. MAR. APR. MAY JUN. JUL. A06. SEP OCT HOY DEC. 

Fig. 5, — Variations in cold-junction well tesiperature. 


dient equivalent to that in the creep fur- 
naces between the gauge length and the 
end. The occasion for the latter detail will 
be discussed in a subsequent section. 

Measurements of elongation are accom- 
plished by means of a telescope sighted on 
90 per cent Pt-io per cent Rh extensom- 
eters spot-welded to each side of the gauge 


4. Independence of inevitable surface 
blackening by oxide deposits. Observation 
by reflected light becomes difficult at these 
temperatures in tests of long duration. 

The telescope (Fig. 12) follows the design 
adopted by the Creep Laboratory of the 
U.S. Steel Corporation, with a modified 
mount. Original calibration was performed 



Time in Minutes 

Fig. 6. — Short-time fluctuations in control temperature. 


length (Figs. 10 and ii). Viewed against a 
light background this method has the 
following advantages: 

1. Rigid attachment to specimen with no 
discernible effect of spot welding upon 
flow. 

2. Definite gauge length xmconfused by 
presence of fiHets between points of 
attachment. 


with the aid of a stage micrometer. One 
drum division of the filar micrometer eye- 
piece is equal to 0.00000978 in. per inch for 
a 4-in. gauge. Cross-hair settings upon the 
extensometers permit a daily determination 
of flow in the specimen. The general pre- 
cision of measurements is demonstrated in 
the elongation curve of Fig. 13. Calculation 
of the human error in observations, of the 
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mechanical uncertainty of the filar eye- time and effort necessary to establish the 
piece, and of the thermal expansion of the range of properties of selected analyses, 
coupon for i°F. deviation, indicates a This involved not only the determination 
possible variation {when none of these factors of time to failure at various loads and tem- 



Fig. 9. — Effect of tempeeature interruptiqn on rate of creep. 


are mutually compensating) of ±o.cxxx>26 
in. per inch, or approximately 2.5 times the 
precision of plotting on the xisual scale. 

The interpretation of time-elongation 
data conforms with conventional practice. 
The slope of the secondary or straight-line 
portion of the elongation curve is estimated 
for each side of the test bar and averaged. 
This value is then plotted on logarithmic 
paper against the applied stress. Two or 
more of these tests make possible an ap- 
praisal of the limiting creep strength 'usu- 
ally expressed for these alloys as the stress 
producing a creep rate of i.o per cent in 
10,000 hr. A rate of o.oooi. per cent per 
hour is, however, a more precise statement 
than the customary extrapolation. Repre- 
sentative alignment of data is shown in 
Fig. 14, 

SXRESS-STRAIN-RUPTHRE TeST 

The work of White, Clark and Wilson^^*^® 
with stress-rupture tests suggested a means 
for aorelerating exploratory investigations 
new alloys as weS as for curtailing the 

See «fc easdi of 


peratures but, in addition, the measure- 
ment of the secondary rate of uniform 
elongation for constant stress. By defini- 
tion and technique, this then becomes an 
abbreviated creep test. The necessary pre- 
requisite to a useful application of this 
principle was . evidence that strain rate 
bears the same relationship to stress in 
short-time tests as in creep tests. It was 
foreseen that, if this could be established, 
the test would have a threefold value: 

1. Experimental anal3^ses could be 
ranked according to strength by comparison 
of deformation rates under a standard load 
and temperature. Enormous savings in time 
would be gained over performing the same 
survey by creep testing. 

2. A reasonably accurate estimate of 
limiting creep strength would be possible 
from the results of two rapid tests at 
different loads. This would permit sdecticm 
of a stress for a creep test whose rate of 
elongation would be so close to the critical 
value (0.0001 per cent per hour) as to make 
further long-time tests unnecessary, 

3. Correlatiott of rupture times for short 
and long-time creep tests would aBow an 
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appraisal of maximum attainable life in 
service. 

A preliminary investigation was made in 
1938 using a Baldwin-Southwark tensile 



Fig, 10. — Schematic KEPRESENTATIO^^ of 

CREEP-TEST EXTENSOMETER. 

machine and a tensile-test furnace. The test 
specimens were selected from materials of 
known creep strength. Constant load was 
maintained by manual adjustment of the 
needle valves and elongation was measured 


with the aid of a dial gauge actuated by the 
tensile-machine cross heads. A plot of the 
elongation rates with the available creep 
values against the respective loads pro- 



FiG. II. — ^ExTENSOMETERS attached to CREEP- 
TEST BAR. 

duced a log-log plot in which all points fell 
on or very near a straight line.* It was de- 

* It is not suggested that this relationship 
can be extrapolated with assurance to the low 
rates of deformation involved in turbine de- 
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cided, therefore, to incorporate this test 
in the Creep Laboratory as a standard 
procedure. Two of the seven units illus- 
trated in Fig. I are devoted to this work. 

Since in most respects the equipment pro- 
vided for the S.S.R. tests (stress-strain- 
rupture tests) is identical with that pre- 
viously described for creep testing, atten- 
tion will be restricted to the modifications 
necessary. A gear mechanism is employed 
for adjusting the lower grip anchorage to 
prevent the loading beam from reaching its 
stop before failure occurs. For much the 
same reason the gauge length is limited to 2 
in. Standard tensile-test specimens with 
internal grips are possible in these short 
tests. The furnace differs only in the design 
of the heating element to compensate for 
the greater heat flow through the heavj" 
grips. 

In the measurement of temperature, un- 
protected thermocouples are used: the 


voltage developed in the stress-strain- 
rupture furnaces. 

Time to failure is recorded by a clock set 
in motion at the instant of load application. 



Fig. 12. — Telescope for elongation 

MEASUREMENTS. 


At rupture the drop of the beam interrupts 
the power supply for the clock, the furnace, 
the controlling pjnrometer and for the elon- 
gation recorder (described below). 



space available between the grips and 
the furnace wall is insufiSicient to admit the 
larger sealed tubes. It is for this reason that 
the calibration furnace contains a zone of 
equivalent thermal gradient. Because each 
exposure to contamination is short and 
recalibrations are frequent, use of this zone 
achieves a satisfactory check of the milli- 

sign. J. J. Kanter and E. A. Sticha have re- 
<^tly indicated a departure from a straight 
line in this r^on.®® 


Elongation is measured by three means. 
The first is a selected spot check with the 
telescope sighted on extensometers as in 
the creep test. This ensures fundamental 
accuracy. Both of the other two methods 
make use of the motion of the upper grip 
seat. In one case a dial gauge mounted on 
the frame registers its travel; in the other 
this movement is automatically recorded 
by a special instrument built for the pur- 
pose. Comparison of recorder and dial- 
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gauge readings with telescope observations technique has been reported* for the posi- 
has proved the amount of flow occurring tive identification of minute quantities by 
in grips and threads to be negligible. the use of Elmore’s magnetic suspension 

The recorder consists of a recording- under the microscope. 



Fig. 14. — Log-tog plot op stress vs. strain rate. 

pyrometer chassis, chart, pen, and chart 
drive combined with the Selsyn motors, 
relays, clutch, and other equipment nor- 
mally supplied with a Peters stifess-strain 
recorder. Fig. 15 illustrates the Selsyn 
motor unit with the S.S.R. frame. Since the 
total elongation in a test is far beyond that 
registered by one passage of the pen across 
the chart, limit switches are employed to 
reverse the direction of travel after reaching 
each extremity. A portion of an elongation 
record is reproduced in Fig. 16. The corre- 
lation of stress-strain-rupture and creep- 
test data is illustrated in Fig. 17, which is 
derived from tests from duplicate heats. 

The curve for fracture time versus stress is 
extrapolated to indicate its possible use in 
forecasting maximum attainable service life 
at that temperature. 

Magnetic Permeability 

The occurrence of a ferromagnetic phase 
in the so-called austenitic alloys has long 
been realized. Ferrite frequently is present 
in such degree as to be readily detectaMe 
with a hand magnet. Furthermore, a 


These, however, are qualitative methods. 
The need for a quantitative evaluation of 
the influence of ferrite was soon realized in 
the study of heat-resistant alloy properties. 
In 1936 an instrument was secured for the 
measurement of magnetic permeability of 
samples of convenient sizes. Since the creep- 
test coupons used at that time had a 2-in. 
gauge length, t a specimen of i by 
diameter was selected. This made available 
a permeability sample wherever fracture 
occurred along the test section. 

The instrument is capable of determining 
permeabilities from i.ooo to 300 (H == 24). 
The smallest interval that can be measured 
is 0.003, although this quantity is repro- 
ducible. A sample for which = 1.003 
tested at M.I.T. and ascribed a value of 
fjL = 1.0025, indicating the error to be small 
in this range. A further check by the U.S. 
Bureau of Standards at an approximate 
figure of At — 4.0 revealed that tho absolute 


*H. S. Avery, V. O- Homerberg and E. Cook: 
MetaHograi^c Identification of P«rromagnetic 
Pliases. Metals and AUoys (Nov., 1930) 3S!^3~35S* 

t Oee^ testily was condncted at M.LT, prior to 
constmcbon of the Company laboratory. 
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values of the constants supplied with the 
instrument are inaccurate, since a 25 per 
cent discrepancy was disclosed. Because of 
recent interest in magnetic permeability, 



Fig. 15. — SeLSYN MICROMETER SCREW-CONTACT 
ASSEMBLY ON S.S.R. TEST ERAME. 


the derivation of the constants is being 
checked to permit interchange of values 


with other laboratories. For intralaboratory 
comparisons, however, the instrument has 
been entirely consistent and has proved to 
be a valuable research tool. The wiring 



Tempero+urc, deg. F. 

Fig. 16. — Reproduction op a portion of a 

TIME-STRAIN RECORD. 

diagram of the apparatus is presented in 
Fig. 18. 

As an example of its use, the trend of 
strength with ferromagnetism is illustrated 
by the data quoted in Table 3. 

It is evident that increased permeability 
is accompanied by increased flow and de- 
creased strength. A quantitative develop- 
ment of this method of attack will be 
reported in the companion paper (page 373, 
this volume) , to which this discussion serves 
as a prologue. 

Summary 

The apparatus, techniques and precision 
of a high-temperature creep-test laboratory 


Table 3. — Magnetic Pennealility vs. Elongation after 210 Hours Creep 
Data Derived prom Creep Tests at i8oo®F. and 1500 lb. per Sq. Inch 


Specimen 

Chemical Analysis, Per Cent 

Magnetic 

Permeability 

Elongation 
at 2X0 Hr., 
Per Cent in 

2 In. 

■ No. 

C 

Mn 

Si 

Ni 

Cr 

N 


A 

0.32 

0.8s 

1.23 

11.3 

25.4 

0.16 

V 1.03 

1. 000 

0.02 

B 

0.35 

0.66 

0.44 

12.5 

27.8 

0.29 


1. 171 

0.07 

C 

0,30 

X .62 

1.28 

12. s 

28.2 

0.09 

W 0.51 

1.636 

0.23 

D 

0.47 

0.69 

0.70 

12-6 

32.1 

0.09 


1.663 

0.40 

E 

0.2s 

0.96 

o.so 

12. 1 

27-7 

O.II 

Cu 1.22 

3.37 

1.63 
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have been discussed. A type of accelerated 
creep test and its advantages in a compre- 
hensive program of research have been 
reported. The possibilities of magnetic test- 


an adequate approach to accurate and 
comparable creep testing at elevated tem- 
peratures of nickel-chromium alloys re- 
quires meticulous experimental techniques 



Fig. 17. — Correlation op creep and S.S.R. data. 



Fig. 18. — Electrical circijits op permeameter. 


ing in studying creep strength have been with special attention to: (i) precision of 
suggested and a brief description has been elongation measurements well within over- 
given of the instrument employed. all experimental error; (2) precision of 

In conclusion, it is again emphasized that thermocouple calibration and special pre- 
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cautions in temperature measurements; (3) 
precision of temperature control within a 
maximum allowable C3?’cle of ±o.5°F. and 
within a desirable maximum variation 
about the control point of ±1.5°?, 
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Engineering Properties of Heat-resistant Alloys 

By Howard S. A\rERY,* Earnshaw Cook,* and J. A. Fellows,* Members A.I.M.E. 

(Xex^- York Meeting, February 1942) 


Heat-resistant alloys of the higher 
aickel and chromium ranges have been 
empirically developed through the practical 
experience of the past two decades to a 
position of significant industrial impor- 
tance. Few quantitative metallurgical data 
have been published, however, that could 
be related directly to engineering specifica- 
tions and design. 

Inadequate information led to the inau- 
guration, in 1934, of a research directed 
toward a better tmderstanding of the 
properties and performance of these steels 
at temperatures between 1400® and 2ooo®F. 
Investigation was concentrated upon the 
26 per cent Cr:i2 per cent Ni type, which 
owes its extensive application to an excel- 
lent combination of economy, strength and 
surface stability at elevated temperatures. 
The requirements of the oil-refining indus- 
try have been prominent in influencing the 
scope and evolution of the program. 

Creep strength at the maximum allow- 
able deformation ranges has been employed 
to evaluate the merits of these alloys. 
Permissible elongation rates vary from i.o 
per cent in one million hours for turbine 
blades to i.o per cent in ten thousand hours 
for tube supports and heating-furnace 
equipment. Throughout this paper, the 
limiting creep stress (L.C.S.) for a given 
temperature has been defined as the stress 
that will produce a uniform elongation rate 
(stage II) of one per cent in ten thousand 
hours as extrapolated from rates per hour 

Manuscript received at the office of the Institute 
Jan. 6. 1942. Issued as T.P. 1480 in Metals Tech- 
nology, August 1942, 

* Research Metallurgist, Chief Metallurgist, and 
Assistant Chief Metallurgist, respectively, American 
Brake Shoe and Foundry Co., Mahwah, N. J. 


for tests of less than two thousand hours 
duration. 

Certain current specifications require a 
minimum L.C.S. of 1600 lb. per sq. in. at 
i8oo°F., of 3600 lb. per sq. in. at i40o°F., 
and include a tensile acceptance test at 
room temperature, after aging for 24 hr. at 
i4oo°F., as a measure of embrittlement in 
service. An elongation of 4 per cent is con- 
sidered satisfactory for general use, while 
a minimum, of 9 per cent is prescribed on 
occasion. Many differences of opinion con- 
cemmg the properties and performance of 
these alloj^ appear to result from their 
sensitivity to imappreciated variations of 
chemical analyses which, for example, may 
change their L.C.S. from 3500 to 350 lb. per 
sq. in. at i8oo®F. 

Within broad chemical limits, it is pos- 
sible to balance the six or more important 
elements present to attain desirable proper- 
ties with a number of different combina- 
tions. One method for adjusting the 
composition has been described imder the 
sponsorship of the Alloy Casting Institute,^ 
in which, by maintaining a substantially 
austenitic* alloy, optimum creep strength 
and minimum tendency to embrittle after 
aging are expected. Unless, however, the 
limits are undesirably dose, it has not been 
possible to ensure a moderate range of 
strength and of ductility by any chemical 
spedfication alone. There is a definite need 

1 References are at the end of the paper. 

* A condition defined by the A.C.I. as the 
composition balance obtained by a calculated 
“ratio factor’* [RF = (Cr 3(Si — i) — 16C) 
4- Ni] of less than “1.7.” The omission of 
nitrogen and other considerations restrict the 
validity of the formula. 
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for practical acceptance tests that can 
be used to reject unsuitable material and 
that will permit manufacture within a 
practical composition range. 


and, if failure does not take place, plastic 
deformation will rapidly decrease the stress. 
Creep at high rates will then continue until : 
(i) the stresses are relieved by transfer of 



PER CENT CHROMIIJM AND 12 PER CENT NICKEL. 


Basic Considerations 
Elastic properties have little application 
to high-temperature design. Instead, the 
plastic or creep properties are employed.^ 
In the following discussion, resistance to 
deformation under constant load has been 
utilized as a basis for comparing the high- 
temperature strength of different alloys. 
The creep-testing techniques are described 
in a companion paper.® Elevated-tem- 
perature tensile tests, of which many are 
available,^ differ from most service 
conditions in that they indicate behavior 
under stresses rapidly and continuously 
increasing to fracture, while industrial 
applications ordinarily involve lower, more 
constant stresses. With drastic overloading 
in service, accelerated elongation will result 


load to adjacent structural units, or (2) 
stresses have fahen to safe working levels 
or (3) fracture occurs at some stress below 
the nominal yield strength. In service, the 
combination of circumstances that would 
simulate the tensile test is so rare, and 
the mechardcal properties thus obtained so 
difficult to interpret, that no attempt to 
correlate such data with creep information 
has been made in this research. 

Techniques that depend on the uncertain 
creep rates in stage I, such as Hatfield’s 
time-yield test® or the German Industrial 
Tentative Standard (DVM A-117)^ have 
similarly been neglected, since the con- 
tinuously changing rates of stage I are not 
considered to furnish dependable data. 
The creep rates reported herein are those 


HOWARD S. AVERY, EARNSHAW COOK, AND J. A. FELLOWS 


375 


of the mirdmum rate, or stage II period, ^ 
for both long-term creep and short-time 
stress-strain-nipture tests. 

In using the minimum-rate data, how- 


Rupture tests frequently have been 
made on the ferritic alloys employed for 
lower-temperature service, and the log- 
arithmic nature of the plot has been weU 



Fig. 2. — Creep and rupture characteristics from i4oo°F. to 2ooo®F. for an alloy con- 
taining 26 PER CENT CHROMIUM AND 12 PER CENT NICKEL. 


ever, the considerable creep that occurs 
before and after this period should not be 
disregarded. There is danger in assuming 
that an extrapolated L.C.S. for i per cent 
elongation in 10,000 hr. can necessarily be 
sustained for that length of time without 
structural damage. The cumulative effect 
of stages I, II, and III can be obtained by 
creep tests continued to rupture, and may 
be expressed as life in hours. In a manner 
similar to the use of creep rates for deter- 
mining limiting creep stress, the data may 
be extrapolated to a “maximum life 
expectancy.” This term may be defined 
as the intercept of a time-to-fracture plot 
with a given stress coordinate as shown in 
Fig. I, 


established. The fracture-time behavior 
reported by several authors®*® has been 
confirmed for cast austenitic alloys at 
i 8 oo°F. Stress-rupture tests are a valuable 
adjunct to creep tests and are especially 
useful for the selection of design stresses 
when plotted on the same graph, as in 
Figs. I and 2, if their limitations are under- 
stood. It is important to realize that, 
except for overloads that cause fracture 
within a few himdred hours, they represent 
extrapolation to durations of time for which 
few or no data are available. The term 
“maximum life expectancy” is probably 
justified, but there is no assurance that 
fracture will not occur at shorter times 
than are indicated by the extrapolation. 
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Since there is no evidence that life will 
exceed the indicated time, it is obviously 
unwise to employ stresses that the graph 
predicts will cause fracture -mthin the 
intended service life, as may be done if 
creep-strength values alone are available. 
While these stress-rupture data thus per- 
mit the avoidance of definitely unsafe 
design loads, they do not always permit 
the estimation of safe maximum stresses. 

The discontinuity of the fractmre-time 
plot of the high-strength alloy of Fig. i 
demonstrates the need for caution. It is 
quite possible that similar slope changes 
might be found for more ductile alloys 
if the tests were continued for several years. 
Despite this limitation, the fracture plots 
permit illuminating comparisons of differ- 
ent alloys. 

A combination of creep and fracture- 
time data at four temperatures can be 
arranged as in Fig. 2 to facilitate calcula- 
tions for design. This is the result of com- 
prehensive tests on one commercial foimdry 
heat. The chemical composition has been 
established by more than 70 duplicate 
determinations as well as by analysis of a 
composite sample from 18 castings. Data 
after aging are given in Table 9, item 9A, 
and ductility under various conditions 
in Tables 5 and 6. This is a nonmagnetic, 
substantially austenitic alloy; the L.C.S. 
value of 1750 lb. per sq. in. at i8oo®F. is 
conservative for such material (Fig. 12). 
In the application of the chart in Fig. 2 
at i8oo®F., for example, the intersection 
of the creep-rate curve with the 0.0001 per 
cent per hour coordinate indicates an 
L.C.S. of 1750 lb. per sq. in. Following the 
1750-lb. per sq. in. stress coordinate to its 
intersection with the i8oo°F. fracture-time 
graph suggests that fracture may occur in 
about 10,000 hr. (1.15 years) for this load. 
L^nless these extrapolations can be shown 
to be unreliable, it is evident that designing 
for so short a life would not be considered 
good engineering practice. At 50 per cent 
of the L.C.S,, a maximum life of more than 


8 years is indicated for any selected tem- 
perature. In addition, safety factors should 
be included to compensate for the difference 
between the soimdness of commercial 
castings and of laboratory test bars. 

While unsatisfactory performance will 
result either from structural damage or 
from excessive flow, moderate deformation 
can be tolerated in most furnace construc- 
tion. Succeeding information suggests that 
strength and ductility are inverse proper- 
ties: the higher the L.C.S., the less the 
supportable elongation becomes. Design- 
ing to prevent premature failure with 
lower stresses is of more importance than 
the questionable economy of resorting to 
high creep strengths in the lighter, less 
homogeneous sections more difficult to 
produce in the foundry. 

As previously reported,® these creep 
rates are valid and comparable only for 
nonfluctuating temperatures, and may be 
considerably accelerated by cycles of plus 
and minus io°F. at i8oo°F., for example, 
or by 48-hr. cycles covering the range 
between room temperature and i8oo°F. 
This phenomenon is sometimes associated 
with the spheroidization and agglomeration 
of dispersed carbide particles.^®-^® It is 
not known whether cyclic heating ad- 
versely affects life as it does creep resist- 
ance. While fxmdamental research requires 
exact nonvar3dng temperature control, 
few industrial applications attain this 
precise regulation. Careful investigation of 
cyclic heating is an important subject for 
further research in the laboratory and in 
the field. 

Thus far, strength has been described in 
terms of creep resistance and of useful life. 
The inverse property of ductility is more 
difficiilt to correlate with service per- 
formance. Ductility measurements from a 
variety of tests in current use are subject 
to the limitation that their magnitude is 
a function of the laboratory procedure as 
wen as of characteristics of the material. 
Elongation to fracture at temperature 
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under constant load is of interest, as is the 
residual ductility after a period under 
stress at high temperature. Short-time, 
elevated-temperature tensile tests usually 
exhibit considerably greater plasticity 
than constant-load stress-rupture tests 



Fig. 3- — Fine carbide dispersion and 

MASSIVE CARBIDE IN AUSTENITE MATRIX. 

X 2000. 

Etchant: hot alkaline potassium ferri- 
cyanide. Analysis: C, 0.49 per centj Mn, 1.08; 
Si, 0.74; Ni, 12.5; Cr, 27.0; N, 0.12. L.C.S. at 
i8oo®F., 3500 lb. per sq. inch. 

of moderate duration, while long-term 
creep tests to fracture are characterized 
by surprisingly low total elongation. This 
decreased ductility associated with long 
test periods has also been reported®*® 
for lower temperatures. 

Elongation after aging without stress, 
as employed in current acceptance tests, 
permits a comparison of precipitation- 
hardening tendencies. As shown later, 
however, estimates of elevated-temperature 
ductility or of residual ductility after 
stressing at service temperatures are 


frequently unreliable when based on room- 
temperature properties after aging. 

Metaxlography 


The cast 26 per cent Cr:i2 per cent Xi 
alloys are austenitic, but carbides, ferrite, 



Fig. 4. — Sigma* masses (light gray; 
SOMETIMES cracked) AND COMPLEX CARBIDES 
(dark gray) in AUSTENITE MATRIX. X 500. 

Etchant: i:i HCl, followed by hot alkaline 
potassium ferricyanide. Analysis: C, 0.28 per 
cent; Ain, 1.08; Si, 0.88; Xi, 12.2; Cr, 26.3; 
N, 0.12; AIo, 1.58. 

History: Creep-tested 668 hr. under 1750 
lb. per sq. in. at i8oo°F. (creep rate: 0.00135 
per cent per hour) followed by room-tempera- 
ture tensile test (66,200 lb. per sq. in. tensile 
strength and 3.0 per cent elongation). 

the brittle nonmagnetic sigma phase, a 
lamellar aggregate that resembles pearlite 
and nonmetallic inclusions also appear 
under certain conditions. Dendritic segre- 

* The sigma phase is at first unattached by i ; 1 
HCl, and frequently appears white and shining in a 
sKghtly d^ker austenite matrix. Further etching stmns 
sigma a light brown and reveals previously invisible 
scratches. These, together with freedom from 
coloration by hot airline potassium ferricyanide. 
distinguish it from c^bides. If lerrite occurs in the same 
specimen it usually is drastically attacked by i : i HCl 
b^ore staining of the sigma occurs. 
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gation is xisually present and sharply 
differentiates cast from wrought alloys. 
Finely precipitated carbides (Fig. 3) 
characterize the high-strength alloys and 


tion, is weak and brittle as illustrated in 
Fig. 4. If elements like chromium and 
silicon are undesirably high, in proportion 
to the austenite stabilizers like nickel, 



b 


Fig. 5. — ^Lamellar structure occurring in alloy containing 0.20 per cent nitrogen, 
0.39 PER cent carbon, 26 PER CENT CHROMIUM AND 1 2 PER CENT NICKEL. 
Creep-tested at i8oo“F. Etchant: hot alkaline potassium ferricyanide. a, X 100; b, X 500. 

MnV. Si% Ni% CrY. 



massive carbide is found in nearly all heat- 
resistant compositions. 

At elevated temperatures, ferrite is 
weak but very ductile. Its ferromagnetic 
nature permits quantitative estimation by 
magnetic analysis. Ferrite is not neces- 
sarily detrimental to performance, since 
rmder some circumstances the attendant 
ductility is known to be beneficial. In 
contrast, the undesirable sigma phase, 
probably induced by chromium segrega- 


sigma may develop readily near i6oo°F. 
Such alloys usually are quite ferritic at 
higher temperatures. Thus a limitation of 
ferrite content above i8oo°F. may also 
restrict occurrence of sigma at i6oo°F. or 
below, provided unusual sigma stabilizers, 
such as molybdenum (Fig. 4), are not 
present. Embrittlement resulting from 
small amounts of sigma, however, may be 
no more serious than that associated with 
carbide predpitation in the compositions 
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from which sigma has been excluded by 
more complete austenite stabilization. 

The lamellar constituent (Fig. 5), which 
is nonmagnetic (and hence not pearlite), 


function of carbon content up to a maxi- 
mum, as illustrated in Fig. 6. This change 
in tendency corresponds with the appear- 
ance of continuous networks of carbide 


Table i. — Effects of Carton on Heat-resista^it Alloys Co 7 itaining 26.3 Per Cent Chromium 

and 1 1.3 Per Cent Nickel 


Alloy- 

No 

Chemical Analysis, Per Cent 

! 

L.C.S. ' 
i8oo°P.. 
0.0001 Per 1 

Room-temperature 
Properties after Aging 
I400®F. 24 Hr., F.C. 

Elevated- 
temperature 
Ductility 
at i40o®P., 
20.000 Lb. 
per Sq- In., 
Elongation, 
Per Cent 
in 2 In, 

C 

Mn 

Si 

Ni 

Cr 

N 

(i Per Cent ! 
per 10,000 1 
Hr.). Lb. i 
per Sq. In. j 

Tensile 
Strength, 
Lb. per 
Sq. In. 

. 

, Elongation, 
i Per Cent 
' in 2 In. 

! 

< 

lA 

0.19 

0.41 

0.43 

II . 4 

26. s 

0.08 

600 ! 

83,000 

! 30-0 

; 26. 5 

iB 

0.31 

0.42 

0.42 

II . 4 

26.5 

0.07 

1.150 1 

86,000 

! 25.0 

20.0 

iC 

0.42 

0.4s 

0.45 

II . 3 

26.1 

0.06 

2.200 ' 

89,000 

1 12 . S 

1 9-5 

iD 

0.52 

0.53 

0.47 

II . 4 

26.4 

0.07 

2,650 • 

9 S. 7 SO 

1 4.0 

2.5 

lE 

0.61 

o.si 

0.48 

II . 4 

26.3 

0.07 

i 

2.500 

93,900 

2.8 

1.5 


Alloy 

No. 

C, Per Cent 

Creep Characteristics at i8oo®P. 

Residual Properties, Room Temperature 

Load, Lb. 
per Sq. In. 

Duration, 

Hr. 

Minimum 

Rate, 

Per Cent 
per Hr. 

Tensile 
Strength. 
Lb. per 

Sq. In. 

Elongation, 
Per Cent 

Permeability 
CH =24) 

lA 

0.19 

500 

1. 995 

0.000040 

81,500 

i 

27.0 

2.83 

iB 

0.31 

1,000 

1,342 

0.000043 

81,500 

IS.O 

1. 81 

iC 

0.42 

2,000 

1,244 

0.000047 

73,500 . 

6.0 

1.20 

iD 

0.52 

3,000 

950 

0.00016 

Broke in creep test 

1. 00 

lE 

0.61 

3,000 

783 

0.00026 

Broke in creep test 

1. 00 


seems to be associated with high nitrogen 
levels. For some compositions containing 
more than 0.20 per cent nitrogen, an 
unexpectedly high creep rate has been 
noted. It is possible that the lamellae 
comprise a weaker aggregate than the 
usual fine dispersions. Until this is clarified, 
nitrogen contents above 0.20 per cent can- 
not be employed with assurance. 

Inclusions may be developed by certain 
phases of furnace or foundry practice. 
Their effect and detection is described later 
under aging tests (Table 10 and Fig. 8). 

Effects of Composition 

From 0.20 to 0.40 per cent carbon, creep 
strength is approximately doubled by an 
increment of o.io per cent, while ductility 
is simultaneously lowered (Table i). 
The L.C.S. at i8oo®F. seems to be a direct 


at the grain boundaries. Diminished 
strength after passing an optimum com- 
position may be characteristic when the 
alloy is “ overbalanced’^ by unnecessary 
amounts of austenite-stabilizing elements 
such as carbon, nitrogen, or nickel. In 
several unreported experiments, a peak in 
strength has appeared individually for 
these three elements. 

Ferrite-forming elements, such as chro- 
mium, silicon, tungsten, or molybdenum, 
can be employed to increase ductility at 
the expense of strength if they do not lead 
to excessive sigma development.^® Oppos- 
ing these trends are the strengthening 
effects of nickel, nitrogen, and carbon. 
Several examples of the interactions of the 
various elements are shown in Table 2, 
where an increase of o.io per cent C or 
0.07 per cent N serves to reduce ductility 
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and to double creep strength, and where a 
slight change in the nickel-chromium ratio 
is sufficient to restore the previous balance 
despite higher nitrogen. The range of 
properties that may be possible between 


the extremes of a narrow chemical specifi- 
cation is shown in Table 3. Variations in 
carbon, nickel, chromium and nitrogen 
account for the difference, which in prac- 
tice might be greater because of the effects 


Table 2. — Sensitivity to Chemical Composition of Heat-resistant Alloys Containing 26 Her 
Cent Chromium and ii Per Cent Nickel 


Alloy 

No. 

j 

Chemical Analysis, Per Cent 

L.C.S. at i8oo°F., 
0.0001 Per Cent 
per Hr. (i Per Cent 
per 10,000 Hr.), 
Lb. per Sq. In. 

Elevated-temperature 
Stress-strain-rupture Tests, 
20,000 Lb. per Sq. In. at i400°F. 

C 

Mn 

Si 

Ni 

Cr 

N 

Life, Hr. 

Rate, 
Per Cent 
per Hr. 

Elongation, 
Per Cent 
in 2 In. 

2A 

0.31 

0.42 

0.42 

II. 4 

26.5 

0.07 

1,150 

2.6 

S -09 

20.0 

2B 

0.42 

0.4s 

0.45 

II. 3 

26.1 

0.06 

2,200 

10.3 

0.65 

9.5 

2C 

0.32 1 

1 

0.54 

0.54 

ir.4 

26.1 

0.13 

2,roo 

8.3 

0.71 

8.5 

2D I 

0.31 

0.51 

0.33 

10.6 

26.8 

0.14 

1,160 

6.9 

1 . 45 

15.5 


Table 3. — Variatiofis that May Occur within Narrow Specification Limits on Molybdenum 
Alloy Containing 26 Per Cent Chromium and 12 Per Cent Nickel 


i 

Alloy j 
No. 

Chemical Analysis, Per Cent 

Ratio® 

Factor 

As Cast 

C 

Mn 

Si 

Ni 

Cr 

N 

Mo 

Tensile Strength, 
Lb, per Sq. In. 

Elongation in 

2 In., Per Cent 

Spec. 

SA 

35 

3C 

0.31 

0.37 

0.31 

0.33 

0.37 

0.50 

0.48 

0.47 

0.47 

0.50 

0.5s 

0.31 

0.58 

10.5 

12.0 
10.8 
II. 4 
12.0 

25. 5 

27.0 

27.1 

26.3 

25.4 

0.16 

0.20 

0.16 

0.19 

0.19 

1. 00 

1 . 05 

1 . 01 

1.01 

2.05 

1.84 

1.62 

92,500 

91,000 

92,500 

22.5 

23.5 

19 . 5 


AUoy 

No. 

C, Per 
Cent 

L.C.S. i8oo®F., 
0.0001 Per Cent 
per Hr., (l Per 
Cent per 10,000 
Hr.), Lb. per 
Sq. In. 

Room-temperature Properties 
after Aging i400®F., 24 Hr., 
Furnace Cool 

Elevated-temperature 
Stress-strain-rupture Tests, 
I400°P., 20,000 Lb. per Sq. In. 

Tensile Strength, 
Lb. per Sq. In. 

Elongation, Per 
Cent in 2 In. 

Life, Hr. 

Rate, 
Per Cent 
per Hr. 

Elongation, 
Per Cent 
in 2 In. 

3 A 

0.31 

830 

95.750 

20.8 

II . 6 

1. 01 

16-0 


0.33 


96,250 

14. 5 

17.0 

0.26 

6.0 

3C 

0-37 

2,200 

102,400 

8.3 

25.4 

0.04 

1 . 5 




Creep Characteristics at i8oo®F. 


Alloy 

No. 

C, Per 
Cent 

Stress, Lb, 
per Sq. In. 

Duration, 

Hr. 

Rate, 

Per Cent 
per Hr. 

Elongation, 
Per Cent 

Tensile 
Stress, Lb. 
per Sq. In. 

Elongation, 
Per Cent 
in 2 In. 

Permea- 

bility 

H = 24 

3A 

3 C 

0.31 

0.37 

2,000 

2,000 

290 

I, IIS 

0.0118 

0.000035 

3.8 

0.12 

74.500 

80.500 

7.0 

3-0 

2.125 

1.003 


« Ratio factor! = 

Ni 
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of other elements. This evident sensitivity 
to apparently minor alloy changes should 
not be interpreted to mean that acceptable 
mechanical properties cannot be main- 
tained in the foundry with adequate 
technical control. 


ing various conditions of high-temperature 
corrosion. 

Strength vs. Ductility 

There are differences of opinion con- 
cerning the relative importance of strength 
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Fig. 7. — ^ImnERSE relationship of creep strength and DUCTiury after aging. 


In balancing compositions of the 26 per 
cent Cr:i2 per cent Ni type to obtain 
maximum strength and minimum sigma 
embrittlement, higher nickel and lower 
chromium contents are logical. Surface 
stability in hot gases may require high 
chromium levels while in the presence of 
sulphur attack the lowest practicable 
nickel percentage is desirable. Present 
knowledge of limiting chromium and 
nickel contents is qualitative. There is a 
definite need for further delineation of the 
maximum nickel and the minimum chro- 
mium concentrations necessary for resist- 


and ductility in the performance of heat- 
resistant alloys. It has been postulated 
that a ductile material will relieve over- 
loads by plastic flow. Conversely, it is 
thought that sufficient strength obviates 
the need for stress relief by deformation. 
By comparing the behavior of several 
alloys, whose stress-strain-rupture charac- 
teristics are shown in Fig. i, the relation 
of strength and ductility becomes clearer. 
These compositions are arranged in Table 
4 in order of increasing strength and 
decreasing ductility. The life expectancy 
of the more ductile alloys appears to be 
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greater when all are stressed to produce 
the same creep rate, but, with the same 
load, the strong analyses have a longer 
probable life unless a break in the fracture- 
time plot appears (Fig. i). 


mum L.C.S. at i8oo®F. of 1600 lb. per sq. 
in. is required as certain specifications 
intend, only C (2100 lb. per sq. in.) and D 
(3000 lb. per sq. in.) are acceptable. The 
extreme sensitivity to compositional varia- 


Table 4. — Life Expectancy versus Creep Rates and Stress at i8oo°F.* 


Alloy 

No. 

Chemical Analysis, Per Cent 

L.C.S. 
i8oo®P., 
Lb. per 
Sq. In. 

Design Stress,^ 
i8oo°P., Lb. 
per Sq. In. 

Elevated-temperatu re 
Elongation, i400°P., 
20,000 Lb. per Sq. In., 
Per Cent in 2 In. 

C 

Mn 

Si 

Ni 

Cr 

N 

A 

0.19 

0.41 

0.43 

II. 4 

26.5 

0.08 

600 

300 

26.5 

® 1 

0.31 

0.42 

0.42 

ri .4 i 

26.5 

0.07 

1,150 

575 

20.0 


0.32 

0.54 

0.54 

II. 4 

26.1 

0. 13 

2,100 

1,050 

8.5 

D 1 

i 

0.4s 

0.54 

0.60 

12.8 1 

26.8 

o.oS 

3.000 

^ 1,500 

1.5 


Alloy 

No. 

Stress at i8oo°P., 

1 

Lb. per Sq. In., for Maximum Life of 

Maximum Life at i8oo°F. for 

10,000 Hr. 

2 Years 

8 Years 

L.C.S., Hr. 

Design Stress,^ 
Hr. 

A 

1,000 

900 

680 

140,000 

5,000,000 

B 

I. 4 S 0 

1.300 

1,000 

32.000 

1,900,000 

C 

1.750 

1.600 

1,250 

3,200 

200,000 

D 

1,500 

1,300 

850 

816 j 

10,000 



Constant Stress at i8oo°P. 

Constant Minimum Creep Rate at i8oo®P. 

Alloy 

No. 

Stress,** Lb. 

Crera Rate, 
Per Cent per 
10,000 Hr, 

Maximum 

Stress, Lb. 

Creep Rate, 
Per Cent per 
10,000 Hr. 

Maximum 


per Sq. In. 

Life, Hr. 

per Sq. In. 

Life, Hr. 

A 

800 

5.0 

30,000 

380 

O.I 

1,000,000 

B 

Soo 

O.I 

300,000 

800 

O.I 

300,000 

C 

800 

0.00023 

1,000,000 

1,600 

O.I 

15,000 

D 

Soo 

0 . 0006 

80,000 

2,000 

O.I 

3.500 


“ The extrapolated time values shown here should not be considered suitable for engineering calculations. 
They are tabulated only for purposes of comparison. 

h Design stress = maximum recommended tensile working stress. The design stress for 1600 lb, per sq. in. 
L.C.S. material is 800 lb. per sq. in., which is a current specification level. 


With conservative design stresses, suita- 
ble for the weakest composition, all of the 
alloys illustrated may be expected to give 
satisfactory service at i8oo°F. An optimum 
combination of moderate ductility and 
reasonably high strength might be that of 
item C in Table 4, This alloy is substan- 
tially, but not completely, austenitic, since 
minor amounts of ferrite appear at some 
temperatures. Alloys similar to B, C, and 
D have been satisfactory in field installa- 
tions involving approximately constant 
temperatures and good design. If a mini- 


tions indicates, however, that alloys like B 
(1150 lb. per sq. in.), are passed without 
question because the present acceptance 
test, which has an inverse correlation with 
creep strength (Fig. 7), places a premium 
on ductility. Nevertheless, the life expec- 
tancy of the B type at the actual working 
stress of the specification is probably 
satisfactory and service failures may not 
result. Insistence upon a ductility specifica- 
tion for acceptance tests implies its 
importance in design. Until clarified 
by more specific engineering knowledge, 
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neither the limits, the inherent t3rpe, nor 
even the method for ductility determina- 
tion can be selected with assurance. 

Ductility 

If ductility is an asset, the technique of 
its measurement is important. The nearest 
laboratory approach to uniform-tempera- 
ture service conditions involves creep tests 
continued to fracture. Here the total 
elongation seems closely related to the 
deformation rate for constant temperature 
with various loads (Table 5) and for 
constant stress at various temperatures 
(Table 6). In each instance, the low elonga- 
tion rates of the longer tests are associated 
with low total elongation at fracture. This 
is in agreement with observations®-^^ upon 
ferritic steels at lower temperatures. 

Table 5. — Effect of Various Loads at 
Constant Temperature on Deformation Rate 
and Ductility of Creep Tests Continued to 
Fracture 


Heat 

Chemical Analysis, Per Cent 

No. 

C 

Mn 

Si 

Ni 

I 

Cr 

N 

CHsi8“ 

0.32 

0.46 

0.4s 

II . 5 

25.9 

0.16 


Temper- 
ature, 
Deg. P. 

Stress, 
Lb. per 
Sq. In. 

Dura- 

tion, 

Hr. 

Minimum 
Creep 
Rate, 
Per Cent 
per Hr. 

Total 

Elonga- 

tion, 

Per Cent 

1800 

8,000 

1.7 

5.7 

21.9 

1800 

6,000 

16.6 

0.4 

12.2 

1800 

3.000 

530 

0.0039 

6.0 

1800 

3.000 

440 

0.0025 

4.0 

1400 

25,000 

2.5 

1.99 

7.8 

1400 

20,000 

13-9 

0.26 

5.5 

1400 

15.000 

60.3 

0.038 

3.0 

1400 

8,000 

I 

1.070 

0.00047 

I.O 


« See also Pig. 3. 


With stress, time, temperature and 
composition as variables affecting ductility, 
selection of a suitable reference test is 
difficult. A practical method for comparing 
elongation at constant temperature and 
stress utilizes stress-strain-rupture tests 


as reported in Tables i, 2, 3, 9 and ii. 
While time is still a variable, these tests 
more closely approximate service condi- 
tions under excessive loads than any other 
rapid technique. At 1400°?. (Tables 3, ii), 
embrittlement of austenitic alloys is 
developed more effectively than by aging 
tests. 


Table 6 . — Effect of Temperature at Con- 
stant Load on Ductility of Creep Tests 
Cofitinued to Fracture 


Heat 1 
No. 1 

Chemical Analysis, Per Cent 

C 

Mn Si Ni 

Cr 

N 

CH5i8“j 0.32 

III 

1 0.46 j 0.45 II. 5 

! 25.9 

1 0.16 


Temper- 
ature, 
Deg. P. 

Stress, 
Lb. per 
Sq. In. 

Dura- 

tion, 

Hr. 

Minimum 
Creep 
Rate, 
Per Cent 
per Hr. 

Total 

El9nga- 

tion. 

Per Cent 

2000 

3.000 

6 

0.81 

20.0 

1800 

3,000 

530 

0.0039 

6.0 

iSoo 

3,000 

440 

0.0025 

4.0 

1800 

8,000 

1.7 

5.7 

21.9 

1600 

8,000 

41.4 

0.04 

4.0 

1400 

8,000 

1,070 

0 . 00047 

1.0 


« See also Pig. 2. 


Brittle failures sometimes occur at room 
temperature while installations that have 
operated for extended periods between 
i4oo°F. and 2ooo°F. are being repaired. 
As a result, residual ductility, which cor- 
responds to the room-temperature tensile 
properties of an unfractured specimen after 
creep testing, has been specified as a 
desirable characteristic. In an attempt to 
ensure such ductility, the tensile accept- 
ance test after aging at i40o°F. or i6oo°F. 
has often been employed. There is a 
general correlation of such tests with 
residual ductility after creep testing when 
both tests are responding to precipitation- 
hardening as in Table i. It is important to 
realize, however, that this apparent simi- 
larity is invalidated if low residual duc- 
tility is the result of structural damage 
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from overstressing, which, rather than 
embrittlement as such, is probably the 
cause of many service failmres observed at 
room temperature. An example is shown 


and the residual elongation of 1 1.5 per cent 
seems characteristic, since two other tests 
under loads of 1000 and 2000 lb. per sq. in. 
exhibited similar values of 10 per cent and 


Table 7. — Relationship of Stress and Residual Ductility 

Chemical Composition, Per Cent 



Mn 

Si 

Ni 

Cr 

N 1 

W 

0.29 

1. 16 

1.02 

12.2 

26.6 

1 


0.5s 


Aging Treatment 

Room-temperature Properties after Aging 

Temperature, 
Deg. F. 

1 

Time, Hr. 

Cooling 

Yield 

Strength, Lb. 
per Sq. In. 

Tensile 
Strength, Lb. 
per Sq. In. 

Elongation, 
Per Cent 
in 2 In. 

Reduction 
of Area, 

Per Cent 

0 0 

0 0 

24 

24 

Fee. 

Fee. 

41.500 

39 .500 

91.750 

91,000 

30.0 

23.0 

34. 5 

32.5 


Creep Test Conditions 

Residual Properties at Room Temperature 

Temperature, 
Deg. F. 

Stress, Lb. 
per Sq. In, 

Duration, 

Hr. 

Rate, 

Per Cent 
per Hr. 

Tensile 
Strength, Lb. 
per Sq. In. 

Elongation, 
Per Cent 
in 2 In. 

Reduction 
of Area, 
Per Cent 

Hardness, 

B.H.N. 

1800 

1,000 

1,650 

9S3 

0.00008 

87,000 

16.5 

30.0 

192 

1800 1 

1,007 

0.0004s 

55,200 

1 . 5 

I.O 

192 


in Table 7, where an alloy with excellent 
ductility after aging and after creep testing 
at 1000 lb. per sq. in. shows a serious loss 
in residual ductility from overloading at 
1650 lb. per sq. in. This effect has been 
observed repeatedly in conjunction with 
specimens that show evidence of inter- 
granular oxidation on the fracture faces. 

The residual ductility at room tem- 
perature decreases with increasing load 
for approximately constant time at i8oo°F., 
as illustrated in Table 7, and diminishes 
also with increasing time under constant 
load, as shown in Table 8. With stresses 
from 4000 to 8000 lb. per sq. in., fracture 
occurs quickly and the total elongation is 
high. At 2500 lb. per sq. in. there is a drop 
from 37 per cent elongation as cast to 
IS per cent after 24 hr. at i8cx>®F. This is 
probably indicative of carbide precipita- 
tion in stage I. After 186 hr. at 2500 lb. 
per sq. in., the next test was in stage n, 


II per cent when terminated in stage II 
after 1095 hr. The elongation of 4.5 per 
cent after 600 hr. under 2500 lb. per sq. in. 
(in stage III) is considered representative 
of structiural damage, which, by slowly 
increasing, resulted in fracture of a com- 
panion bar after 1897 It seems probable 
that residual ductility rapidly disappears 
if stage III is induced and continued in 
these steels by overloading above i4oo®F. 
The spedfication of high elongation after 
aging is no insurance of residual ductility 
or of freedom from failure under this condi- 
tion. The limiting creep strength of the 
material in relation to the selection of 
working stresses is of paramount importance 
in design. 

An aging test employed as an index of 
predpitation-hardening may be misleading 
if the formation of an embrittling constitu- 
ent such as sigma is slug^h. In Table 9 
are shown two alloys that differ in silicon 
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Alloy 

No. 

Chemical Analysis, Per Cent 

Ratio 
, Factor 


Mn 

Si 

I 

Ni { Cr 

1 

8A 

8B 

0.32 

0.33 

0.54 

0.56 

0.54 i 
0.49 

ri .4 

II. 5 

! 26.1 

j 26-4 

j 0.13 j 1.84 

0.12 j i.Ss 



Alloy 

No. 

i8oo®F. Creep-test Data | Room-temperature Residual Properties 

Stress, Lb. 
per Sq. In. 

Duration, 

Hr. 

Rate (II), 
Per Cent 
per Hr. i 

Elongation, ! Tensile , Elongation, 
Per Cent Strength, Lb. ! Per Cent 
in 2 In. 1 per Sq. In. j in 2 In. 

i Reduction 

1 of Area, 

Per Cent 

8B 

8A 

8B 

8A 

8A 

8B 

8B 

SB 

8B 

8A 

8A 

8.000 

6.000 

6.000 

4.000 

2.500 

2.500 
2,500 
2,500 

2.000 

1.000 

As 1 
1.6 

9.3 

9-2 

96.4 

24 

186 

600 

1,897 

1.095 

1.095 

1 

cast i 

8.8 

1.2 

1. 1 

0.04 

a 

0 . 0004 

0.00027 

0.00014 

0 . 00006 
0.00001 

27.0 j 

21.0 

24 . 5 I 

11. 0 i 

0. 1 

0.2 

I.O 

0. 1 

0.05 

' i 

91,250 i 
Br 
Bi 
Bt 
B r 

90.000 

88.000 

71.500 

Br 

79.500 

83.500 

, .37.0 

oke m creep t< 
•oke in creep t< 
•oke in creep t< 
oke in creep t< 

150 

: II. 5 

' , . 4-5 

■oke in creep t< 

10. 0 

11. 0 

! 41.6 

iSt 

2 St 

iSt 

5 St 

16.5 

13.4 

9.6 
ist 

7.7 
ii-S 


« Obviously in stage I (0.0024 per cent per bour) at end of 24 hours. 


Table 9. — Relative Embrittlement in Short and Long-time Tests 





Chemical Analysis, Per Cent 



Alloy 







Ratio® 

No. 

C 

Mn 

Si 

Ni 

Cr 

N 

Factor 

9 A 

0.32 

0.46 

0.43 

“•5 ! 

23.9 i 

0.16 1 

1.82 

9B 

0.29 

0,53 

1.56 

11.5 1 

26.3 

0.15 1 

2.03 


Alloy 

No. 

Si, Per 

L.C.S, 1400® F. 
0.0001 Per 
Cent per Hr. 
(i Per Cent 
per 10,000 
Hr.), Lb. 
per Sq, In. 

Room-temperature Proi>erties 
after Aging, i40O®P., 

24 Hr., F.C. 

Elevat ed- temperature 
Stress-strain-rupture Tests, I400®F., 
20,000 Lb. per Sq. In. 

Cent 

Tensile 
Strength, Lb. 
per Sq, In. 

Elongation, 
Per Cent 
in 2 In. 

Life, Hr. 

Rate, 

Per Cent 
per Hr. 

Elongation, 
Per Cent 
in 2 In, 

9 A 

9B 

0.4s 

1.56 

5,950 

4,300 

87,625 

93,750 

6.8 

19.8 

13.9 

22.3 

0.26 

0.63 

5-5 

23.5 




Creep Characteristics at i400®F. j 

Room-temperature Residual 
Properties 

Alloy 

No. 

Si, Per 
Cent 

Stress, Lb. 
per Sq. In. 

Duration, 

Hr. 

Rate, 

Per Cent 
per Hr. 

I Elongation, 1 
Per Cent 1 
in 2 In. 1 

Tensile 
Strength, Lb. 
per Sq, In. 

Elongation, 
Per Cent 
in 2 In. 

9 A 

9B 

0.45 

1.56 

6.000 

4.000 

1,150 

1,033 

0.00012 

0.00007 

0.19 

0.12 I 

70,500 

81,250 

1 

3-0 

2.0 
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content; that with the higher silicon is 
much more ductile than the other in short- 
time tests but after more than looo hr. 
under stress* at i40o®F. the residual 


inherently defective metal by tensile tests 
after aging. Defects tend to lower both 
tensile strength and ductility, as is demon- 
strated in Table lo. This effect is attributed 


Table io. — Acceptance-test Properties of Unsatisfactory and Satisfactory Alloys Containing 
26 Per Cent Chromium and 12 Per Ce 7 it Nickel 


AUoy 

No. 

Description 

Chemical Analysis,® Per Cent 

C 

Mn 

Si 

Ni 

Cr 

N 

0 0 

Before remelting 

After remelting 

0.27 

0.30 

O-SS 

0.55 

0.4s 

O.S 7 

II. 4 

II. I 

26.8 

26.2 

0.13 

0. 14 


Alloy 

No. 

Description 

Room-temperature Properties after Aging, i400®F., 24 Hr., Furnace Cool 

Yield Strength, 
Lb, per Sq. In. 

Tensile Strength, 
Lb. per Sq. In. 

Elongation, Per 
Cent in 2 In. 

Reduction of 
Area, Per Cent 

X 0 ^^ 

f Unsatisfactory 1 

42,500 

78,350 

6.5 

5.0 


( Before remelting ) 

38,850 

69,750 

7.0 

ii.o 


( Satisfactory 1 

41,900 

93.700 

20.5 

24.0 


\ After remdting f 

42,450 

92,900 

18.0 

21. 5 

10 

) Satisfactory ( 


94,500 

23 s 

24.6 


( After remelting ; 


94,500 

19. S 

21.7 


« Average of determinations in two laboratories. The remelt (alloy loB) consisted of 98 per cent orignal 
material from loA and 2 per cent of alloy additions to compensate melting losses. 


elongations of the two are about equal. 
This pronounced drop in elongation for the 
higher silicon analysis is attributed to the 
formation of the sigma phase. 

Since precipitation of carbides, as con- 
trasted with sigma, is usually rapid, the 
elongation after aging for 24 hr. provides 
useful information in such cases. Referring 
again to Table i, it appears that a mini- 
mum elongation of 4 per cent would reject 
alloys that are ‘‘overbalanced,” such as 
those which fall to the right of the peak 
in the plot of L.C.S. versus composition 
(Fig. 6). The utility of this procedure 
probably is confined to the substantially 
austenitic alloys. 

Beyond the functions described, some 
importance is attached to the detection of 

* Both of the creep tests were discontinued 
in stage II, to avoid complications from struc- 
tural damage. The lower load on the 1.56 per 
cent Si material was necessary to prevent 
api>earance of stage III during the time period 
used. 


to nonmetallic inclusions of the type 
illustrated in Fig. 8. Normal elongation 
may vary over a wide range: unless the 
characteristic values are known, a low 
figure accompanied by high tensile strength 
may indicate strong rather than defective 
material (Fig. 7). Since the tensile-strength 
level is less variable with composition and 
structure, it is suggested that a minimiun 
of 80,000 lb. per sq. in. after furnace 
cooling from 24 hr. at i4oo°F. is a better 
criterion for sound metal than is elongation. 

With its ability to evaluate carbide 
precipitation, to indicate the presence of 
serious inclusions and to reject badly over- 
balanced compositions, there is considera- 
ble justification for an acceptance test after 
aging. Unfortunately, when used alone, it 
tends to place a premium upon weaker 
alloys. As shown in Fig. 7, the inverse cor- 
relation is not sufficiently reliable, how- 
ever, to permit the use of low ductility as a 
measure of high creep strength. Some 
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estimate of load-carr3ang ability is needed appear. Plastic flow will rapidly reduce 
as a primary acceptance test. severe stresses to the vicinity of a pseudo 



Fig. 8. — Oxide inclusions in alloy containing 26 per cent chromium and 12 per cent 

NICKEL. Unetched. X 300. 



oooooooooeo 

ooooooooooo 

Temperature. - Des. Famr. 

Fig. 9. — Stresses resulting from hindered thermal contraction. 

Thermal Stresses yield strength.” Thereafter, or for stresses 

If thermal contractioa of these aUoys below this, stress relief is very slow and is 
is hindered, either by fiy <^ anchorages or dependent upon the creep characteristics 

by the rigidity of a casting subjected to of the material. The limits for rapid stress 

differential cooling, serious stresses will relief at various temperatures have been 
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determined experimentally with three 
alloys. 

By heating a specimen (16 by %-in. 
diameter with i by 0.505-in. gauge length) 
to high temperature in a tensile machine, 
appl3dng a small load to remove any slack 
in the system and then slowly cooling the 
test bar, the unrelieved stress characteristic 
of each temperature appears on the load 
indicator of the machine.® These data are 
plotted in Fig. 9. In parallel experiments 
it was found, by arresting cooling at some 
temperature and by applying an additional 
load, that within a few minutes the in- 
creased stresses were reduced by flow to 
values corresponding to the temperatures 
shown in Fig. 9, but stress decrease there- 
after was scarcely perceptible. Further 
changes, of course, could have been 
measured by more precise methods. 

Interpretation of these data suggests 
that the more ductile alloys are less sus- 
ceptible to fracture from thermal causes 
and, because of their lower strength, they 
intrinsically develop lower thermal stresses 
than do materials of higher strength. It 
follows that hindered contraction or tem- 
perature gradients are inherently more 
dangerous to the high-strength materials. 
Weaker, ductile compositions thus have a 
definite field of usefulness because, in 
appropriate sections, they can replace 
lighter castings of high strength to provide 
a greater factor of safety for installations 
where excessive thermal stresses cannot be 
avoided in design. 

A flexible specification should permit 
choice between strong alloys that may be 
most economical under well-controlled 
and precisely known service conditions and 
weaker, more ductile material for struc- 

« Elastic deflection of the lower crosshead, as 
measured by a dial gauge, was compensated, * 
but flexing of the upper crosshead undoubtedly 
permitted some stress relief not reflected by 
elongation of the specimen. Except for the first 
few values, this does not aflfect the indicated 
stress. 


tures where accidental or unavoidable 
thermal stresses may become a serious 
factor, and where the possibility of dis- 
tortion is preferred to that of actual 
fracture. 

It is significant that the stress-strain- 
rupture test (Table ii) is able to rank the 


Table ii. — Ductility Evaluation by i4oo®F. 
Stress-strain-rupture Test**- 


Alloy 

No. 

Chemical Analysis, Per Cent 

L.C.S., 
i8oo°P., 
Lb. per 

Sq. In. 

C 

Mn 

Si 

Ni 

Cr 

N 

iiA 

iiB 

iiC 

0.4s 

0.32 

0.32 

O.S 4 

0.48 

O.S 3 

0.60 

0.63 

0.50 

12.8 
13.2 
II. s 

26.8 

23.9 

26.2 

0.08 

0.09 

0.07 

3,000 

2 , 500 ^ 

1,200^ 


Alloy 

No. 

Elevated-temperature 
Stress-strain-rupture 
Test at i400®P., 
20,000 Lb. per Sq. In. 

Room-tempera- 
ture Properties 
after Aging, 
I400®P., 

24 Hr., P.C., 
Elongation, Per 
Cent in 2 In. 

Life, 

Hr. 

Rate, 
Per Cent 
per Hr. 

Elon- 
gation, 
Per Cent 
in 2 In. 

iiA 

29. 5 

0.30 

i.S 

4.3 

iiB 

is.s 

0.14 

3.5 

II . 3 

iiC 

2.9 

4.9 

24.0 

28.3 


« These short times at 1400°P. are considered inade- 
quate for detecting the effect of the sigma phase after 
lon^ heating. They are especially effective for indi- 
cating carbide precipitation. 

^ Approximate value estimated from data on com- 
parable analyses. 

three alloys of Fig. 9 in ductility, creep 
resistance, and length of time for which 
loads near the range of rapid stress relief 
can be sustained without failure. Of these 
factors, ductility appears as the most 
important for avoiding fracture. It is 
suggested that compositions that show low 
elongation in the stress-strain-rupture test 
win fracture under overloads before plastic 
flow has reduced the excessive stresses to a 
safe working level. The most ductile alloy 
(C, Fig. 9) is typical of compositions with 
wide industrial application. Not only did 
test bars Ci and C2 survive the initial 
hindered contraction tests, but the sped- 
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men C2 cooled from i8oo°F. also endured this objection, the data resulting from this 
a second identical test (not shown) from method are believed to be more indicative 



Fig. 10. — Correlation of single stress-strain-rurture tests ^tth limiting creep stress 

FOR THE SAME COMPOSITION. 


i8oo®F. to room temperature without 
breaking. 

Stress-strain-ruptxtre Tests 

Because they have a definite relation to 
long-term creep tests (Figs, i and 2), 
because they furnish important informa- 
tion about ductility at service tempera- 
tures, and particularly because they 
present a true picture of behavior under 
overload, stress-strain-rupture tests have 
been considered for acceptance testing. 
Either fracture time or strain rate is an 
approximate function of limiting creep 
stress, as appears from the plot of a dozen 
representative heats in Fig. 10, However, 
the variations are serious. For example, at 
i8oo®F. and 6000 lb. per sq. in., a life of 
10 hr. or a minimum (stage II) strain 
rate of 1 per cent per hour would indicate 
a probable L.C.S. at i8oo°F. of 1500 lb. 
per sq. in., but with a possible error of 
500 lb. per sq. in. This lack of precise 
correlation is the result of differences in the 
slope of plots as typified by Fig. i. Despite 


of probable service performance than any 
current acceptance test for the Cr-Ni-Fe 
alloys. A standardized stress-strain-rupture 


Table 12. — Magnetic Analysis of Beat- 
resistant Alloys 


Heat ' 

Chemical Analysis, Per Cent 

No. i 

C 

Mn 

Si 

Ni 

Cr 

1 

N 

XF37 
XF38 
XF39 i 

0.19 

0.31 

0.42 

0.41 

0.42 

0 . 4 S 

1 0.43 

0.42 j 
0.45 1 

II . 4 

II-4 
II. 3 

26.5 
26. 5 
26.1 

0.08 

0.07 

0.06 

XF51 

XH61 

0.32 

0.33 

0-54 

0.56 

1 

0 0 

II . 4 
II. s 

26.1 

26.4 

0.13 

0.12 


Heat 

No. 

L.C.S., 
i8oo®F., 
Lb. per 
Sq. In. 

Permeability (H =* 24) 

As 

Cast 

After Testing 
at i8oo°F- 

After 
Heat- 
treatment, 
2000°F., 
24 Hr., 
Water 
Quench 

S.S.R. 

Tests 

Creep 

Tests 

XF37 

600 

1.60 

1.96 

2.83 

2,01 

XF38 

1,150 

1.05 i 

1.30 

1.81 

1.39 

XF39 

2,200 

1 . 01 

1. 10 

1.20 

1.02 

XFsi 

2,100 

1.02 

i.oS 

1. 15 

1.02 

XH61 

2,150 

1.04 

1.07 

1. 12 

1.07 
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test at either i4oo®F. and 20,600 lb, per Magnetic Analysis 

sq. in. or i8oo®F, and 6000 lb. per sq. in. Differences in the strengths of alloys 

might be suggested for this purpose if the with varying amounts of ferrite (Fig. n) 



Alloy I A, Mu = 2.83 Alloy iB, Mu — 1.81 Alloy iC, Mu = 1.20 

L.C.S. at i8oo°F. = 600 lb. L.C.S. at i8oo°F. — 1150 lb. L.C.S. at i8oo°F. = 2200 lb. 

per sq. in. per sq. in. per sq. in. 

Fig. II. — Ferrite distribution in alloys containing 26.3 per cent chromium and 11.3 per 
CENT nickel after CREEP TESTING AT l8oo°F. X I3S- 
Etchant: i : i HCl, cold. 


necessary precision of testing procedure 
were not confined to creep laboratory 


Table 13 . — Effect of Time at Temperature 
on PermeaMlity 


Heat 

Chemical Analysis, Per Cent 

No. 

C 

Mn 

Si 

Ni 

Cr 

N 

XH61 

XH63 

0.33 

0.32 

0.56 

0.53 

0.49 

0.50 

ii-S 
II. s 

26.4 

26.2 

0.12 

0.07 


Permeability (H = 24) after Heat- 
treatment and Water-quenching 


Heat 

I 

No. 

i8oo®F., 

I Hr. 

i8oo°P., 
24 Hr. 

2000°P., 

I Hr. 

2000°P., 
24 Hr. 

XH61 

XH63 

1.003 

1.033 

! 

1 I . 054 

1. 180 

I 

1,018 

1.300 

1.066 

1.558 


practice, and if magnetic analysis did not 
offer more interesting possibilities. 


suggested that magnetic permeability 
measurements be used for quantitatively 
evaluating the extent of this phase. A 
survey of several heats (Table 12) indicates 
that ferromagnetism increases with time 
imder stress at i8oo°F. and that there is a 
direct relationship between creep strength 
and permeability* after creep testing. A 
plot of L.C.S. at i8oo°F. versus permea- 
bility for specimens from the gauge lengths 
of creep bars yields the interesting cor- 
relation of Fig. 12. These data are derived 
from tests employing various stresses 
sustained for different times. 

* The permeability values reported herein 
are based on the calibration supplied by the 
manufacturer with a custom-built instrument. 
They are reproducible, but their accuracy in 
terms of absolute electromagnetic units has not 
been fully established. Interlaboratory check- 
ing is in progress, and any correction factor 
found necessary will be made available. 
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For precise acceptance testing, a uniform 
reference treatment is necessary since as- 
cast values (Fig. 14 and Table 12) are 
not satisfactory. Hence, beating in ferrite- 


The point at 800 lb. per sq. in. is at 
considerable variance vrith the trend. 
Tbis beat, with 0.20 per cent C and 0.15 
per cent X, is not a commercial composi- 



Specimens ^ronrv &a^e LengTF* 
of Creep 'T'cs+ Bar* 

Fig. 12. — COREIELATION OF CREEP STRENGTH AND MAGNETIC PER3lEABrLITY AFTER CREEP TESTING. 


promoting temperature ranges was investi- 
gated. Because experiments demonstrated 
that time at temperature without stress 
increased permeability (Table 13), a period 
of 24 hr. was selected. Longer intervals 
might develop additional ferrite and more 
closely approximate equilibrium, but would 
excessively delay foundry production. 
Since maximum development of ferrite 
occurs at 2ooo®F. for a number of composi- 
tions (Fig. 13), a treatment at 2ooo®F. 
for 24 hr. was established, followed by 
water quenching to arrest possible trans- 
formation during cooling. The relation 
with creep strength appears in Fig. 14. 


tion. It is probable that more evidence wUl 
delineate a zone on either side of the plot 
indicative of the possible error for com- 
mercial alloys. Unless this xmcertainty 
becomes greater than the probable error in 
Fig. 10 for stress-strain-rupture tests, 
the correlation justifies magnetic accept- 
ance testing in conjunction with tensile 
tests after aging at i4oo°F. for 24 hr. 
The companion aging test may be quite 
important for detecting seriously over- 
balanced compositions at i.oo permea- 
bility where the magnetic test can no 
longer quantitatively appraise the alloy 
balance. Magnetic anal3rsis is less expen- 
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sive, less tedious, and less exacting than 
elevated-temperature acceptance tests. 
Further, it eliminates heats with excessive 
amounts of ferrite that may transform 
to sigma after long exposure at service 
temperatures. The appearance of this 
nonmagnetic phase promoted by sigma- 
forming elements (Cr, Si, Mo^°) beyond 
the restricted composition range in Figs. 
12 and 14 may seriously disturb the 
relationship between permeability and 
creep strength. 

From these considerations, it is suggested 
that a maximum carbon content be 
established to confine commercial pro- 
duction to the left slope of the curve in 
Fig. 6, that maxima of 1.75 per cent Si and 
28 per cent Cr be used to inhibit develop- 
ment of the embrittling sigma phase, and 
that the minimum chromium content be 
established by the degree of oxidation 
resistance required. Sufficient latitude in 
nickel (10 to 14 per cent) and nitrogen (up 
to 0.20 per cent) should be permitted for 
balancing the composition. Within this 
broad chemical range some unsatisfactory 
alloys may be excluded by the tension 
test after aging at i400°F. for 24 hr. to 
detect carbide embrittlement, to identify 
defective material by a minimum tensile 
strength of 80,000 lb. per sq. in., and to 
evaluate the approximate short-term ele- 
vated-temperature ductility. A permea- 
bility test after 24 hr. at 2ooo°F. may be 
employed to estimate limiting creep stress 
and to eliminate alloys that are below the 
required strength. The maximum permea- 
bility for the required creep strength at 
i8oo°F. may be selected from Fig. 14; 
the probable maximum, average, and 
minimum ductility after aging from Fig. 7. 
The strength at other temperatures may 
be estimated from Fig. 2. Since magnetic 
analysis is important in this procedure, 
data from other laboratories are desirable 
for establishing its validity and for defining 
its limitations. 

This procedure takes advantage of the 


current trend toward broader chemical 
limits and more searching acceptance tests. 
It should be understood that the method 
thus far embraces alloys containing only 
significant percentages of carbon, nickel, 
chromium, silicon and nitrogen. Other 
elements probably can be included in this 
approach but it is essential that the 
interrelation of creep strength and permea- 
bility be separately determined for each 
special chemical specification. 

SraMARY 

In general, h3rpothetical explanations 
of the data in this paper have been avoided. 
Comparisons, correlations, and trends have 
been indicated, but the positive designa- 
tion of an optimum alloy depends upon 
particularized individual requirements. The 
following observations are believed sig- 
nificant in the industrial utilization of 
the cast 26 per cent Cr:i2 per cent Ni 
heat-resistant alloys. 

1. The metallographic constituents, fer- 
rite, sigma, complex carbides, a lamellar 
aggregate, and nonmetallic inclusions, 
modify the properties of these nominally 
austenitic alloys. 

2. These alloys are extremely sensitive 
to variations of chemical composition. 

3. Quantitative information concern- 
ing the effects of oxidation and sulphida- 
tion at elevated temperatures is urgently 
required to establish optimum alloy bal- 
ances for the several service conditions. 

4. Any practical restrictions of chemi- 
cal specifications alone will result in a wide 
range of properties. 

5. The acceleration of creep rates by 
appreciable temperature fluctuations should 
be recognized in engineering, in creep labo- 
ratory procedures and in future research. 

6. Strength and ductility at elevated 
temperature are inverse qualities and a 
choice should be made between them, 
based on service analysis. 

7. Ductility values are considerably 
affected by the technique of measurement. 
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Total elongation at fracture under con- 
stant load and constant temperature seems 
to be the best rapid measure of compara- 
tive ductility. 

8. Tensile tests after brief aging are 
useful for identifying alloys that embrittle 
rapidly, and for detecting defective mate- 
rial. They are not reliable indices of 
residual ductility after exposure to stress 
at high temperature. 

9. Elongation after aging has an 
inverse correlation with creep strength, 
and should not be used alone to evaluate 
the merit of material for high-temperature 
service. 

10. Structural damage resulting from 
overstressing may be the cause of low 
residual ductility or of failure. It should be 
distinguished from embrittlement by pre- 
cipitation-hardening. 

11. Strong alloys are more susceptible to 
failure under overloading from hindered 
thermal contraction than are very ductile 
compositions. 

12. Stress-strain-rupture tests provide a 
measure of elevated-temperature strength, 
ductility and life before fracture under 
overload. 

13. The amount of ferrite developed 
with or without stress at elevated tem- 
peratures is an inverse function of creep 
strength. 

14. Ferrite promoted by 24 hr. at 
2ooo®F. makes possible the use of magnetic 
analysis for predicting probable creep 
strength. 

15. Data useful in design calculations 
have been presented. 
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DISCUSSION* 

{A. V. de Forest presiding 

0. E. Harder,* Columbus, Ohio. — This 
paper is an unusually valuable contribution to 
the all too meager engineering data on heat- 
resistant alloys. I am in sympathy with the 
method of approach and in agreement with 
most of the deductions and comments. There 
are, however, a few points on which some com- 
ments seem to be in order; not to disagree with 
the authors so much as to avoid the possibility 
of the reader drawing wrong or unwarranted 
conclusions. 

On page 5 , last paragraph of jflrst column, it 
needs to be remembered that loss of ductility 
on aging may also result from the transforma- 
tion of ferrite to the sigma phase in alloys that 
are not wholly austenitic. Also, in the first 
paragraph in the second column, the statement 


* Assistant Director, Battelle Memorial 
Institute. 
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that the “cast 26 per cent Cr; 12 per cent Ni 
alloj^s are austenitic’* seems open to question 
because, as the authors indicate later, they 
may be strongly ferritic. “Austenitic” might be 


Illustrative of alIo\’s of only about 0.31 per 
cent carbon, which have good L.C.S. values, 
certain alloys reported by Gow and Harder^ 
ma\" be mentioned (Table 14)- It is obvious 


Table 14. — Alloys Reported by Gow mid Harder'^ 


Alloy 

No. 


Chemical Composition, Per Cent 


Ratio 

; L.C.S. at 
iSoo®F. 

c 

N 

Cr 

Ni 

Si 

Mn 

1 Factor 

1 

( 

AS I 

0.33 

0.032 

24.18 

12.36 

0.S3 

0.96 

' 1-54 

1 2000 -f 

AS2 

0.33 

0.087 

24.57 

12.48 

0.84 

0.97 

I-S 4 

) 2000+ 

AS4 

0.31 

0.150 j 

25-30 

11.97 i 

o.gr 

0.99 

1 1.70 

j 2000 -}- 

AU2 

0.30 

0.086 

22.95 

12.66 1 

0.87 

0.78 

i 1.43 

2000 4 - 


Justified if it means the greater amount of the 
structure is austenite. In fact, Fig. 4 shows an 
alloy of these chromium and nickel contents 
but which evidently contains some 10 to 20 per 
cent of a phase other than austenite. Inci- 
dentally, considering the molj'bdenum as 
equivalent to four times as much chromium, 
this alloy has a calculated ratio factor of 2.3S. 

It seems a pity that no use was made of the 
ratio factor in discussing Fig. 6 and the data 
in Table i. Admittedly there are limitations to 
the applications of the calculated ratio factors, 
and variations in nitrogen is one of them, but 
in these alloys (lA to lE, Table i) the nitrogen 
contents are essentially the same and quite 
close to the nitrogen contents in the alloys used 
by Gow and Harder to develop the ratio factor. 

Calculations for the ratio factors for the 
aUoys in Table i and Fig. 6 give values of 2.06, 
1.89, 1. 71, 1.58 and 1.45 for lA, iB, iC, iD 
and lE, respectively. Thus it is clearly indi- 
cated that I A is strongly ferritic; iB is moder- 
ately ferritic, iC is most likely substantially 
austenitic; while iD and lE are austenitic. 
Thus by holding chromium and nickel constant 
and increasing the carbon content in this series 
of alloys, the structure has been changed from 
strongly ferritic to wholly austenitic and this 
relation has not been brought out adequately 
in this paper. 

The data show that alloy iB has a much 
lower L.C.S. than alloy iD, and it might be 
inferred that an alloy of only 0.31 per cent 
carbon cannot be made to have an L.C.S. value 
equivalent to that of alloy iD, or even iC. 
However, had the nickel content of alloy iB 
been increased from 11.3 to 12.67 per cent, its 
ratio factor would have been 1.7; thus pro- 
ducing a wholly austenitic alloy. 


that the four alloy’s listed, with carbon con- 
tents in the range of 0.30 to 0.33, but of bal- 
anced composition so that they are wholly 
austenitic, have very' different L.C.S. values at 
i8oo®F. as compared with allo}* iB in Table i. 

The authors discuss the subject of “over- 
balanced’* compositions resulting from the 
addition of unnecessarj’ amounts of austenite- 
stabilizing elements and suggest that this may 
cause a loss of creep strength. Alloy .AU2 (Table 
14) is decidedly “overbalanced” because of the 
relatively high percentage of nickel compared 
with the chromium content, and yet the limit- 
ing creep strength does not seem to have been 
materially affected. 

On the other hand, “overbalancing” by 
adding excess of carbon, as in alloy lE, may 
well result in loss of creep strength at i8oo®F. 
Gow and Harder noted that alloj’S ASi, AS 2, 
AS4, AU2, -v^dth carbon contents of 0.33, 0.33, 
0.31 and 0.30 per cent, respectively, had higher 
creep strengths at i8oo®F. than alloys AD and 
AE, with carbon contents of 0.41 and 0.44 per 
cent, respectively. This relation appears to be 
reversed at i4C>o°F., however. 

Under Effects of Composition, the authors 
say that “from 0.20 to 0.40 per cent carbon, 
the creep strength is approximately doubled 
by an increment of o.io per cent.** This is 
clearly indicated by the curve of Fig. 6. How- 
ever, as mentioned above, with the chromium 
and nickel ratios kept constant, increasing the 
carbon in the range of 0.20 to 0.40 per cent 
changes the structure of the alloy from one that 
contained a large amount of ferrite (or sigma) 
to one that was substantially austenitic, and 
the data shown in Fig. 6 reflect more the effect 
of change of structure — that is, the relative 
amount of ferrite and austenite than the 
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effect of carbon content on an alloy that has 
the same type of structure; for example, one 
that is wholly austenitic. 

Harder and Gow when dealing with wholly 
austenitic alloy's found that the limiting creep 
strength of alloys containing 0.30 to 0.33 per 
cent carbon was as good at i8oo°F. as for 
allo>"S containing 0.41 to 0.44 per cent carbon, 
if not better. It is not seen that any harmful 
effect results from slightly “overbalancing’* 
alloys by the use of increased amounts of 
nickel, although the cost would be increased. 
Gow and Harder have indicated that in wholly 
austenitic alloy’s the elongation at room tem- 
perature, after aging 48 hr. at i6oo°F., is a 
function of the carbon plus one-half the nitro- 
gen (C -h while the elongation at i8oo®F. 
is a function of the carbon plus two and one- 
half times the nitrogen (C -}- An alloj^ 

such as lE, wdth a carbon content of 0.61 per 
cent, would be off the scale showm by Gow and 
Harder for the elongation after aging 48 hr. 
at i6oo°F. 

To summarize, increasing the carbon content 
of heat-resisting alloys is onl}* one of the pos- 
sible means of balancing the composition so as 
to make the alloys wholly austenitic or to de- 
crease the content of ferrite, and if the ratio 
of chromium to nickel is high, excessive amoxmts 
of carbon may be required, and, as a result, 
alloys of low ductility will be obtained. Obvi- 
ously, decreasing the ratio of chromium to 
nickel is another effective way of balancing the 
composition of the allo3’S and this means is 
usable without employing an excessive amount 
of carbon, so that the ductility’ would be 
drastically reduced and no harmful effects on 
the properties of the alio>'S are seen from 
slightly- “overbalancing” the composition bj^ 
the addition of nickel. 

In calculating the ratio factors in Table 3, 
it seems likelj" that, instead of using the ratio 
factor as the authors did, a better picture would 
have been obtained had consideration been 
given to the molj’bdenum content and molybde- 
num calculated as the equivalent of four times 
as much chromium. This would indicate that 
all of the alloys are more strong!}-’ ferritic, and 
it is suggested that alloy 3C, w’ith a ratio factor 
of 1.96, calculated on this basis, was essentially 
nonmagnetic after the creep test because it 
contained a substantial amount of the sigma 
phase, which is nonmagnetic. 


The authors’ correlation of limiting creep 
stress at iSoo°F. with magnetic permeabilit}", 
after testing at i8oo°F., as shown in Fig. 12, 
and a similar correlation using specimens that 
have been heated 24 hr. at 2ooo°F. and 
quenched in w’ater, seem to be valuable rela- 
tions, w’hich deserve continued stud}’ as a 
relatively convenient method of appraising 
heat-resistant alloys of this type. 

P. H. Dike,* Philadelphia, Pa. — The authors 
are to be commended for a comprehensive and 
careful study of the properties of a chromium- 
nickel-iron group of alloys. To the writer the 
correlation found betw’een creep strength and 
magnetic permeability is the most significant 
and important contribution presented in the 
paper, since his interests happen to take that 
direction. The fact that a simple, quickly made 
measurement of permeability on a sample from 
a melt gives an index to the behavior of the 
melt under stress at high temperature offers a 
most inviting means of escaping the necessity 
for time-consuming and difficult measurements 
of creep. 

The alloys under consideration are almost 
nonmagnetic, in spite of containing over 60 per 
cent of iron, and owe this property to the fact 
that the formation of ferrite is discouraged in 
the presence of the particular nonferrous ele- 
ments combined with the iron. It should be 
strongly emphasized that the method is appli- 
cable, as far as our present knowledge goes, 
only to a narrow range of heat-resistant alloys. 
Its validity for other alloys cannot be assumed, 
and can be established only by such experi- 
mentation as has been carried out by the 
authors. It -would be valuable to have infor- 
mation on the range of compositions of these 
alloys for -which the permeability tests give 
reliable information as to creep strength. 

A. B. BAGSARjt Marcus Hook, Pa. — The oil- 
refining industr}’ has been an important user of 
castings of this alloy for tube supports in 
cracking furnaces, and similar applications. In 
its early stages of development, the castings 
made of this general type of alloy usually con- 
tained I per cent or more of carbon. Although 
many of these high-carbon castings have given 
good service, a large number of them have 

♦Assistant Director of Research, Leeds & 
Northrup Co. 

t Metallurgical Division, Sun Oil Co. 
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failed by cracking, because of their inherent to be austenitic b}’ the magnetic permeability" 

brittle character and their inability to with- test? If this is so, the magnetic permeability 

stand thermal shock. Better serviceability has test would have a questionable value, 
been obtained by reducing the carbon content. As suggested by the authors, it would appear 



/=‘/fcro^ 

Fig. 15. — Ratio factors plotted against L.C.S. at iSoo°F. 


The castings now generally used in the oil 
refineries contain 0.25 to 0.35 per cent carbon, 
possess a fair degree of ductility, and in most 
part are not wholly or permanently austenitic 
alloy castings. 

The data presented in this paper seem to 
indicate that the magnetic permeability test 
could be advantageously used for differentiating 
between austenitic and ferritic types of alloy 
after aging for 24 hr. at 20oo®F. and water 
quenching. I do not believe that this test alone 
is sufficient for predicting serviceability, since 
an alloy showing low magnetic permeability 
may have extremely objectionable high-tem- 
perature properties due to an unsuspected 
content of impurities such as tin or lead, the 
presence of "which vrould not be detected by the 
permeability test. Another objectionable fea- 
ture of the magnetic test consists in its depend- 
ence on the preliminary aging at 2ooo°F. 
Would it be possible to obtain structural 
changes in an alloy of this type by prolonged 
heating and stressing at 1400® or i6oo®F. under 
service conditions, which was initially shown 


essential to resort to a high-temperature short- 
time tensile test, or, better still, to a stress- 
rupture test, for arriving at a more dependable 
evaluation of high-temperature serviceability 
of a given alloy of this type. 

F. B. Foley,* Nicetown, Philadelphia, Pa. — 
According to Gow and Harder, the ratio factor 
seems to be an indication of the limiting creep 
stress that may be expected. The present paper 
reports actual limiting creep stresses (for a rate 
of o.i per cent per 1000 hr.) at i8oo°F. for 
12 different heats, of which six may be con- 
sidered normal from the point of view that 
neither molybdenum nor nitrogen in excess of 
0.09 per cent is present in them. The other six 
contain higher nitrogen and two contain 
molybdenum also. The ratio factors either 
appear in the paper or may easily be figured 
from the composition given. Plotted against 
theL.C.S. at i8oo°F., they present the excellent 
correlation shown in Fig. 15, in W’hich heats 

* Superintendent, Research Department, 
The Midvale Company. 
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having special additions are so marked. The 
creep value of only one of the normal heats lies 
more than loo lb. per sq. in. off a smooth curve. 
This is a much better correlation than is found 
by plotting carbon instead of the ratio factor 
against the L.C.S. 

The authors, however, make rainbow chasing 
of the search after high creep strengths. One 
may have high creep strength, but if it is taken 
advantage of fully in design one ma3’ expect 
his casting to fail in short order. Designers 
generally have not asked for over 1600 lb. per 
sq. in. L.C.S. at i8oo°F. and have used half 
this value (800 lb. per sq. in.) in designing. 
Seldom has failure occurred, and perhaps the 
reason for this appears in the authors* Fig. i 
and Table 4, from which the following data are 
taken: 


' Time to Rupture under Applied 

! T T V, «« T« 


Alloy 

L.C.S. 

at 1 

i8oo°F. 

1 Load of 800 Lb. per Sq. In. 

Hours 

Years 

A 

600 

3 S,ooo 

4 

B 

1150 i 

300,000 ! 

34 

C 

2100 1 

1,000,000 

1 14 

D 

3000 1 

100,000 

II 


By using a design stress of 800 lb. per sq. in., 
it does not appear that there was any grave 
risk of failure as long as there was a limiting 
creep strength of from 1100 to 3000 lb. per 
sq. in. Even were the L.C.S. as low as 600 lb. 
per sq. in., the casting might be expected to 
last four years. The paper shows in Table 4 
what w’ould happen if half the actual L.C.S. 
value were used as a design stress. According 
to it, the higher the L.C.S., the lower the life 
expectancy. All of this is, of course, based on a 
considerable amount of extrapolation. 

Since there are no indications that any rea- 
sonable return in hours of service can be 
expected from pushing this alloy to higher 
creep strengths, it seems that designers may 
well content themselves with adhering to their 
present 800 lb. per sq. in. figure and rest safe 
in the use of 25-12 wdth a ratio factor betw^een 
sa3' 1.60 and 1.95 and a magnetic permeability 
not exceeding say 2.0. 

The authors are to be commended for the 
unusual degree of precision with which they 
conduct their work, and which gives to their 
results a degree of reliability not always to be 


depended upon in high-temperature studies of 
this t\’pe. 

H. S. .A.X'ERY (author’s reply}. — In condens- 
ing the mass of data available into a paper of 
reasonable length, discussion of man}- subjects, 
such as Dr. Harder’s ratio factor,” was 
drasticall3’ curtailed. The omission is not seri- 
ous, as Harder and Gow’s extended treatise^ is 
readily available, and should be studied by all 
w’ho attempt to evaluate these allo3's* 

Since the so-called ‘‘austenitic alloys ” seldom 
contain only the single-phase austenite, it is our 
recommendation that the word “austenitic” 
be considered as an adjective indicating the 
major portion of the structure to be the gamma 
phase. In this sense it may be used regardless of 
W’hether the steel contains small amounts of 
excess carbides, sigfna or ferrite. The term 
“ferritic alloys” should be reserved for those 
steels whose predominant phase is ferrite and 
whose magnetic permeabilities are several 
hundred times the values encountered for the 
high chromium-nickel compositions. 

The “ratio factor” provides a means for 
deducing the magnetic behavior of composi- 
tions, placing them in two classes. The approach 
in our work has been a direct measurement of 
magnetism to integrate the effect of all the 
elements present, which includes those like 
nitrogen that have not been satisfactorily 
included in the ratio factor. It has the added 
advantage that it permits the quantitative 
evaluation of the partially ferritic alloys (w’hose 
ratio factors are above 1.7) with greater preci- 
sion, we believe, than is possible b3" single 
stress-rupture or hot tensile tests. As Dr. 
Bagsar points out, a large portion of current 
production contains ferrite. 

The balancing of intended compositions with 
chromium and nickel, as suggested, is quite 
practicable, if oxidation and sulphidation 
resistance can be assured. It has been restricted 
in the past by specifications that set 12 per cent 
nickel as a maximum. Manufacturers are 
reluctant to jeopardixe oxidation resistance b3" 
reducing chromium. Further, the demand for 
9.0 per cent elongation after aging at i4oo®F. 
curtails the employment of wholly austenitic 
alloys. Some will meet this arbitrary test, but 
many will range between 4.0 and 9.0 per cent 
elongation even when austenitized with nickel 
instead of carbon. 
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The proposal that molybdenum be included 
in the calculations of the ratio factor for Table 3 
neglects nitrogen. In this series the ferrite- 
forming tendency of molybdenum is sub- 
stantially balanced by the austenite-former 
nitrogen, and the ratio-factor values are 
approximately correct. Other^vdse a substan- 
tially austenitic balance for heat 3C probably 
would not be evident. If sigma (which does not 
appear in the microstructure after creep-testing 
at i8oo°F.) were present as suggested, the 
L.C.S. should be appreciably low-er, as in Fig. 4. 

We agree with Dr. Dike that the composition 
brackets in Fig. 14 cover a practical manufac- 
turing range for only one alloy type. Additional 
evidence is being obtained as fast as pertinent 
creep tests can be made. Already it appears 
that the nickel range can be expanded without 
difficulty, and two points may be added to Fig. 
14, as follows; 1200 lb. per sq. in. with perme- 
ability = 1.66 (2.22 per cent Si) and 1550 lb. 
per sq. in. with permeability = 1.15 (1.56 per 
cent Si). 

The early failures in oil-refinery castings 
mentioned by Dr. Bagsar are readily explained 
by the effects of carbon shown in Table i and 
Fig. 6. Similarly, in Fig. 9, there is experimental 
justification for the present high ductility 
trend. Here a word of caution is desirable. 
There are engineers who insist on combinations 
of high ductility and high creep strength. The 
former is measured in an acceptance test but 
the latter is taken on faith. It is suggested that 
single heats that show very favorable combina- 
tions of these properties are exceptional (as 
typified by the upper line in Fig. 7) and that the 
median line in the figure is a truer picture of 
the average performance of melts in foundry 
production, even under close technical control. 

Dr. Bagsar’s question about structural 
changes at i4c>o°F. or i6cx)®F. for an alloy 
shown to be nonmagnetic after aging at 2ooo°F. 
is best answered by Tables 5 and 6 and Fig. 2. 
The residual elongations (room temperature) 
of four unfractured creep tests in Fig. 2 were 
10 per cent (2ooo®F.), 7 per cent (i8oo®F.), 
4 per cent (i6oo°F.) and 3 per cent (i4oo°F.). 
These are typical of ferrite-free alloys contain- 
ing 26 per cent Cr and 12 per cent Ni. We have 
found no evidence that structural changes 
other than carbide precipitation and agglom- 
eration take place below 2ooo®F. for normal 
compositions of this type. If the validated and 
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recommended chemical ranges are followed, 
there is little to fear from this source. 

For partially ferritic analyses the situation is 
complicated. Some alloys are reasonably 
stable: lA and iB in Fig. i have residual 
elongations of 12 and 8 per cent, respective^, 
after creep- testing for 1000 hr. at i4oo°F., for 
example; others, as Dr. Harder has stressed, 
embrittle markedly from sigma development 
(see Table 9, alloj" pB). The magnetic test is 
not intended to indicate phase changes that 
ma3’ occur at various temperatures, even 
though for nonmagnetic alloj^s it gives con- 
siderable assurance of freedom from sigma 
development. It is recommended for the 
estimation of long-term load-carr^’ing ability 
and should be supplemented bj" another test if 
structural changes are suspected. 

Alloy's containing 26 per cent Cr and 1 2 per 
cent Ni perform best above i6oo°F. Most of 
their undesirable features appear at or below 
this temperature. If a maximum service tem- 
perature of i6oo°F. is assured for a given 
application, lower chromium content may be 
desirable. Sigma embrittlement would thereby 
be minimized. This type of substitution has 
been avoided because of design complications, 
but it may be forced on industry hy wartime 
scarcity of metals. 

Dr. Bagsar implies that we favor elevated- 
temperature acceptance tests. Ideally, these 
are logical requirements. Practically, even the 
best (the stress-strain-rupture type) is quite 
expensive and must be surrounded b^' so man y 
precautions to ensure reliability that vre do not 
recommend its use for production heats. Con- 
sider the difficulties an inspector would have in 
detecting the errors due to thermocouple 
contamination or defective pyrometers. On the 
other hand, the inspector could evaluate the 
specimens from a week’s melting in five minutes 
'wdth a permeameter and then check the instru- 
ment with standard specimens that can be 
carried in a vest pocket. 

W^e have encountered no failures from tin or 
lead, perhaps because in production our raw 
materials are carefulty checked and controlled. 
If their presence is suspected, they ma^^ be 
easily determined in the routine analysis of 
each melt. 

Mr. Foley’s ratio-factor plot is a useful 
supplement. It emphasizes the strengthening 
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effect of nitrogen and confirms the approximate 
nitrogen-molybdenum balance for heat 3C. For 
years we have used a similar formula (that 
includes nitrogen) to estimate creep strength 
from composition. Unfortunateh’, the effect of 
nitrogen varies in a way that discourages its 
inclusion in mathematical expressions. 

At a 0.09 per cent nitrogen level the “ratio 
factor is reasonably valid. However, we have 
found that in foundry production, w’hen none is 
intentionally added and no definite steps to 
control it are taken, nitrogen will range 


between o.oS to 0.18 per cent and 63 per cent 
of the heats will be from o.ii to 0.14 per cent 
nitrogen with basic arc melting. With this 
variation, the neglect of nitrogen ma}’ be as 
serious as a corresponding disregard of carbon. 

The remarks on design are very pertinent. 
Some present and past commercial production 
ranges as high as 1.7 permeabilit}^ and down to 
or below Soo lb. per sq. in. L.C.S. at i8oo°F. 
Despite this, the installations are considered 
satisfactory^, probably because of the low 
working stresses. 



Mechanical Properties of Iron-manganese Alloys 

By F. M. Walters, Jr.,* Member, I. R. Kramer* .and B. M. Loring,* Junior 

Members A.I.M.E. 


(Philadelphia Meeting, October 194.1) 


No observations on the mechanical 
properties of iron-manganese alloys have 
been published since pure manganese 
became readily available, either distilled 
manganese or electrolytic manganese. The 
purpose of this investigation was to deter- 
mine whether iron-manganese alloys are 
essentially brittle, as reported by Hadfield,^ 
or whether the lack of ductility observed 
was due to impurities in the alloys that he 
studied. 

Experimental Methods 

The alloys were melted in a loo-lb. high- 
frequency induction furnace with a mag- 
nesia crucible, using ingot iron and electro- 
lytic manganese. The heats were split, the 
first giving six i8-lb. ingots and the second 
three. Each successive heat was higher in 
manganese and about 0.3 per cent silicon 


Table i . — Chemical Composition of Alloys°^ 
Per Cent 


Alloy 

Mn 

C 

Si 

S 

A 

3.74 

0.04 

0. 12 

0.021 

B 

6.66 

0,04 

0. II 

0.019 

H 

8.80 

0.03 

0.03 

0.016 

C 

9.60 

0,03 

0.09 

0.019 

1 

II . 54 

0.03 

0.08 

0.014 

D 

12.93 

0.03 

0.08 

0.016 

K 

14.04 

0.03 

0.06 

0.012 

E 

16.29 

0.03 

0.07 

0.013 

P 

20.51 

0.03 

0.07 

0.013 

G 

20.70 

0.02 

O.OI 

0.017 


« Phosphorus less than 0.001 per cent. 


was added as ferrosilicon. The alloys forged 
without difficulty and were given a 90 per 
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cent reduction to %-in. rounds. The chem- 
ical analysis of the ahoys is given in 
Table i. 

The forged rods were homogenized for 



AND ELONGATION. 

Drawn from data of Janitzky and Baeyertz. 

24 hr. at ii5o°C. (2ioo°F.) and air-cooled. 
The alloys were tested in two conditions of 
heat- treatment: (i) as normalized from 
87o°C. (i6oo°F.) and (2) normalized from 
87 o°C. and tempered for i hr. at 54o°C. 
(iooo°F.) and air-cooled. 

The tensile specimens were 0.505 in. in 
diameter with a 2-in. gauge length, and 
the impact specimens were V-notch Charpy. 
The proportional limit and yield strength 
were taken from the stress-strain diagrams 
drawn by a Peters recorder. The data 
obtained from the tensile test and the 
hardness measurements are given in Table 
2. Specimens that were normalized are 
designated by N\ those that were normal- 
ized and tempered by T, Alloy G was 
tempered after forging (D). 
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Discussion op Results 

The mechanical properties of the iron- 
manganese alloys are not unexpected when 
their constitution is considered.- Up to 
lo per cent !Mn, the austenite transforms 
to ferrite, but at a progressively lower 
temperature as the manganese is increased 


the series of allo3"s is shown by those in this 
range. 

The effect of the tempering at 54o°C. 
was to raise the ductility and lower the 
tensile strength in the 6.66 and 9.60 per 
cent Mn alloys, but both the ductility 
and the strength of the 12.93 per cent 
alloy were increased by tempering. 


Table 2 . — Mechanical Properties of Alloys 


Alloy 

1 Mn. 

Per 
i Cent 

1 

Proportional 
Limit, 1 

Lb. per 

Sq. In. 

Yield 

Strength, 

0.2 

Per Cent j 

Tensile 
Strength, 
Lb. per 

Sq. In. 

Elonga- 

tion, 

Per Cent 

Reduction 
in Area, 
Per Cent 

Hardness 

Rc 

Brinell 

Hardness 

Xo. 

A-N 

3-74 

63,000 

75,000 

84,500 

27.3 

72.5 

16 

163 

A-X 


63,700 

78,000 

84.500 

27.1 

78.0 



A-T 


49.500 

63.500 

72,000 

32.0 

80.0 

14 

159 

B-N 

6.66 

i 

90,000 

117.000 

120,000 

14.0 

SI -7 

20 

241 

B-N 


90,000 

115,000 

120,000 

12.5 

50.0 



B-T 


63,000 

82,800 

92,000 

25.0 

62.3 

18 

187 

H-T 

8.80 

90,000 

103,300 

110,000 

25 

74-5 

22 

23s 

H-T 


8 1, 000 

97,500 

106,000 

27 

73-7 



C-X 

9.60 

97,500 

126,000 

138,000 

16.4 

62.1 

* 28 

266 

c-x 


97,500 

126,000 

137.SOO 

3,1 

7.7 



C-T 


70,300 

102,000 

116,500 

27 

70.1 

20 

23s 

J-X 

11.34 

52,500 

87,500 

146,500 

18.0 

47.9 

30 

277 

J-T 


43.900 

98,900 

150,000 

25.0 

65.4 

34 

302 

J-T 


46,800 

96,600 

130,000 

27.0 

66.8 



D-X 

12,93 

88,300 

105,000 

125,000 

6.3 

14. 1 

28 

262 

D-T 


33,000 1 

71.250 

140,000 

29.0 

70.4 

29 

285 

K-X 

14,04 

36,500 

53.200 

117,000 

25.0 

69.4 

20 

229 

K-T 

1 

24,300 

38,800 

124,500 

32.0 

71.8 

! 21 

212 

K-T 


24,300 

56,700 

124,500 

32.0 

695 



E X 

16.29 

31.SOO 

43,500 

89,500 

32.0 

38.2 

16 

217 

E X 


34,500 

45,000 

90,000 

28.1 

37.3 



E T 


31,600 

52,300 

92,000 

40.0 

59-0 

! 17 

210 

P-X 

20.31 

33,000 

45,000 

104,000 

12.5 

14.8 

20 

217 

F-N 


34.500 

45,000 

109,300 

15.6 

15-2 



P-T 1 


20,600 

51,800 

111,500 

20.0 

27.2 

20 

217 

G-D i 




116,000 

19.0 

28.0 

22 

212 

G-D 




127,500 

20.0 

29.2 

22 

217 

G-T 




120,000 

18.0 

24-8 

21 

207 


and the fine ferritic grain size and strain 
resulting from the low-temperature trans- 
formation give increased strength and 
decreased ductility in the normalized con- 
dition. Above 14 per cent Mn, the austenite 
transforms partly to the hexagonal close- 
packed phase, epsilon, and the alloys show 
the low elastic limit and high ductility 
characteristic of austenitic alloys. Between 
10 and 14 per cent Mn both ferrite and 
epsilon are formed by the decomposition of 
l^he austenite, and the highest strength of 


Since the temperature of the transforma- 
tions of the binary iron-manganese alloys 
and the completeness of the transforma- 
tions have been found to be little affected 
by the rate of cooling, ^ air cooling was the 
only rate employed for these experiments. 
It is believed that the results obtained 
would not have been materially different 
if other cooling rates had been used. 

Instead of being brittle, most of the iron- 
manganese alloys actually are more ductile 
than S.A.E. steels of the same tensile 
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Strength. Fig. i shows a curve relating 
tensile strength and elongation, which 
was drawn from the data of Janitzky and 
Baeyertz,^ together vdth these values for 
the iron-manganese alloys. No reason has 


Table 3. — Charpy Impact, V -notch 


Alloy 

Mn, 

Per Cent 

i 

Normalized® 

Normalized 
and Tempered 

A 

3.74 

22, 8® I9« 

156. 154 

B 

6.66 

5. 7 

8S, 89 

C 

9-60 

6. 8 

70 

D 

12.93 

34. 38 

71, 75. 80 

K 

14.04 


120, 127 

S I 

16.29 

191, 197 

127, 149, 112 

F 

20.51 

TS.** 87 

72, 69 


“ All made at 2i°C. (7O°F0 except as noted. 
^ Tested at 3-S°C. 
e Tested at ioo°C. 


been found for the low elongation shown 
by alloys F and G. Alloys of this compo- 
sition (20 per cent Mn) have substantially 
the same constitution as the 16 per cent 
alloy; that is, in both about one third of 
the gamma has transformed to epsilon. 

The brittleness of Hadfield^s alloys^ w’as 
probably due to their fairly high carbon 
and phosphorus content (0.06 to 0.15 and 
0.044 to 0.070 per cent). Furthermore, his 
heat-treatments (as forged, annealed, and 
water-quenched) did not include tem- 


pering, which has been found to be neces- 
sary- to develop the best ductility in some 
of the alloys. 
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DISCUSSION 

(Z. 5 . Bergen presiding) 

H. H. Uhlig,* Schenectady, N. Y. — I should 
like to ask the authors whether an}* qualitative 
magnetic tests they may have made on their 
pure alloys checked corresponding properties 
first reported by R. A. Hadfield for alloys 
containing carbon. 

F. jM. Walters (author’s reply). — The 
magnetism of low-carbon iron-manganese 
alloys depends upon their structure: the alpha 
phase is ferromagnetic while gamma and epsilon 
are not. The minimum amount of manganese 
necessary to make the alloys magnetic depends 
upon the carbon, since carbon helps to make 
them austenitic. 

* Research Metallurgist, General Electric 
Co. 



The Instability of Low-expajosion Iron-nickel-cobalt Alloys 

By R. Kramer,* Junior Member and Francis M. Walters, Jr.,* Member A.I.M.E. 

(Philadelphia Meeting, October 1941) 


The substitution of cobalt for part of the 
nickel in Invar was found by P. H. Brace^ 
to lower the coefficient of expansion. Scott^ 
extended the use of cobalt to alloys of 
higher inflection temperatures. Such alloj’s 
have a larger temperature range of low 
expansion than those without cobalt, and 


Table i. — Chemical Composition 


.Alloy 

j Per Cent 

Other 

Elements 

|Ni 

1 Fe 

j Co 

Si 

1 Mn 

Ti , 

13 

131.3^ 

|si .8 

16.14 

0.27 

0.49 



39 

27.9 

!s3.6 

18.14 

0.46 




20 

137.2 

162.2 

0.451 

0.53 




21 

[29.4 

53.4117.1 ! 



0.40 


26 

27.6 

SO.r 

121.75 

0.06 

0.49 



29 

31.7 

S2.o1is-37| 

0.43 

0.50 



30 

I29.2 

49.5120.66 

0.24 

0.40 



33 

i 29.9 

55-5 

14.47 



|0.22 


34 

29. 1 

SS. 8 14.83 



10.22 

C, 0.07; 








V. 0-44 

35 

28. s 

55-7! 

!I5.7I 



0.09 


38 

27.4 


16.58 



0.28 

C, 0.08; 








V, 0.46 

39 

29.3 

54-1 

15.49 



0. 10 

Cu, 1. 01 

40 

28.5 

53.81 

115.36 

[ 



Cu, 2.29 

41 

28.2 

54-4 

12.53 




Cu, 4.87 

42 

37.2 61.3 




I 

C, 0.05 


their use up to 400° or 5oo°C. offers 
decided advantages in certain applications. 
However, it has been found that the iron- 
nickel-cobalt alloys are not stable in this 
temperature range. 

Experimental Methods 
Two methods were used in stud3dng the 
stability of the low-expansion iron-nickel- 
cobalt allo3^s. Dilatometer specimens were 
held at 48o°C. for 9 months and the change 
in expansion characteristics was deter- 
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mined. Filings were held for about 2 
months at various temperatures and the 
change in structure was determined by 
X-ray diffraction. 

As shown by Table i, the alloys studied 
covered a tvJde range in nickel plus cobalt 
content (which determines the inflection 


Table 2, — Mean Coefficient of Rxpansion 
(20° to 425°C.) after Bolding at 48o°C. 
{goo^F.) for Times Indicated 


Alloy 

Mean Coefficient of Expansion 
after Holding for 

Increase in 
Length 
after 7 
Months, 
Per Cent 

Initial 

2 Months 

9 Months 

13 

6.50 

6.35 

6.62 

0. 10 

19 

5.15 

5 . 12 

5. 25 

0.13 

20® 

3.10 


3.56 

0.05 

21 

4.55 

5.2s 

4.88 

0.03 

26 

6.2s 

7.10 

6.88 

0.13 

29 

6.00 

6.23 

6.25 

0.07 

30 

7.00 

6.75 

6.75 

0.19 

33 

4.27 

4-59 

4.20 

0.06 

34 

4-75 

5.10 

4.57 

0.04 

35 

4.25 


5 . 50 

0.03 

38 

4.25 


5.00 

0.07 

39 

4.62 

S-OO 

5.25 

0.10 

40 

5.52 

5-50 

5.75 

0. 10 

41 

6.50 

6.00 

6, 12 

0.09 

42" 

2.20 


3-02 

0. 10 


® 20® to 2S0°C. 


temperature) as well as some variation in 
the ratio of nickel to iron (which controls 
the temperature of the gamma to alpha 
transformation). Included also are alloys 
containing carbon and vanadium, carbon 
and titanium and three with various 
amounts of copper. The alloys were melted 
in a high-frequency induction furnace with 
a magnesia crucible, using ingot iron, 
electrolytic nickel and commercial cobalt. 
Fifteen-pound heats were cast into iron 
molds after deoxidizing with silicon, or 
404 
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titanium or both. The ingots were soaked 
for 24 hr. at ii5o°C. and were reduced 
90 per cent in forging. To study the expan- 
sion characteristics, a dilatometer -was 


Experimental Eesults 

Most of the alloys studied showed 
higher coefficients of expansion after 2 and 



used similar to that described by Walters 
and Gensamer .2 The specimens (i in. long 
and in. in diameter) were sealed in 
evacuated Pyrex tubes before being placed 
in the furnace, in which they were held 
first for 2 months and then for an additional 
7 months. 

The filings for the X-ray studies were 
passed through a 250-mesh sieve and 
sealed in Pyrex tubes. No alpha was 
detected in three alloys which were exam- 
ined after filing, but before holding at 
temperature. However, to ensure that the 
alloys were completely in the gamma state, 
the filings were heated to poo^C. before 
holding at temperature. 


9 months at 480° C. than they did initially 
(Table 2), though in some cases the change 
in coefficient was less than the experi- 
mental error (±0.06 X 10"®). That this 
increase in the coefficient of expansion is 
due to the formation of alpha is shown by 
the fact that the alloys were from 0.03 
to 0.19 per cent shorter after heating in 
the dilatometer to 1000° C. than they were 
initially. Part of the decrease in length 
occurred in the temperature range of the 
alpha to gamma transformation for alloys 
of the same nickel content but without 
cobalt (500° to 6oo°C). However, part of 
the shortening took place at a much higher 
temperature, 800® to iooo®C. The be- 
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havior of a typical alloy (Xo. 26) is shown 
in Fig. I, which gives two heating curv^es, 
the first after the 9 months holding at 
480° C. and the second after heating to 
iooo°C. The coefficient of expansion has 
been somewhat lowered by heating to 
iooo°C., but it is not as low as it was 
before holding at 48o®C. 

X-ray examination showed the (no) line 
due to the alpha phase. This line was faint 
but in most cases measurable, though not 
with great precision. The values of the 
lattice parameter w’ere close to that of iron, 
as might be expected from the precipitation 
of a nickel ferrite or of a cobalt ferrite. 

Alloys 13, 19, 21, 26 and 30 showed the 
presence of ferrite after about 2 months 
at 360°, 425°, 480® and 540^0., as did 
alloys 20, 28, 33, 34, 35, 39, 41 and 42, 
w’hich were held at 425°C. only. 

Discussion of Results 

Though very little is known of the ter- 
nary system, iron-nickel-cobalt, it should 
be possible to predict something of the 
behavior of the iron comer from what is 
known of the binary systems iron-nickel 
and iron-cobalt. The effect of nickel on 
iron is to stabilize austenite, to lower the 
transformation temperature and the rate of 
transformation. Cobalt, on the other hand, 
acts to stabilize ferrite and to raise the 
transformation temperature, but it has very 
little effect on the transformation rate. 
Recent work®*^*^ has confirmed the opinion 
which many have long held that the gamma 
phase of iron-nickel alloys is unstable, much 
beyond the nickel content at which alpha 
is no longer formed even at slow rates of 
cooling. Hence it is not unexpected that 
the low-expansion alloys should be im- 
stable. They contain scarcely enough nickel 
to depress the gamma to alpha transforma- 
tion to room temperature in the alloys that 
contain only iron and nickel (24 to 30 per 
cent) and their cobalt content (up to 18 per 
cent) neither stabilizes gamma nor slows 
down the rate of transformation. 


It is difficult to estimate from the expan- 
sion curv^es the amount of alpha that has 
been formed by holding the low-expansion 
alloys at temperature. It is likely that 
10 to 20 per cent of the aUoy has been 
transformed to alpha. This guess is based 
on the decrease in length on heating to 
1000° C. and on the changes in the coeffi- 
cient of expansion and of the inflection 
temperature. 

The decrease in the coefficient of expan- 
sion of alloy 41 is probably due to the 
precipitation of part of the 4.9 per cent Cu 
it contained, since copper in solution has 
the effect of raising the coefficient of 
expansion. The decreases in coefficient of 
expansion shown by alloys 30, 33 and 34 
are not so easy to explain. It seems likely 
that if the gamma changes its nickel and 
cobalt content when alpha is formed, the 
relations among the three alloying elements 
may change in such a way that the net 
coefficient of expansion is lower in spite 
of the presence of some alpha, which 
would tend to raise it. 

Summary 

It has been shown experimentally that 
low-expansion iron-nickel-cobalt alloys are 
unstable in the temperature range 360° to 
54o°C., that they partially transform to 
alpha with an increase in length and gener- 
ally with an increase in the coefficient of 
expansion. 

It may be concluded that these alloys 
are unsuitable for applications that require 
long exposures to temperatures of 360° 
to 54o°C. 
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DISCUSSION 

(Cyril Wells presiding) 

S. Epstein,* Bethlehem, Pa. — In view of the 
authors’ statement that cobalt neither stabil- 
izes gamma nor slows down the rate of trans- 
formation, it w^ould be of interest to know the 
effect of chromium. This element is like cobalt 
in not stabilizing gamma but it might have a 
beneficial effect in slowing down the rate of 
transformation. Nitrogen is known to have a 

* Research and Development Department, 
Bethlehem Steel Co. 


ver\' powerful effect in stabilizing gamma and 
some way might perhaps be found for incor- 
porating enough of it to make these alloys more 
stable. 

I. R. Kramer (author’s reply). — Although 
chromium might serve to decrease the gamma 
decomposition, it has been shown to increase 
the mean coefiScient of expansion markedly and 
any advantage gained would be counteracted. 
The influence of nitrogen might prove to be 
interesting, though its solubility in nickel and 
cobalt is ver\’ low. 



Effects of Eight Complex Deoxidizers on Some 0.40 Per Cent 
Carbon Forging Steels 


By Geoege F. Comstock,* Member A.I.M.E. 

(New York Meeting, February 1942) 


It has been reported recently^ that the 
hardenability and toughness of forging 
steels may be improved appreciably by the 
use of complex deoxidizers containing 
titanium, aluminum, and vanadium. In the 
light of these results, an investigation of 
similar deoxidizers containing various hard- 
ening and grain-refining elements was 
proposed. These deoxidizers included three 
manganese-silicon-aluminum-titanium al- 


steels, which were melted in a small basic- 
lined induction furnace and cast in the form 
of 17-lb. ingots about 2.75 in. square. The 
basic charge for each heat was 10 lb. Annco 
iron and 6 lb. of clean low-carbon sheet- 
steel scrap. When melted, this charge was 
deoxidized wdth 15 grams of ferrosilicon, 
then about 500 grams of pig iron was 
added to give the desired carbon content. 
After the pig iron was dissolved, nickel 


Table i . — Compositions of Deoxidizers Used 


Approadmate Composition, Per Cent 


Designation 

Ti 

A 1 

Zr 

V 

Mo 

B 

Ca 

Mn 

Si 

C 

Balance 

(Fe) 

Mn-Si-Ti No. i 

20- 

13-7 






24.6 

27.6 

i.o 

13.1 

Mn-Si-Ti No. 3 

18. 

14. 




1 . 5 


24. 

27. 

0.75 

14-75 

Mn-Si-Ti No. 4 

9. 

ir . 




1-5 

i-S 

14. 

20. 

1.2 

41.8 

Fe-V-Ti 

IS-S 

9. 


25 





4 - 


46.5 

Fe-Zr-Ti 

22. 

21. 

5.4 



0.13 



3 - 


48-47 

Fe-Mo-Ti 

19.7 

15.8 



36.6 




9-5 


18.4 

Pe-Al-Zr 


243 1 

35-6 






4.8 


35-3 

Ferroboron 


0.77 



i 

18.4 



0.64 

0.39 

79.8 


loys with and without boron and calcium, 
three titanium-aluminum ferroalloys with 
vanadium, molybdenum and zirconium, 
respectively, an aluminum-zirconium ferro- 
alloy, and plain ferroboron. Their approxi- 
mate compositions are given in Table i, 
and the results obtained so far in the in- 
vestigation of their effects on steel are 
presented in the later parts of this paper. 

Method of Using Deoxidizers 

The deoxidizers listed in Table i were 
used in three series of 0.40 per cent carbon 

Maniiscript received at the office of the Institute 
Sept. 19, 1941. Issued as T.P. 1417 in Metals Tech- 
nology, January 1942. 

* Metallurgist, Titanium Alloy Manufacturing 
Co., Niagara Falls, N. Y. 

1 J. Strauss: Metals and Alloys (June 1940) ri, 174. 


shot and high-carbon ferrochromium were 
added if required, and additions of So per 
cent high-carbon ferromanganese and 50 
per cent ferrosilicon were made to provide 
the proper amounts of those elements. 
Aluminum was added to every heat 2 min. 
after the silicon, for grain-size control and 
preliminary deoxidation. One minute later 
the special deoxidizer was added to the 
clean bare surface of the molten steel, and 
2 min. afterward the steel was poured into 
the ingot mold, using a hot-top and pipe- 
preventing compoimd after pouring to 
decrease the depth of the shrinkage cavity. 

The special deoxidizers were used mostly 
in the form of about 3^ to J^-in. lumps, 
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which were thrown into the molten steel so 
as to be immediately covered, and not 
stirred very much. When the addition 
required was less than 9 grams, however, 
this small amount of special alloy was 
wrapped, together with a portion of the 
regular aluminum addition, in thin, clean 
sheet iron, and added in that form. 

Kinds of Steel Tested 

The three kinds of steel used for this 
work were (^) S.A.E. T-1340 (1.8 per cent 
Mn), (B) 1. 1 5 per cent Mn steel, and (C) 


was larger than those of the No. i and Xo. 3 
alloys in the first and second ingots, merely 
because the Xo. 4 alloy was lower in tita- 
nium and aluminum, the intention being to 
have the total titanium and aluminum 
additions about equal. The additions of 
the vanadium and molybdenum alloys were 
slightly smaller, so as to agree with general 
practice as reported by commercial users of 
similar alloys. The ferroboron additions to 
the Nos. 8 and 9 ingots were designed to 
give about the same boron content, and 
about three times this content, respectively^ 


Table 2. — Deoxidation mid Composition of the Steels Used 


Ingot 

No. 

Aluminum 

Added. 

Lb. p^er 

Net Ton 

special Deoxidizer 

Chemical Analysis, Per Cent 

Designation 

Lb. per Net Ton 


Mn 

Si 

Ti 

B 

A- 1 

0.7S 

Mn-Si-Ti No. i 

4.0 

0.41 

1.84 

0.27 



A-2 

0.75 

Mn-Si-Ti No. 3 

4.0 

0.40 

I.7S 

0.27 

0.030 

0.00s 

A -3 

0.75 

Mn-Si-Ti No. 4 

6.25 

0.40 

1.82 

0.26 

0.022 

0.007 

A -4 

0.7S 

Fe-V-Ti 

3.0 

0.40 

1.79 

0.14 



A-6 

I.O 

Fe-Mo-Ti 

3.0 

0.40 

1.80 

0.24 



A-? 

0.75 

Fe-Al-Zr 

4.0 

0.40 

1.87 

0.26 



B-i 

I.O 

Mn-Si-Ti No. i 

4.0 

0.40 

1. 10 

0.2s 

0.030 


B-2 

I.o 

Mn-Si-Ti No. 3 

4.0 

0.41 

1. 19 

0.26 

0.018 

0.001 

B -3 

I.O 

Mn-Si-Ti No. 4 

6.25 

0.40 


0.26 

0.024 

0.004 

B.4 

I.o 

Fe-V-Ti 

3.0 

0.40 

■83 

0.32 

0.036 


B-S 

0.87s 

Fe-Zr-Ti 

3-5 

0.40 

■8SI 

0.27 

0.032 

Trace® 

B-6 

I.o 

Fe-Mo-Ti 

3.0 

0.40 

■83 

0.28 



B -7 

0.87s 

Fe-Al-Zr 

4.0 

0.30 


0.24 



B-8 

1.62s 

Ferroboron 

0.5 

0.40 

1.14 

0.31 


0.007 

B -9 

1.62s 

Ferroboron 

2.2s 

0.41 

1. 12 

0.31 


0.018 

C-i 

I.o 

Mn-Si-Ti No. i 

4.0 

0.39 

0.50 

0.24 

0.028 


C-2 

I.o 

Mn-Si-Ti No. 3 

4.0 

0.40 

o.s6 

0.2s 

0.024 

0.002 

C -3 

I.o 

Mn-Si-Ti No. 4 

6.25 

0.41 

0.54 

0.27 

0.028 i 

0.004 

G “4 

I.o 

Fe-V-Ti 

3.0 

0.39 

0.49 

0.23 

0.032 


C-S 

0.87s 

Fe-Zr-Ti 

3-5 

0.40 

0.54 

0.25 

0.027 1 

Trace® 

C-6 

I.o 

Fe-Mo-Ti 

3.0 

0.38 

0.49 

0.24 



C -7 

0.87s 

Fe-Al-Zr 

4.0 

0.39 

0.30 

0.26 



C-8 

1.62s 

Ferroboron 

0.5 

0.39 

O.SS 

0.2s 


0.003 

C-9 

1.62s 

Ferroboron 

2.2s 

0.40 

0.S2 

0.29 


O.OII 


® Less than o.ooi per cent as estimated with the spectrograph. 


S.A.E. 3240 (1.8 per cent Ni and i per 
cent Cr). The carbon contents varied 
between 0.38 and 0.41 per cent, and the 
phosphorus and sulphur contents were 
below 0.04 per cent. The analyses and 
deoxidation treatments of the individual 
ingots are reported in Table 2. In each 
series the ingot numbers correspond in the 
same way to the deoxidation treatments. 

In explanation of the amounts listed in 
the fourth column of Table 2, it might be 
noted that the addition of manganese- 
silicon-titanium No. 4 in the No. 3 ingots 


as was derived from the manganese-silicon- 
titanium alloys 3 and 4. The aluminum 
addition was increased with the ferroboron, 
to make up for the virtual absence of 
aluminum in that aUoy. 

Method op Testing Steels 

The ingots were aH rolled to %-in. rounds, 
and the bars were normalized before further 
treatment. The normalizing temperature 
was i6oo°F. for series A, and i65o°F. for 
the others. Tensile and Izod impact speci- 
mens were rough-machined, hardened and 
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tempered before j&nal machining or grind- to one thousandth of the tensile strength, 
ing. Hardness tests were also made on and dividing the sum by five. Tensile-test 
many of the test specimens, and the grain specimens that broke at the shoulder were 
sizes were determined at several tempera- rejected, and such tests were repeated. All 



Distance from quenched end, inches 


Fig. I. — Hardness distribution along sides of end-quenched specimens of series 

A STEELS containing O.40 TO 0.4I PER CENT CARBON, 1. 75 TO 1. 87 PER CENT MANGANESE AND 
0.14 TO 0.27 PER CENT SILICON. 

Special Deoxidizer Added 
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slightly superior in merit value to the 
others, but this did not hold for the nickel- 
chromium steels. The No, 7 zirconium- 
treated steels displayed noticeably good 
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denum, and zirconium-bearing alloys giving 
comparatively uninteresting results. In the 
nickel-chromium series, however, steels 
C-6 and C-7, treated with molybdenum or 



Fig. 2. — Hardness distribution along sides of end-quenched specimens of series 

B STEELS containing O.39 TO 0.4I PER CENT CARBON, I.IO TO I.I9 PER CENT MANGANESE, AND 
0.24 TO 0.32 PER CENT SILICON. 

Special Deoxidizer Added 


Steel No. 

Designation 

Special Characteristics 

Lb. per Net Ton 

I (T-i) 

Mn-Si-Ti No. i 

20 % Ti, no B 

4.0 

2 (T- 3 ) 

Mn-Si-Ti No. 3 

18 % Ti, i.s % B 

4.0 

3 (T- 4 ) 

Mn-Si-Ti No. 4 

9 % Ti, I.s % B 

6.25 

4 (V) 

Fe-V-Ti 

IS-S % Ti, 25 % V 

3.0 

5 hr ) 

Fe-Zr-Ti 

22 % Ti, 5.4 % Zr, 0.13 % B 

3 -.*; 

6 (Mo) 

Fe-Mo-Ti 

19.7 % Ti, 36.6 % Mo 

3.0 

7 hr ) 

Fe-Al-Zr 

No Ti, 35.6 "c Zr 

4.0 

8 (Fe B) 

Ferroboron 

No Ti, 18.4 Si B 

O.s 

9 (Pe B) 

Ferroboron 

No Ti, 18.4 % B 1 

1 

2.25 


ductility. The steels treated with ferroboron 
were not outstanding in this condition of 
heat-treatment, having comparatively low 
yield points. 

Table 4, giving tensile results after 
quenching in oil and drawing at 450®?., 
shows that the highest merit values in both 
kinds of manganese steel were obtained 
with the manganese-sdicon-titanium alloys 
or with ferroboron, the vanadium, molyb- 


zirconium, exhibited the best combination 
of properties. Steel C-9, with the highest 
boron content, was noticeably deficient in 
ductility. 

The impact results in Table 5 reveal a 
very interesting superiority in toughness in 
the boron-bearing manganese steels 2, 3 and 
8 when drawn at 45o°F. In the nickel- 
chromium series this is less marked, and 
also at higher drawing temperatures the 
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improvement fades out in all the series. 
The molybdenum steel A-6 seems to show 
an improvement in impact values after 
tempering at 750° and goo^F., but in the 


is required to produce a marked improve- 
ment in hardenability. The vanadium 
steels, No. 4, showed generally somewhat 
greater hardenability than those treated 



Fig 3. — Hardness distribution along sides op end-quenched specimens op series 

C STEELS CONTAINING 0.38 TO O-41 PER CENT CARBON, O.49 TO 0.56 PER CENT MANG.mESE, O.23 TO 
0.29 PER CENT SILICON, ABOUT 1,8 PER CENT NICKEL, AND ABOUT I PER CENT CHROMIUM. 


Special Deoxidizer Added 


Steel No. 

Designation 

Special Characteristics 

Lb. per Net Ton 

I (T-i) 

Mn-Si-Ti No. r 

20 % Ti, no B 

4.0 

2 T- 3 ) 

Mn-Si-Ti No. 3 

18 % Ti, 1.5 % B 

4.0 

3 (T- 4 ) 

Mn-Si-Ti No. 4 

9 % Ti, i.s % B 

6.25 


Fe-V-Ti 

15-5 % Ti, 25 % V 

3.0 

5 (Zr) 

Pe-Zr-Ti 

22 % Ti, 5.4 % Zr, 0.13 % B 

3-5 

6 (Mo) 

Pe-Mo-Ti 

19.7 % Ti. 36.6 % Mo 

3-0 

7 (Zr) 

Pe-Al-Zr 

No Ti, 35.6 % Zr 

4.0 

8 (Pe B) 

Perroboron 

No Ti, 18.4 % B 

0.5 

9 (Fe B) 

Ferroboron 

No Ti, 18.4 % B 

2.25 


B and C series the molybdenum steels, as 
well as the high-boron steels, were generally 
inferior in impact resistance. 

The hardenability results as plotted in 
Figs. I, 2 and 3 are consistent in demon- 
strating marked superiority in this respect 
for the boron-bearing steels, except for 
steels B-2 and C-g. The analysis of B-2, 
however, shows comparatively low titanium 
and boron, indicating that the recovery of 
the special deoxidizer was poor in this ingot. 
Evidently more than 0.001 per cent boron 


with molybdenum or zirconium, but were 
decidedly outclassed in this respect by the 
steels containing boron. 

The mechanical tests in general demon- 
strate that the boron-bearing alloys had 
better effects on the manganese steels than 
on the nickel-chromium steels. In the A 
and B series, steel No. 3 treated with 
manganese-silicon-titanium alloy No. 4 
gave the highest merit value in tension in 
both conditions of heat-treatment (except 
for A-i, water-quenched), and was about 
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equal to the steels treated with ferroboron 
and above the others in hardenability and 
resistance to impact. Steel A-2, treated 
with the other boron-bearing manganese- 


both merit value and impact resistance 
after oil quenching. Thus the boron-bearing 
manganese-silicon-titanium alloys produced 
about as favorable a combination of general 


Table 3. — Tensile and Hardness Tests of W ater-qiienahed and Drawn Specimens 


Ingot No. 

Special 

Deoxidizer 

Lb. per Sq.. In. 

Per Cent 

Merit 

Value 

! 

Brinell 

Hardness 

Number 

i 

Yield 

Point 

1 Tensile 

1 Strength 

! 1 

Elongation 
in 2 In. 

Reduction 

1 of Area 


1.8 Per Cent Mn Steels, Ql-enched from isso'F., 

Dra\\’N at 900®F. 


A- 1 

Mn-Si-Ti No. i 

147,000 

156,600 

17.0 

S 8.8 

IOI.9 , 

321 

A- 2 

Mn-Si-Ti No. 3 

146,000 

157,500 

16 . 5 i 

51.8 

93.7 1 

321 

A -3 

Mn-Si-Ti No. 4 

137,800 

150,900 

18.0 

56.9 

98.5 ! 

321 

A -4 

Fe-V-Ti 

152,900 

160,500 

17.0 

52.8 

95.5 

331 

A-6 

Fe-Mo-Ti 

156,900 

165,000 

16.5 

[ 52 . 5 

96.0 

341 

A-? 

Fe-Al-Zr 

144,400 

154,200 

17.5 

, 55.9 

1 

97.9 

1 

321 

I. IS Per Cent Mn Steels, Quenched from i5SO®F., 

Drawn 9oo®F. 


B-i 

Mn-Si-Ti No. i 

127,000 

138,000 

19.0 

1 

5S.2 

97.4 

28s 

B-2 

Mn-Si-Ti No. 3 

129,500 

141,000 

19.5 

57.8 

97.6 

302 


Mn-Si-Ti No. 4 

128,000 

139,800 

19.0 

S 8.6 

98.3 

285 

B -4 

Fe-V-Ti 

143,500 

151,600 

16.5 

54-5 

96.5 

321 

5 -s 

Fe-Zr-Ti 

129,000 

140,800 

17.0 

SS-O 

94.2 

293 

B-6 

Fe-Mo-Ti 

135.000 

147,000 

17. 5 

55-0 

95-4 

302 

B -7 

Fe-Al-Zr 

127,000 

139.500 

19.0 

58.4 

98.0 

285 

B-8 

Fe-B (low) 

126,000 

141,000 

18 . 5 

56.9 

96- 5 

28s 

B -9 

Fe-B (high.) 

124,000 

139.300 

18 . 5 

54-5 

93.3 

28s 


Ni-Cr Steels, Quenched from i500®F., Drawn at 9so®P. 


C-1 

Mn-Si-Ti No. i 

154.SOO 

162,300 


(cracked) 


321 

C-2 

Mn-Si-Ti No. 3 

153,000 

161.800 

16.0 

SI . 4 

94- 0 

331 

C -3 

Mn-Si-Ti No. 4 

152,000 

161,800 

16 . 5 

SI . 6 

94.3 

341 

C -4 

Fe-V-Ti 

163,500 

170,000 

15.5 

SO. 4 

94. 5 

352 

C -5 

Fe-Zr-Ti 

156,500 

163,700 

16 . 5 

52.8 

96. r 

341 

C-6 

Fe-Mo-Ti 

161,000 

168.000 

15-5 

50.4 

94-1 

341 

C -7 

Fe-Al-Zr 

149,500 

159.000 

17-5 

SS -5 

98.4 

331 

C-8 

Fe-B (low) 

146,000 

157,600 

16 . 5 

50.2 

91.8 

321 

C -9 

Fe-B (high) 

144,500 

156,500 

16.5 

53.3 

95-3 

321 


silicon-titanium alloy, was similarly supe- 
rior, but B-2, as already noted, suffered 
from poor recovery of the special deoxidizer 
addition and was too low in boron. 

In the nickel-chromium series, both the 
steels treated with boron-bearing manga- 
nese-silicon-titanium showed the highest 
hardenability, and were approximately 
equal to most of the other steels in tensile 
and impact properties. The zirconium- 
treated steel C-7 showed about the best 
merit value of this series in both conditions 
of heat-treatment, but its hardenability 
was low. Steel C-3 showed a good merit 
value after water quenching, but poor after 
oil quenching. The steel treated with the 
larger amount of ferroboron was low in 


mechanical properties in these nickel- 
chromium steels as most of the other 
deoxidizers, including ferroboron, with 
appreciably higher hardenability. 

Microstructures 

The microstructures of many of these 
specimens were investigated to check the 
grain sizes. Estimations of the austenite 
grain size at i55o®F. and at 1750°?. were 
first attempted by simple normalizing of 
small specimens at the respective tempera- 
tures to produce a ferrite network. This 
method served weU for the manganese 
steels but not very well for the nickel- 
chromium steels, since the ferrite network 
in the latter was very poorly developed. 
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Holding the nickel-chromium steels at 
various temperatures between 1300° and 
i35o°F. during cooling from i75o®F. was 
tried, without much better success. The 


ferroboron does not, this difference was 
compensated for, in the treatment of the 
steels, by a larger use of shot aluminum 
with the ferroboron as reported in Table 2. 


Table 4. — Tensile Tests of Oil-quenched and Drawn Specimens 



[ 

Special 

Deoxidizer 

Lb. per Sq. In. 

Per Cent 


Ingot No. 

Yield 

Point 

Tensile 

Strength 

Elongation 
in 2 In. 

Reduction 
of Area 

Value 


1.8 Per Cent Mn Steels, Quenched from isso®F.. Drawn at 4S0®P. 


A- 1 

Mn-Si-Ti No. i 

246,000 

262,000 


38.1 

98.1 

A-2 

Mn-Si-Ti No. 3 

250,000 

289.000 

8.5 

33.7 

98.2 

A -3 

Mn-Si-Ti No. 4 

225,000 

264,000 

10. 0 

38.9 

99 . 5 

A -4 

Pe-V-Ti 

234,000 

254.000 

9.0 

39.1 

97.7 

A.6 

Pe-Mo-Ti 

226,000 

249,000 

6.5 

20.2 

74.0 

A -7 

Pe-Al-Zr 

212,000 

262,000 

ro.o 

35.0 

94-4 


1. 15 Per Cent Mn Steels, Qltenched from 1550®?., Drawn at 4So®P. 


B-i 

Mn-Si-Ti No. i 

121,200 

152.350 

10. 0 

45.7 

85 . 3 

3-2 

Mn-Si-Ti No. 3 

146,700 

21S.350 

9.5 

35.4 

85.6 

B -3 

Mn-Si-Ti No. 4 

200,000 

269,000 

12. 5 

42 . 5 

104.8 

B -4 

Fe-V-Ti 

130,000 

207,500 

9.5 

30.9 

78.6 

B -5 

Pe-Zr-Ti 

105,250 

144.IS0 

II. 5 

41.2 

77.7 

B-6 

Fe-Mo-Ti 

121,600 

152,300 

12.0 

34.6 

72.0 

B .7 

Fe-Al-Zr 

130,900 

176,700 

3.5 

29.6 

70.9 

B-8 

Fe-B (low) 

161,900 

266,000 

9.3 

34.7 

94.8 

B -9 

Fe-B (high) 

212,700 

264,200 

9.5 

36.2 

96.3 


Ni-Cr Steels, Quenched from isoo®F., Drawn at 47 S°F- 


Oi 

Mn-Si-Ti No. i 

212,000 

247,000 

10.8 

40.9 

98.4 

C-2 

Mn-Si-Ti No. 3 

237,000 

262.000 

10.3 

37.2 

97.0 

c -3 

Mn-Si-Ti No. 4 

217,000 

262,500 

10.3 

37.3 

97.3 

C-4 

Pe-V-Ti 

230,000 

265,000 

11 . 5 

37.4 

97.9 

£-5 

Fe-Zr-Ti 

223,000 

263,500 

9.8 

33.3 

92.6 

C-6 

Fe-Mo-Ti 

232,500 

264,000 

II. 5 

42.7 

104.0 

C -7 

Pe-Al-Zr 

228,500 

261,000 

12.5 

42.1 

102.7 

C-8 

Pe-B (low) 

206,500 

252,300 j 

10.5 

40.5 

99. 1 

C -9 

Fe-B (high) 

205,800 

258.500 

9.5 

32.1 

90.2 


martensite grains could not be developed 
clearly in these steels after quenching with 
or without tempering, and finally the 
McQuaid-Ehn carburizing procedure at 
i 725°F- was resorted to. Some illustrations 
of representative grain sizes developed by 
these methods are presented in the form of 
photomicrographs (Figs. 4 to 13) and the 
results of the grain-size estimations are 
given in Table 6. 

Table 6 and the photomicrographs show 
definitely that the treatment with ferro- 
boron produced coarser-grained steel than 
treatment with the vanadium, zirconium, 
or manganese-silicon-titanium alloys. Al- 
though the latter contain aluminum and 


Thus the coarser grain size when ferroboron 
was used seems to be due to the boron, 
rather than to less aluminxim. The tendency 
of boron to coarsen the grain is in evidence 
to a slight degree in ingots A-3 and B-3 
where the boron was added in the form of 
manganese-silicon-titanium alloy No. 4, 
but not in ingot C-3, for which the same 
alloy was used in the nickel-chromium 
series. In general, it appears that boron 
can be added in that form or as manganese- 
silicon- titanium alloy No. 3, to improve the 
mechanical properties after hardening and 
drawing at low temperatures, as well as the 
hardenability, without appreciable loss of 
the fine-grain characteristics imparted by 
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almninum as happens when plain ferro- 
boron is used. 

Trial oe One Alloy in Large Ingot 

The manganese-silicon-titanium No. 3 
alloy was tried in a large^ ingot, weighing 


poured from a heat deoxidized normally 
with aluminum to produce fine-grained 
steel. The ingots were rolled to 
rounds, and the bars of that size were 
normalized at i6oo®F. The test specimens 
were rough-machined, quenched in oil 


Table 5. — Impact and Hardness Tests of OU-qiienched^- and Drawn Specimens 


Ingot 

Special 

Izod 

Rock- 

Izod 

Rock- i 

Izod 

1 

Rock- j 

Izod 

Rock- 

No. 

Deoxidizer 

Value 

well C 

Value 

well C 1 

Value 

well C 

Value ! 

well C 


1.8 Per Cent Mn Steels, Ql*enched from isso®P. 


Drawn at 

450 ®F. 

6oo®F. 

750 ®F. 

900 

“F.“ 

A-i 

Mn-Si-Ti No. i 

8.3 

49.9 





36.3 

32-5 

A-2 

Mn-Si-Ti No. 3 

12.3 

SO . 3 

S-O 

47. S 

5.0 

42. s 

1 

31.0 

A -3 

Mn-Si-Ti No. 4 

13.3 

50.0 

6.3 

46.8 

7-0 

41.3 

34.7 

31. S 

A -4 

Fe-V-Ti 

6.7 

49-5 

3-7 

47-3 

5-3 

41 S 


34.5 

A-6 

Fe-Mo-Ti 

5-7 

SO. 5 

4.0 

46. S 

10. 0 

42.3 

40.7 

3 S .0 

A -7 

Fe-Al-Zr 

7.3 

48.9 






32.0 


I. IS Per Cent Mn Steels, Qltenched from i5so°F. 


Drawn at 

4 S 0 °F. 

6oo°F. 

750 °F. 

900®F. 

B-i 

Mn-Si-Ti No. i 

12.7 

43.0 

9.3 

39-0 

34.7 

37.7 

51.3 

29.5 

B -2 

Mn-Si-Ti No. 3 

14.3 

SO.o 

8.7 

46.5 

27.3 

38.7 

56.3 

30.0 

|-3 

Mn-Si-Ti No. 4 

17.3 

46.0 

14-7 

47.0 

24.0 

40.0 

49-3 

31.2 

B -4 

Fe-V-Ti 

II. 7 

49-7 

9.0 

46.5 

18.7 

39-5 

41.3 

32.7 

B-S 

Fe-Zr-Ti 

10.7 

49.0 

S -3 

45.2 

25.0 

37.0 

50.3 

29.0 

B-6 

Fe-Mo-Ti 

10. 0 

4 S • 5 

8.3 

45.7 

20.0 

39.7 

48.3 

30.5 

B -7 

Fe-Al-Zr 

10. 0 

42.7 

6.3 

4 S -0 

22.3 

37-5 

50-7 

28. 2 

B-8 

Fe-B (low) 

18.0 

48.7 

15-3 

47-0 

20.0 

39.0 

52.7 

30.7 

B -9 

Fe-B (high) 

13.3 

44-7 

14.0 

46.7 

15.7 

39.0 

45-0 

30.7 


Ni-Cr Steels, Quenched from isoo®F. 


Drawn at 

475 “F. 

6so®F. 

8oo®F. 

9 S 0 ®F. 

C-i 

Mn-Si-Ti No. i 

14.0 

49.0 

13.7 

46.2 

20.3 

40-7 

37.0 

34-0 

C-2 

Mn-Si-Ti No. 3 

16.7 

46.5 

14.7 

47.0 

22.3 

41.7 

35-7 

34.3 

C -3 

Mn-Si-Ti No. 4 

15.0 

46.7 

15-0 

46.7 

20.7 

41.7 

35-3 

35-2 

C -4 

Fe-V-Ti 

16.3 

49-7 

13-3 

47-0 

20.7 

41.7 

31.0 

36.7 


Fe-Zr-Ti 

15.0 

49.5 

17.0 

43-2 

22.0 

41-5 

35-7 

35-0 

C-6 

Fe-Mo-Ti 

12.0 

46.7 

II. 7 

46.7 

12.7 

46.0 

34-0 

36.0 

C -7 

Fe-Al-Zr 

14-3 

45-0 

12,7 

46-7 

21,0 

40.7 

36.7 

34.7 

C-8 

Fe-B (low) 

17.7 

49-0 

14.0 

46.2 

20.0 

41.0 

38.7 

33-7 

C -9 

Fe-B (high) 

14.0 

49.0 

12.3 

46.5 

19-7 

41.0 

29.3 

35.2 


® The specimens of the A series drawn at 900®F. were quenched in water, and the missing results are omitted 
because quenching cracks made their value doubtfiil. Steels A-i and A-7 were not tested after drawing at 600® 
or 750®F. 


several tons, of 0.38 per cent carbon steel 
at a mill in the Pittsburgh district. The 
steel rolled from this ingot was tested, 
along with steel from an untreated ingot of 
the same heat for comparison, at the same 
mill, with the results reported in Table 7. 
Five pounds of the special deoxidizer per ton 
was added to the treated ingot, which was 


from 1500° to iS5o°F., tempered at 450® 
and 9 oo°F., respectively, and ground to 
finished size for testing. 

The properties of the quenched and 
drawn specimens, as reported in Table 7, 
indicate a decidedly increased hardenability 
for the steel treated with the manganese- 
silicon-titanium No. 3, with much greater 
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strengtli and not appreciably lower reduc- 
tion of area for the treated steel in that 
condition of heat-treatment. This agrees 


than in any of the laboratory melts, so 
that a comparison on the basis of ingot 
size alone is not justified. 



Fig. 4. — Steel B-3 treated with manganese-silicon-titanium No. 4, showing grain size 

No. 8. 

Fig. 5. — Steel B-4 treated with ferro-vanadittm-titanium, showing grain size finer than 

No. 8. 

Fig. 6. — ^Steel B-8 treated with smaller amount of ferroboron, showing mixed grain size, 
estimated as 60 PER CENT NO. 5 AND 40 PER CENT No. 7. 

Fig. 7. — ^Steel B-9 treated with larger amount of ferroboron, showing mixed grain size, 
ESTIMATED AS 8o PER CENT No. 4 AND 20 PER CENT No. 7. 

All show specimens of the 1.15 per cent Mn steels normalized at iSSo°F., etched with Nital 
and magnified 100 diameters. 


with the results obtained from the small, 
laboratory-size ingots. The elongations 
after heat-treatment, however, are lower 
for the special deoxidized steel, as would 
be expected in view of the greater hardness 
and much higher yield point. The merit 
values obtained with the large ingots are 
noticeably higher than in the 17-lb. ingots, 
but their manganese contents were lower 


Conclusions 

Specific 

It must be emphasized that the con- 
clusions that appear below were drawn 
chiefly from laboratory work with small 
induction-furnace heats of steel, and 
require more extensive confirmation in 
regular practice than is afforded by the 



GEORGE E. COMSTOCK 


417 



Fig. 8, — Steel C-i treated with manganese-silicon-titanium No. i, gr.acn size No. 7. 
Fig, 9. — Steel C-2 treated with manganese-silicon-titanium No. 3, gr.a.tn size No. 7. 
Fig. 10. — Steel C-3 treated with manganese-siucon-titanium: No. 4, grain size No. 8. 
Fig. II. — Steel C-4 treated with ferro-vanadium-titanium, grain size No. 7 with few 

No, 5. 

Fig. i<2, — Steel C-8 treated with smaller amount of ferroboron, grain size No. 5 to 6. 
Fig. 13. — Steel C-9 treated with larger amount of ferroboron, grain size No. 5. 

All show hypereutectoid zones of nickel-chromium-steel specimens carburized 7.5 hours at 
i 725°F. and slowly cooled, etched with Nital and magnified 100 diameters. 
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single large-scale trial that has been re- 
ported, The results of that trial, however, 
indicate that probably the effects of the 
manganese-silicon-titanium ’ ’ alloys as 
reported here would not be much different 


Table 6. — Austenitic Grain Sizes of Small 
Specimens 


Ingot 

No. 

! 

Special | 

Deoxidizer j 

i 

Normal- 

ized 

iSSO°F. 

Normal- 

ized 

I75o“F. 

Mc- 

Quaid- 

Ehn 

Carbur- 

izing 

Test 

i72S°F. 

1.8 Per Cent Mn Steels 

1 

A- 1 i 

Mn-Si-Ti No. i 


6 


A-2 

Mn-Si-Ti No. 3 

8 

6 


A-3 

Mn-Si-Ti No. 4 

7 

S 


A-4 

Fe-V-Ti 

7-8 

7-8 



1. 1 5 Per Cent Mn Steels 


B-i 

Mn-Si-Ti No. i 

8 

7 

B-2 

Mn-Si-Ti No. 3 

8 

7 

B-3 

Mn-Si-Ti No. 4 

8 

3 (23 %) 
to 6 
(75 %) 

B-4 

Pe-V-Ti 

9 

7 

B-s 

Fe-Zr-Ti 

8 

7 

B-S 

Fe-B (low) 

S (60 %) 
to 7 

(40 Vc) 

4-S 

B-9 

Pe-B (high) 

4 (80 %) 
to 7 
(20 %) 

2-4 


Ni-Cr Steels 


C-r 

Mn-Si-Ti No. i 

1 10 


7 

C-2 

Mn-Si-Ti No. 3 

8 


7 

C-3 

Mn-Si-Ti No. 4 

8 


8 

C-4 

Fe-V-Ti 

8 


7 (few 5) 

c-s 

Fe-Zr-Ti 

10 


7 

C-8 

Fe-B (low) 

7 


5-6 

C-9 

Fe-B (high) 

7 


5 


in commercial practice. The specific con- 
clusions also are based on results from the 
particular quantities of the various addi- 
tions, as reported in Table 2. No claim is 
made that different quantities might not 
give different results; for instance, with 
larger additions of vanadium or molyb- 
denum the hardenability of steels like No. 4 
or No. 6 in each series might very likely be 
higher. With these limitations understood, 
the following statements are offered as a 
summary of the results that have been 
reported: 


I, The treatment of 0.40 per cent carbon 
steel containing about 1.15 per cent 
manganese, or S.A.E. 3240 steel, with ferro- 
boron increased the hardenability, but 


Table 7. — Tensile and Hardness Tests 
of Bars fro7n Large Ingots 


Constituent 

Steel Treated 
with s Lb. 
Mn-Si-Ti No. 3 
per Ton 

Untreated 

Steel 

Chemical Analysis, Per Cent 


Carbon 

0.38 

0.39 

Manganese 

0.75 

0.71 

Phosphorus 

0.014 

0.014 

Sulphur 

0.016 

0.018 

Silicon 

0.20 

0.16 

Aluminum 

0.067 

0.041 

Vanadium 

0.004 

0.007 

Nitrogen 

0.004 

0.005 


Specimens not Quenched 


Property 

As 

Rolled 

Nor- 

malized 

As 

Rolled 

1 Nor- 
malized 

Yield point, lb. per 
sq. in 

53,970 

50,270 

50,180 

56,820 

Tensile strength, 
lb. per sq. in . . . 

92,560 

83,820 

85,870 

85,320 

Elongation, per 
cent 

26.0 

29.0 

26.0 

28.5 

Reduction of area, 
per cent 

52.2 

56.8 

52.2 

54-7 

Bnnell hardness 
number 

179 

166 

170 

163 


Oil-ouenched Specimens 


Drawn at 

4 S 0 °F. 

900°P. 

450 °P. 

9oo®F. 

Yield point, lb. per 
sq. in 

212,300 

120,100 

78,900 

73.700 

Tensile strength. 




lb. per sq. in . . . 

N> 

k 

0 

0 

125,400 

105,600 

103,900 

Elongation, per 




cent 

12.5 

II . 5 

21.5 

24.0 

Reduction of area. 




per cent 

51.0 

65.7 

63.1 

63.3 

Merit value 

no 

103.9 

96.8 

96.7 

Brinell hardness 



number 

444 

241 

217 

1 

207 


tended to coarsen the grain size, giving only 
mediocre tensile properties after quenching 
and drawing at 900° to 95o®F. 

2. Treatment of these steels with com- 
plex titanium-aluminum deoxidizers con- 
taining vanadium or zirconium gave a fine 
grain size, but with comparatively low 
hardenability, and only mediocre tensile 
and impact properties after quenching and 
drawing at about 45o°F. 
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3. Treatment of similar steels with 
“manganese-silicon-titanium” alloys con- 
taining boron (also iron and aluminum) 
gave a fine grain size with practically the 
same hardenability as after ferroboron 
treatment, and excellent tensile and impact 


45 o®F., the molybdenum alloy did not give 
as good tensile and impact properties as 
most of the other additions, but in the 
nickel-chromium steel drawn at 475®F. it 
gave the best combination of strength and 
ductility although with poor impact values. 


Table 8. — Sum7nary of Comparative Effects of Deoxidizers on Some Properties of Treated 

Steels 







Tensile Properties 

1 Impact Re- 
sistance, Oil- 
quenched, 
Drawn 
4SO®-6 so®F. 

Conclu- 

sion 

No. 

De 9 xidi 2 er 

Designation 

Steel 

No. 

Grain 

Size 

Hardenability 

Water- 

quenched, 

Drawn 

90o°-930°F. 

Oil-quenched, 

Drawn 

4S0®-475°F. 

I 

Ferroboron 

8-9 

Coarser 

High. 

Fair 

Good 

Good 

2 

Fe-V-Ti 

4 

Fine 

Moderate 

High strength 

Fair 

! Fair 

2 

Fe-Zr-Ti 

5 

Fine 

Moderate or 
low 

Fan: 

Poor 

1 Fair 

3 

Mn-Si-Ti No. 3 
and No. 4 
(containing 
boron) 

2-3 

Fine 

High 

i 

Good 

Good 

Good 

4 

Fe-Al-Zr 

7 

Fine 

Low I 

High ductility j 

Poor in series B 
steels; good in 
others 

Fair 

S 

Fe-Mo-Ti 

6 


Low 

High strength 

Good in series 
C steels; poor 
in others 

Poor 


Mn-Si-Ti No. 1 
(no boron) 

I 

1 

Fine 

Low 

Series C crack- 
ed; good in 
others 

Pair in series B 
steels; good in 
others 

Pair 


properties after quenching and tempering 
at about 450® or 925°F. Similarly superior 
properties were also found in 1.8 per cent 
Mn steel. 

4. Treatment of these steels with zir- 
conium (together with aluminum but 
without titanium) gave comparatively low 
hardenability, and high ductility after 
quenching and drawing at 900® to 95o®F. 
Zirconium gave excellent tensile properties 
in the oil-quenched nickel-chromium steel, 
and fairly good properties in the 1.8 per 
cent Mn steel, but not in the 1.15 per cent 
Mn steel. 

5. Treatment of these steels with a 
molybdenum-titanium-aluminum ferroalloy 
gave comparatively low hardenability, as 
with zirconium, but increased the strength 
after water quenching. The increase, how- 
ever, was no greater than that derived from 
the vanadium in the No. 4 steels. In the 
manganese steels quenched and drawn at 


The specific conclusions are presented 
somewhat more systematically in Table 8, 
where comparisons can perhaps be more 
readily grasped. 

General 

The following general conclusions seem 
justified from the results reported in this 
paper: 

6. The incorporation of minute amounts 
of boron in fine-grained 0.40 per cent carbon 
steels is surprisingly effective in increasing 
hardenability. 

7. The same small boron additions also 
give good ductility and superior toughness, 
with high strength, after hardening and 
drawing at low temperatures, such as 
450° or 6oo°F. When drawn at higher tem- 
peratures to hardness values below about 
45 Rockwell C, the superiority in toughness 
of steels so treated over steels similarly 
treated, but without boron, disappears. 
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S. The amount of boron that should be 
present in these 0.40 per cent carbon steels 
to secure the advantages in hardenability 
and toughness that have been noted ap- 
pears to be about 0.002 to 0.007 cent. 

9. To secure a superior combination of 
strength and ductility, together with high 
hardenability, in fine-grained steel of this 
nature, it is advantageous to add the boron 
in the form of a complex titanium alloy, 
such as “ manganese-silicon- titanium ” No. 
3 or No. 4, rather than as ferroboron. 
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Influence of Chromium and Molybdenum on Structure, Hardness 
and Decarburization of 0.85 Per Cent Carbon Steel 


By R. F. Miller,* Member A.I.M.E. axb R. F. Cam 3 >bell* 
(Philadelpliia Meeting, October 1941) 


Sixteen steels containing different com- 
binations of chromium and molybdenum, 
in amounts up to 5 per cent of each element, 
were examined for microstructure and 
hardness after air cooling and after furnace 
cooling from suitable austenitizing temper- 


COMPOSITION OF iL^TERLAX 
The chemical composition of the steels 
investigated is given in Table i. The plain 
carbon steel was made in a 25-ton Heroult 
electric-arc furnace, while the alloy steels 
were made in a 4.5-ton Ajax-Northrup elec- 


Table I. — Chemical Composition of Chromiiun-molybdemwi Steels 


Steel 

Per Cent 
Alloy Element, 
Nominal 

Composition, Per Cent 

C 

Mn 

P 

S 

Si 

Cr 

Mo 

A 

0 Cr, 0 Mo 

0.36 

0.39 

0.009 


0.23 



B 

o.s Cr, 0 Mo 

0.37 

0.38 

0.022 

0.022 

0.24 

0.56 


C 

2 Cr, 0 Mo 

0.32 

0.4s 

0.007 

O.OII 

0.28 

1.97 


D 

3-5 Cr, 0 Mo 

0,37 

0.48 

0.007 

0.024 

0.26 

3.61 


E 

0 Cr, 0 . 5 Mo 

0.39 

■RRIH 

O.OII 

0.007 

0.20 


0.55 

F 

0 Cr, 2 Mo 

0.33 


0.010 

0.007 

0.20 


2 . II 

G 

0 Cr, s Mo 

0.32 


0.014 

0.005 

0.27 


S-I5 

H 

0.5 Cr, o.s Mo 

0.32 


0.016 

0.018 

0.30 

0.36 

0.56 

I 

0 . 5 Cr, 2 Mo 

0.33 


0.014 i 

0.007 

0.30 

o.si 

2.01 

J 

0 . 5 Cr, s Mo 

0.34 


0.014 1 

0.004 

0.30 

0.52 

S-02 

K 

2 Cr, o.s Mo 

0.3s 

0.44 

0.010 

0.010 

0.27 

2.02 

0.52 

L 

2 Cr, 2 Mo 

0.36 

0.51 

0.012 

0.003 

0.28 

1.89 1 

2.04 

M 

2 Cr, 5 Mo 

0.41 

0.39 

0.015 

0.005 

0.2s 

1.88 ' 

S-o8 

N 

S Cr, o.s Mo 

0.37 

0.45 

0.021 

0.009 

0.29 

4.48 

O.S 9 

0 

5 Cr, 2 Mo 

0.38 

0.40 

0.008 

0.005 

0.25 

4-50 

2.03 

P 

S Cr, s Mo 

0.27 

0. 27 

O.OII 

i 

0.004 

0.28 

5 - 16 

4.93 


atures. Diagrams summarizing the struc- 
tures and hardness resulting from these two 
cooling rates are presented (Figs. 3, 4, 7).t 
Data were also obtained on the influence 
of these two elements, individually and in 
combination, on the depth of decarburiza- 
tion observed after furnace cooling (Fig. 8), 


Manuscript received at the offlce of the Institute 
Jan. 18, 1941* Issued as T.P. 1345 in Metals Tech- 
nology, September 1941. 

* Research Laboratory, U. S. Steel Corporation, 
Kearny, N. J. 

t Further general information on the subject of 
chromium and molybdenum as alloying elements 
may be found in the publications listed as references 
I and 2 at the end of the paper. 


trie induction furnace. The cast ingots were 
hot-rolled to 1.75-in. bars. 

Air-cooled Series 

The 1.75-in. bars were forged to fiat 
plates, 0.25 in. thick, from which speci- 
mens 0.5 in. wide by 2 in. long were cut. 
The specimens were pretreated to improve 
their homogeneity by heating to i83o°F, 
(iooo°C.) for 20 min. and oil-quench- 
ing. They were then reheated to i74o°F. 
(95o®C.) for one hour and air-cooled, after 
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Fig. 2. — CHROMIUM-MOLYBDENtBI STEELS AIR-COOLED FROM I 740 ®F., AND G, J, M AND P AIR- 
COOLED FROM 2200°F. X 1000 . 
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which they were sectioned midway between 0.35 per cent carbon steel, the following 

the ends, and the microstructure and hard- differences in structure are seen after air 

ness were determined at the center of the cooling (steels A, B, C, D, Fig. i). The 

exposed surface. Steels G, J, M and P (con- structure of the plain carbon steel A con- 



Fig. 3. — Effect of chromtom or molybdenum on hardness of air-cooled 0.35 per cent 

CARBON steel. 


taining 5.0 per cent Mo plus o, 0.5, 2.0 and 
5.0 per cent Cr, respectively) were found to 
contain a large amount of undissolved car- 
bide as cooled from i74o°F. (950^0.). In 
order to determine the temperature at 
which the carbides would dissolve com- 
pletely in austenite within a reasonable 
length of time, and without serious decar- 
burization, small specimens of these four 
steels were heated to i85o°F. (ioio®C.), 
2ooo°F. (io95°C.), and 22oo°F. (1250^0.) 
and brine-quenched. Microexamination dis- 
closed that these steels must be heated to 
22oo°F. (i2os°C.) for hr. to obtain com- 
plete solution of the carbides. This austeni- 
tizing treatment was used for steels G, J, 
M and P in both the air-cooled and the 
furnace-cooled series. 

The microstructures of the 16 steels after 
air cooling are shown in Figs, i and 2. The 
hardness data are listed in Table 2 and 
shown graphically in Figs. 3 and 4. 

When chromium is added in increasing 
amount (0.5, 2.0, and 3.5 per cent) to a 


sists of Widmanstatten ferrite and pearlite, 
but in B (0.5 per cent Cr) the pearlite is 
much finer, there is less ferrite and its dis- 
tribution is a network outlining the former 
austenite grains. Addition of 2.0 per cent 
Cr (steel C) produces a great change from 
the pearlitic condition; the structure is 
now an acicular carbide-ferrite aggregate 
with a small amount of martensite. Fur- 
ther increase of chromium to about 3.5 
per cent (steel D) produces an entirely 
martensitic structure. 

On the other hand, when molybdenum is 
added in increasing amount (0.5, 2.0 and 
5.0 per cent) to a 0.35 per cent carbon steel, 
the following differences in structure are 
seen after air cooling (steels A, E, F, G, 
Figs. I and 2) . Both the plain carbon steel 
A and steel E, containing 0.5 per cent 
Mo, have a Widmanstatten structure of 
ferrite and pearlite, but the structure of E 
is much finer in character with respect to 
both the distribution of ferrite and pearlite 
and the fineness of the pearlite lamellae 
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than the plain carbon steel A or the 0.5 
per cent Cr steel B. The Widmanstatten 
structure becomes a distinctly acicular 
pattern of ferrite and carbide accompanied 
by some martensite in steel F (2.0 per cent 
Mo); this structure is similar to that pro- 
duced by the addition of 2.0 per cent Cr 
(steel C). The structure of steel G (5.0 per 
cent Mo) consists of ferrite and carbides in 
a striated pattern, accompanied by a small 
amount of martensite. 

The type of microstmcture foimd after 
air cooling is related to the effect of chro- 
mium and molybdenum on the austenite 
transformation behavior. Davenport^ has 
published isothermal transformation dia- 
grams (S-curves) for steels A (plain car- 
bon), B (0.5 per cent Cr), C ( 2 per cent Cr), 
E (0.5 per cent Mo), and F (2 per cent Mo). 
These diagrams show that the addition of 
0.5 per cent Mo retards the transformation 
rate of austenite in the higher-temperature 
region (above 1000® F., where pearlite 
forms) more than does 0.5 per cent Cr. This 
explains why the structure of B (0.5 per 
cent Cr) consists of fine pearlite after air 
cooling (Fig. i), while steel E (0.5 per cent 
Mo) has a Widmanstatten structure, which 
forms over a lower-temperature range. The 
addition of 2 per cent of either chromium or 
molybdenum retards the transformation 
rate still further, and during air cooling the 
formation of pearlite is prevented in both 
steel C (2 per cent Cr) and F (2 per cent 
Mo). The diagrams for these steels con- 
taining 2 per cent of either alloying element 
show that during air cooling they both 
transform over approximately the same 
temperature range, and accordingly we find 
an acicular carbide-ferrite aggregate of 
similar appearance and hardness in both 
steels. Isothermal transformation diagrams 
are not available for the other steels in this 
series. 

Summarizing the effect on the structure 
when chromium alone is added (steels A, B, 
C, D) or when molybdenum alone is added 
(steels A, E, Fj G), it can be said that in- 


creasing the chromium content promotes 
the formation of martensite, while increas- 
ing the molybdenum content results in an 
acicular carbide-ferrite aggregate accom- 
panied by some martensite. These particu- 
lar effects are noticeable, but somewhat 
modified, when both chromium and molyb- 
denum are present in var>dng amount. In 
steels containing 0.5 per cent Cr (steels 

B, H, I, J), the addition of molybdenum 
facilitates the formation of an acicular 
carbide-ferrite aggregate in a manner some- 
what similar to that observed when molyb- 
denum is added to a steel containing no 
chromium. On the other hand, in steels 

C, K, L, M and D, N, O, P, bearing 2.0 and 
5.0 per cent Cr, respectively, the influence 
of chromium in for m ing martensite pre- 
dominates and is augmented by the addi- 
tion of molybdenum. 

The influence exerted by chromium in 
promoting martensite formation, and the 
effect of molybdenum in forming structures 
consisting essentially of acicular carbide- 
ferrite aggregates, is reflected in the hard- 
ness of these steels. A comparison of the 
increase in hardness produced by adding 
either chromium alone or molybdenum 
alone is shown in Fig. 3; it appears that 
0.5 per cent Mo is slightly more effective 
than an equal amount of chromium. Ap- 
proximately the same increase of hardness 
results from the addition of about 1.5 per 
cent (interpolated value) of either element, 
while further additions of chromium are 
more effective than equal amoxmts of 
molybdenum. Figs. 4-4 and 4B show, 
respectively, the effect of increasing the 
amount of chromium or molybdenum in 
the presence of o, 0.5, 2.0 and 5.0 per cent 
of the other element. Increasing the amount 
of chromium while the molybdenum con- 
tent remains constant (Fig. 4.4) is more 
effective in raising the hardness than is 
increasing the molybdenum content in the 
presence of a fixed amount of chromium 
(Fig. 4B). This is most apparent in the 
5.0 per cent Cr stilts wh^r^ increasing the 
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molybdenum content has substantially no per cent C) is considerably lower than the 
hardening effect (Fig. 4-S). Steels M and P average. It should also be noted that there 
do not follow the stated trends exactly, but is some delta ferrite in steel P (Fig. 2), 



Ceroi 'OM oC nsN/ns 


probably this is because the carbon con- which may decrease the hardness of this 

tent of steel M (0.41 per cent C) is appre- material. It may, therefore, be stated that 

ciabiy higher than that of the other steels, when both chromium and molybdenum 

while the carbon content of steel P (0.27 are present, chromium is more effective than 
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molybdenum in increasing the hardness of 
a steel that has been air-cooled. 

Furnace-cooled Series 

Specimens 2 in. long were cut from the 
1.75-in. hot-rolled bars and pretreated to 
improve their homogeneity by heating i hr. 
at i83o°F. (iooo°C.) and oil-quenching. 
The specimens were then reheated to 
i74o°F. (95o°C.) for i hr. and furnace- 
cooled at the controlled rate of io°F. (5°C.) 
per hour; except that steels G, J, M and P 
were heated to 22oo°F-. (i2o5®C.) for hr. 
to dissolve the carbides, cooled to i74o®F. 
(95o®C.) at the normal cooling rate of the 
furnace and then cooled to room tempera- 
ture at the controlled rate of io®F. (5®C.) 
per hour. When cold, the specimens were 
sectioned midway between the ends, and 
the microstructure and hardness were de- 
termined on the surface thus exposed, half- 
way from the center to the edge. 

Photomicrographs of the series of fur- 
nace-cooled specimens are shown in Figs. 5 
and 6. The hardness of these steels is listed 
in Table 2, and shown graphically in Figs. 
4C and 4Z?. 

In the steels A, B, C, D, containing no 
molybdenum (Fig. 5), the amoimt of pearl- 


Table 2. — Hardness, Vickers Pyramid 
Number {VJP.N.), with ^o-kilogram Load 


Steel 

Per Cent Alloy 
Element, Nominal 

V.P.N. 

Air- 

cooled 

Series 

V.P.N. 

Furnace- 

cooled 

Series 

A 

0 Cr, 0 Mo 

167 

129 

B 

0 . s Cr, 0 Mo 

220 

142 

C 

2 Cr, 0 Mo 

341 

159 

D 

3.5 Cr, 0 Mo 

S88 

173 

E 

0 Cr, o.s Mo 

254 

IS3 

P 

0 Cr, 2 Mo 

321 

158 

G 

0 Cr, s Mo 

41 1 

177 

H 

o.s Cr, o.s Mo 

274 

150 

I 

0.5 Cr, 2 Mo 

349 

157 

J 

o.s Cr, s Mo 

440 

170 

K 

2 Cr, 0 . s Mo 

406 

18S 

L 

2 Cr, 2 Mo 

461 

182 

M 

2 Cr, s Mo 

679 

187 

N 

S Cr, o.s Mo 

608 

IPS 

0 

S Cr, 2 Mo 

634 

185 

P 

S Cr, s Mo 

S66 

201 


ite increases with increasing chromium 
content from o to 3,5 per cent. The same 
trend is noted in steels E, H, K, X, and 
F, I, L, O (Figs. 5 and 6), which contain 
respective!}" 0.5 per cent and 2.0 per cent 
Mo with increasing amount of chromium 
from o to 5.0 per cent. Steel K is entirely 
pearlitic and steel X is h\"pereutectoid, al- 
though this is somew’hat obscured by the 
tendenc}" of the proeutectoid carbide to 
spheroidize or coalesce. On the other hand, 
the amount of pearlite does not increase with 
increasing molybdenum content, as shown 
by steels A, E, F, G or B, H, I, J, containing 
no chromium and 0.5 per cent Cr, respec- 
tively. A shower precipitate of what may be 
a complex carbide appears in the ferrite of 
the 2.0 and 5.0 per cem Mo steels (F, I, L, 
O and G, J, M, P), and the lamellar distribu- 
tion of the carbides is substantially absent 
in steels P (5.0 per cent Cr, 5.0 per cent Alo) 
and M (2.0 per cent Cr, 5.0 per cent Mo). 

These changes of structure are reflected 
in the changes of hardness shown in Figs. 
4C and 4i7, which are small compared with 
the changes encountered in the air-cooled 
series (Figs, and 4B). The increase in 
amount of pearlite relative to the amount 
of ferrite causes a slight increase of hard- 
ness with increase of chromium; the addi- 
tion of 0.5 per cent Mo increases the 
hardness somewhat, but further additions 
of molybdenum have no appreciable effect. 

Summary Diagram:s 

The structures resulting from air cooling 
or furnace cooling are summarized in Figs. 
7a and 76. In both diagrams, the triangular 
comer bounded by o per cent Cr-o per 
cent Mo, 2 per cent Cr-o per cent Mo and 
o per cent Cr-2 per cent Mo is similar in 
that it contains the basic constituents, 
ferrite and carbide. With the exception of 
this comer, the diagram for air-cooled 
specimens (Fig. *ja) differs from that for 
furnace-cooled specimens (Fig. •jb) in that 
martensite is present in the former and 
not in the latter. It should be noted that 
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Fig. 5.— Chromium-mol'xbdentjm steels egenace-cooled from i74o°F. X 500. 



i.m) P 
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steel P (5 per cent Cr, 5 per cent Mo) in and distinguishable from the material in 

Fig. 7a has some ferrite, which probably the interior of the specimen. The depth 

occurs because its carbon content (0.27 of this decarburized zone was measured 

per cent C) is low enough to place it in a with a o.oi-in. rule without the aid of 

AIR COOLED FURNACE COOLED 




MARTENStTE ACtCULAR WIDMANSTATTEN FERRITE PEARUTE CARBIDES 

CARBIDE- 
FERRITE 

a, h 

Fig. 7. — Summary of structures after .air cooling or furnace cooling. Specimens cooled 
FROM I740°F. (except G, J, M and P cooled from 2200®F.) 


two-phase region of gamma plus delta iron 
at the austenitizing temperature employed. 
These diagrams apply only to the austeni- 
tizing and cooling conditions stated; 
changes in these conditions, if sufficiently 
large, would alter the final microstructure. 
Further information on constitution dia- 
grams for molybdenum-bearing steels has 
been pubKshed by Blanchard, Parke and 
Herzig.^ 

Depth of Decarbueization after 
Furnace Cooling 

The furnace-cooled specimens, 1.75 in. in 
diameter, which had been cut in half 
transversely and polished and etched, were 
examined for decarburization. The decar- 
burized zone in which part or all of the 
carbon had been lost was clearly visible 


a microscope; the results are shown in 
Fig. 8. It is evident that the amount of 
decarburization is decreased by chromium 
but increased by molybdenum, even in the 
presence of chromium. 

It was considered advisable to compare 
the influence of chromium and molyb- 
denum on the degree of scaling of certain 
of these steels, since, if there were consider- 
able differences in scaling behavior due to 
differences in alloy content, the amount of 
metal lost in the form of scale might be so 
variable as to render measurements of the 
decarburized zone unreliable and thus lead 
to wrong conclusions. Steels A, D, G, P, 
having maximum difference in composi- 
tion, were selected for the scaling compari- 
son. After the diameter of the specimens 
had been measured, they were held 17 hr. at 
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i74o°F. (9So°C.) and fumace-cooled to for the scaling measurements; the treat- 
room temperature. The scale was then ments used in each instance are shown in 
pickled off and the diameter of the speci- Table 3. 

mens again measured. The results of these The chromium-bearing steels D and P 



measurements, in terms of the depth of 
metal lost by scaling, are shown in Table 3, 
together with the depth of decarburization 
of these four steels. It is noteworthy that 
the scale was more adherent in the molyb- 
denum than in the chromium steels. Atten- 
tion is also called to the fact that the 
heat-treatments for the decarburization 
measurements were not identical \\dth those 


show very little less scaling after 17 hr. at 
i74o°F. than steels A and G, which have 
no chromium. On the other hand, the 
same steels show wide differences in their 
propensity to decarburize (Table 3 and 
Fig. 8). For example, addition of 3.5 per 
cent Cr to plain carbon steel decreases the 
amount of decarburization about 30 times 
(steels D and A), and addition of 5 per 



Table 3. — Metal Lost by Scaling 



432 


INFLUENCE OE CHROMIUil AND MOLYBDENUM ON CARBON STEEL 


cent Cr to steel containing 5 per cent Mo 
decreases decarburization about 7 times 
(steels P and G). Therefore, it may be 
assumed that the loss of metal by scaling 
has not significantly altered the relative 
amount of decarburization, and that the 
trends of Fig. 8 are unaffected by the 
simultaneous scaling. 

Conclusions 

In the air-cooled steels, addition of more 
than 0.5 per cent Cr changes the pearlitic 
structure of the plain 0.35 per cent carbon 
steel to an acicular carbide-ferrite aggre- 
gate, and further addition of chromium 
promotes the formation of martensite. 
The presence of 0.5 per cent Mo is more 
effective in forming the acicular structure 
and increasing the hardness than the 
presence of 0.5 per cent Cr, but further 
amounts of chromium are more effective 
than molybdenum in forming martensite. 
The first traces of martensite are found in 
steels containing about 2.0 per cent of 
either chromium or molybdenum and with 
this amoimt of alloy their hardness is 
about the same. When both elements are 
present, chromium is more effective than 
the same amount of molybdenum in form- 
ing martensite and increasing the hardness. 

In the furnace-cooled series, the amount 
of proeutectoid ferrite decreases with in- 
creasing chromium content, disappearing 
almost entirely with 3.5 per cent Cr. This 
change is accompanied by a slight increase 
of hardness. The addition of 0.5 per cent 
Mo also causes a slight increase of hard- 
ness, but further additions of molybdenum 
have no appreciable effect. 

The depth of decarburization is de- 
creased by chromium and increased by 
molybdenum even in the presence of 
chromium. 

Acknowledgment 

The authors wish to express their appre- 
ciation to Mr. W. G. Benz for his assist- 
ance in obtaining data. 


References 


I. J. L. Gregg: Alloys of Iron and Molybdenum. 
Alloys of Iron Monograph. New York. io-?2* 
McGraw-HiU Book Co. ^ 


2. E. C. Bain: Functions of the Alloying Elements in 

Steel. Amer. Soc. for Metals, 1939. 

3. E. S. Davenport: Isothermal Transformation in 

Steels. Trans. Amer. Soc. Metals (1939) 24, 
83 7“8S6. 

4. J. R. Blanchard, R. M. Parke and A. J. Herzig: 

Constitution Diagrams for Iron-carbon-molyb- 
denum Alloys. Trans, Amer. Soc. for Metals 
(1&39) 27, 697-718. 


DISCUSSION 
{L. S. Bergen presiding) 

A. B. Bagsar,* Marcus Hook, Pa. — Did the 
authors find any peculiarity in the workability 
of the high-chromium, high-molybdenum steels 
at elevated temperatures? Can the 5 per cent 
chromium, 5 per cent molybdenum steel be 
commercially produced in the form of hot- 
rolled products and forgings? 


M. BAEYERTZjt- Chicago, 111 . — Have the 
authors any data on the oxidation of these 
steels; that is, did they observe differences in 
scaling? 


R. F. IMiller (author’s reply). — As far as 
we know, the high-chromium, high-molybde- 
num steels are not produced commercially, and 
their hot-working characteristics have not been 
determined. 

In reply to Miss Baeyertz: As stated in the 
paper, measurements were made of the depth of 
metal lost in specimens A, D, G and P by 
scaling during 17 hr. at i74o°F. The results of 
these measurements are shown in Table 3. The 
specimen containing 5 per cent molybdenum 
scaled about as much as the plain carbon steel, 
while the addition of 3.5 or 5.0 per cent chro- 
mium decreased the amount of oxidation in 
plain carbon or molybdenum-bearing steel. We 
have recently completed, but not as yet 
released for pubKcation, a series of looo-hr. 
oxidation tests on these materials. The new 
tests were made with equipment that permitted 
periodic measurement of the gain in w^eight of 
the specimens. 


* Metallurgical Division, Sun Oil Co. 
t Camegie-IUinois Steel Corporation. 
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Siliocm ferrite: reciystalHzation: calculation of iso- 
thermal curve from rate of nucleation and 
rate df growth, 26a 

rate of nucleation and rate of growth, 260 


Smith, G. V. and Mehl, R. P.: Lattice Relationships 
in Decomposition of Austenite to Pearlite, 
Bainite, and Martensite, 21 1 
SOLER, G.: Discussion on Evaluation of Factors 
Affecting Iron Oxide in Open-hearth 
Liquid Steel, 86 
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